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ITOIXEIA APXIKHY EKAOXHX

EAAHNIKH MAGHMATIKH ETAIPEIA

OMAAA ZYITPA®HL Apyuponounos Hiias Aibdktwp Mabnpatikwv
E.M.MoANutexveiou, KaBnyntis B/Buias Exnaibeuons

BAdpos Mavayiwtns Aibdktwp Mabnpuatikwy
E.M.MoAutexveiou

Katoouins Mewpylos Mabnuatikés

Mapkdtns Ztudiavos Enikoupos KaBnyntns Topéa
MaBnuatkawv E.M.lMoAutexveiou

Zibepns MoAuxpoévns Mabnuatikos,
t. ZxoAikés XuuBouos

IZTOPIKA THMEIQMATA Bavéouddkns lwavvns Aibdktwp Maveniotnuiou
M. Lomonosov Mdaoxas Iovio lNaveniotiuio
®INOAOTIKH ENIMEAEIA Anpntpiou EAévn
EMIAOIH EIKONQN MNanadonoudou Mnia

EIKONOIrPA®HIH
ZEAIAONOIHZH Ane€onounou Kaitn

ITOIXEIA EMANEKAOXHX

H emavékdoon Tou TTapdvTog BiBAiou TTpayuaToTToinonke
a6 T1o0 IvoTitouTo TexvoAoyiag YTohoyioTwv & Ekdooewv
«AI6QAVTOCY PECW YNPIOKNG PAKETAG, N OTToia dnpIoupyn-
Onke pe xpnuatodotnon amé 1o EXMA / ENN «Exmaideuon
& Aié Biou MdBnaon» / Mpdaén «ZTHPIZQ».

O1 diopBwateig TpayuatotoiiBnkav KatoTiv £ykpiong Tou A.Z. Tou IvoTitoutou Exmmaudeutikig MoAimikng




MPOAOTIOL

H «Evkieioecia F'eawuetpion Exetl Eva o1tto poto va exkmnpaoel. va uonbei o uodntng
oty ovALoYioTIKN THV 0TTola EKPPALEL TO ALETEPATTO AOYIKO-EXAYWYIKO GOGTHUO. TOD
Evrleion ko va avramokpiOel atic a0yypoves EKTALOEVTIKES ETITAYES.

To piflio avto, ovupwvo ue to Toioio ovyypopns mov édsoe to Ilaidaywyiko Ivotitov-
70, evelmiarel 0t1 Ba 0onyNoel Tovg HadnTeS Tov AVKEIOD VO, YYWPIoovY THY QVTTHPH OALG,
Kou Aty paBnuatin yAwooo, elrilovrag ot Bo ovveiopépel oty pabnuatixy moidgio Tov
TOTOV, AVATTOGOOVTAS TO PECLIGIUO THS UOONUATIKIG LOVIKNG K01 OKEWHG.

1o épyo avto eival omoTELETUO. THG GVALOYIKNGS TPOGTAOEING UIOS OUAOS HaONuUOTIKDY,
01 070101 ATOIEYOUEVOL TV TTPOTKANGH Tov A.X. e EAAnvikng MaOnuortikng Etoupeiog
EPYOBOTNKOY GUOTHUOTIKG, Y10, TV TPOYUATOTOINGH TOV.

Oa Oéloue vo evyopratnoovue Oepud: to A.2. e Elnvikns MoOnuartikns Etoipeiog
yio. ) fonbeia mov pog Tpoopepe e OAN TH OLOPKEIN THS TVYYPAPHS TOD EPYOD, TOV
KaOnyntn tov E.M.IloJvteyveiov k. Evyévio Ayyelomovio yia Tig onuavtikes Tov mo-
POTHPHOELS TTH OLOUOPPWTH TOD PIfAIOD Kal TO. UEAN THS ETITPOTHS KPIOHS TOV UE TIG
EDTTOYES TOPATHPHTELS TOVS fonbnooy atny teAikn Lopen owTOD TOL EPYOU.

O1 ovyypapeic



MEPIEXOMENA

({0 V,V\[elWl Avafnoyies 7

7.2
7.3

7.4
7.5
7.6
7.7
7.8
7.9

BIGOYMVYRA ..o e 8
Alaipeon eUBUYPAPHPOU THAPATOS OE V iG0 PEPN ..o 8
MNvépevo euBUypappou THNPATos PE apiBuo -

NAOYOS EUBUYPAPHPWV THNHBATIOV ...t 8
Avanoya euBUypappd THAPATA - AVAAOYIES .......oooooiiiiiiiiiiiiiee 10
MRAKOS EUBUYPAPPOU THAROTOS. ... 11
Alagipgon TUNPAtwV e0WTEPIKA Kal EEWTEPIKA ws Npos Soopévo AdYo .......... 11
OEWPNHA TOU OQNN ... 14
OEWPNHATA TWV SIXOTOUWY TPRIYWVOU. ... 20
ANOAAWMVIOS KUKAOS ... 23

(L. VV.\[oR: W Opoiétnta 31

8.1
8.2

(O] VTo) Lo RR={ULC 1U AV e Yo T U o o) (qY¥ o | (o TR USSP 32

KPITAPIA OPOIOTNTAS ...ttt 33

(L. VV.\[oB-B Metpikés oXEOEIS 43

9.2
9.3
94
9.5
9.6
9.7

OPOES MPOPBOMES ... 44
To MUBAYOPEIO BEWPNHA. ..., 44
TEWUETPIKES KATAOKEUES. ..ot 48
levikeuon tou MuBaydPEIoU BEWPNPATOS. .......covvviiiiiiiiiiieeee e 50
OEWPAPATA AIAPEGWV ... 56
BOGIKOI YEWHETPIKON TOMON ... 57
TEUVOUGES KUKMAOU ..ot 60
MOAUYWVIKA XWPTO ... 70
Epupadov eubuypappou oxnpatos - looduvapa eubUypappa oxnuata.......... 70
EuBadoév Baoikwv eUBUYPAUHWY OXNPATWV. ........oooiiiiiiiiieiiieeieeeeee 71
AAAo! TUNOI YIA TO EURABOV TRIYIVOU ... 77
AOY0s €PBAdDV OPOIWV TPIYWVWVY - MOAUYWVWV.........oooeiiiiieeeiiiieeeeiie, 80
Metaoxnpatopds NOAUYWVOU GE IGOOUVAO TOU............coovvieeiiieiieee, 84

(({ T.VVA\[oRRE Métpnon kUkiAou 89

11.1
11.2
11.3
114
11.5

OPIOPOS KAVOVIKOU MOAUYWVOU ......ocovvviiiiiiiiiceeeiii e 90
[616TNTES KAl OTOIXEIQ KAVOVIKMV MOAUYWDVOV ... 90
Eyypapn Bacikwv Kavovikwv noAuy@vwy o€ KUKAO Kal OTOIXEIa TOUS ........ 95
Mpooéyyion tou phkous tou KUKAOU e Kavovikd noAUywva ..................... 100

MINKOS TOEOU ... 101



11.6  Mpooéyyion tou gpuPfadou kKUkAoU pe KAVOVIKA NOAUYWVA................cc..c....... 103

11.7  EpPadoév kuknikoU topéa Kal KUKAIKOU THAPATOS ........c.oooiiiiiieiieieeeee. 103
11.8  TEPAYWVIOHOS KUKAOU.......iiiiiiiiiiiiiiiiiii e 106
EuBcies ka1 enineba oto xdMpo 115
T2.T  BIOOYOYI .o 116
12.2 H évvoid tou €ninédou Kal 0 KABOPIGHUOS TOU.............ccoiiiiieiiiiiieeeieee 117
12.3  Ixeukés O£0eIS EUBEIDV KAl EMMEOWV .......voiiiiiiiiiiiiiiiicieeee e 119
12.4 Eubsies kal enineda napdAnnAia - Bswpnua tou ©afn.................ccoooee . 123
12.5 Twvia dUo eubelv - OPOOYWVIES EUBEIES. ..o 127
12.6 Andéotaon onpeiou and eningdo -
Andéotaon duo NapAAANAWY ENMINESWV...............cooiiiiiiieiiece e, 132
12.7 Aigbpn ywvia - Avtiotoixn eninedn pias diedpns - Kabeta enineda ............... 135
12.8 T[poPonn onpeiou kal euBeias o€ eninedo -
Fwvia UBEIOS KT EMIMEOOU ........co.oiiiiiiiii e 140
L1EPEG oxnpata 145
13.1  NEPI MOAUESPWOV ..o 146
13.2  OPICHPOS KAl OTOIXEIQ TOU MPIOUATOS. ... 148
13.3  NapaAANAEMINESO = KUPBOS ... .oooviiiiiiiii e 149
13,4 METPNON MPIOHOTOS ...ttt 150
13.5  OpIOPOS KAl OTOIXEID MUPAHIOOAS ... 156
13.6  Kavovikn nupapi®a - TEYPAEOPO .......co.oiiiiiiiiiiii e, 158
13.7  METPNON MUPAPIOAS ..o 158
13.8  Opiopods Kal otoIxeia KOAOUPNS MUPARIOAS ...........ocovviiiiiieiiieee e, 161
13.9 Métpnon kéAoupns I000KEAOUS MUPAMIOAS ..........c...oooiviiiiiiee 161
13.10  ZTEPEA EK NMEPIOTPROMPIS ... 164
13.11 OpIoPOS KAl OTOIXEIA KURIVOPOU .......ooovviiiiiii i 164
13,12 MEPNON KURIVOPOU ......oooiiiiiiiii e 165
13.13 OPICHUOS KAI OTOIXEIQ KUDIVOU ... 167
13,14 METPNON TOU KIVOU ....ooiiiiiiiiiiiiiie et 167
13,15 KOAOUPOS KIOVOS. ...t 169
13.16  OpPIOPOS KAI OTOIXEIA OPAIPAS .....ooieiiiiiiieiiii e 171
13.17 ©éoeis euBgias Kal EMNNEOGOU WS MNPOS CGPAIP........ooviiiiiiiiiiiiiiieieeee 172
1318 METPNON OPUIPAUS ... 173
13.19  KaVOVIKA MOAUEOPA ..o 178
TTAPAPTHIMA B .o 183
YNOAEIZEIZ TON AZKHEIEQN ... e 186
EYPETHPIO OPQIN ..o 199
EYPETHPIO ONOMATON ... 202

BIBAIOTPADIA. ... .o 205






KEOAAAIO 7

ANAANOTIEL

210 Ke@AAO0 aVTO Ba pedetnoovpe apykd to vOVYpappo TURHOTE. G0 EIGAYAYOVUE TV
£vvola Tov A0yov gvBVYPAUUOV TUNUATOV, o’ OOV Bo TPOKVYEL 1) £VVOLa TNG LETPNONG Kot
TOV HETPOL EVOVYPAULOV TUNLOTOC.

2 ovvéxela Bo amoderyBovv o1 faciké TPOTAGELS TOV KEQAANIOV TOL £ivar To Bedpr o Tov
®oln Kot 0 Bedpnuo TV AtYoTOU®Y EVOG TPLYDVOV.

Baagiln Kovtivoxo (Paoog, 1866 - 1944),
«Méoo. ato povpo tetpaywvoy 1923.



EYKANEIAEIA TEQMETPIA

A P1 Pz Pv—l B
M, IV ASR
Mv—l
M, x

r A
a o o a

Vv Qopég

EA] Eicaywyn

Méye0og yevikd Aéyetatl oTIONTOTE EMOEXETAL AOENON M
elattoon. Feopetpika peyédn Aéyovion ta peyédn mov
e€etalovran and ™ ewpetpio. Tétown etvon Ta e0OVYpapLpLaL
TULOTO, Ol YOVIES, TO TOEN, O1 EMPAVEIEG ETTEOWV YN LA-
TV, 01 OYKOL TV OTEPEDV KTA.

210 kePAato avtd Ba acyoinBodpe pe ta arlovotepa ye-
OUETPIKA LEYEDT, TaL EVOVYPOLLLLLO TULOTOL.

Apywcd o drapécovpe doopuévo evBHYpaIO TULO GE V
ioo pépm.

EZ] Aigipeon suBGypappou tphpatos
o€ VvV ica pépn

"‘Eoto éva euBdypappo tumpe AB, 1o omoio BéAovpie vo dwa-

pécovpe oe v ioa puépn (v >2).

Dépovpe Toyaio nuevdeia Ax, dStpopetikn amd v AB kot
ToipvoLLE e TO ST TAVe G€ aVTn Vv SLodoyIKA ica TUN-
nota AM, =M,M, = ... =M M,.

"‘Enetta pépovpe to tunpo M,B kot and to onueio M, M,,

s M, | 0€pOVUE TOPAAANAES TTpOG T M,B mov tépvouy 10
AB ota onueia P,,P,, ..., P, avtictoyya. Ot mapdiinieg av-
téc, cvpemva pe to Bedpnua I, §5.6, opilovv v ica Turua-
ta Tave oty AB. Emopévag ta v ica evboypappo tunpato
AP,, P,P,, ..., P, ,B givar ta {ntovpeva.

21 ovvéyela Ba opicovple, YeVikd, To yvopevo gvboypap-
LLOV TUNLLOTOG LLE OTTOLOVINTOTE PNTO opBLO Kot TO AdYo dVO
VOVYPOUH®Y TUNUATOV.

MNvépevo euBUypappou THAPATOS PE
apiOpé - Adyos euOUYpaAUH®WV THNUATWYV

* Onwg ldape oty §2.8, av AB = a evfoypappo Tpumpa Kot
vV QUGIKOG apOdS, ovopalovpe YIVOUEVO TOV TULOTOG
AB eni 10 puowo apBuod v to evBuypappo Tuqua I'A, o
omoio gtvat to aBpotopa v vBVYpAUUOV TUNHATOV (GmV
npog 10 AB = a. I'pdpovpe TA=v - AB.

* Av yopicovpe, OTOG TapATavVe, TO EVOVYPALLO TUN LA

AB = a oeg v ica uépn kabéva and ta v ica Tunpato o

AB 1
naplotdvovpe pe — 1N — - AB."Eva evBoypayppo tunpo
v Y

EZ VMéyetan vmodraipeon (| vmomollamidaro) 1ov AB av



T'iva 1va 1va A

1 QOpPES

ZXOAIO
A

AB
aipeon evOLYPOLUMV TUNUATWY
oALa eivor ovufolixn ypapn e
wotnrag IA = q * AB. Znuoiver
dwaipean otav ta Bewproovue
Tavw oty ot evbeia.

H ypagpn Joev onuaivel oi-

KE®OAANAAIO 7.

ANAANOTIEZL

. . . f AB
VTAPYEL EVAG PLGIKOC aptOpog v wote EZ = v

* Av u gtvan évag BeTikog axépatog kot TpocHicovpe 1 Té-
1
TOLL TUNHOTO TPOKVTTTEL TO TUNMOL [A =1 (— AB) - HAB.
v %
Ovopdlovpe Aomdv yrvouevo tov ev0HYPALLOV TUNLOTOG

AB eni 0 OgT1K6 pNTO 0p1OUS q = % 70 gVBVYpapO TUN-
po I'A, to omoio givat To GBpoispo 1L EVOVYPOLUOY TUNA-

OVATTOINTES Y AB.
I'pbapovpe TA=q - AB.

Opilovpe 0Tt TO YvOUEVO EVOVYPAULOV TULOTOG ETL TOV
apBpd q = 0 givar To pNdEVIKG vOVLYPALLO TUNLLOL.

AmodeikvieTat 0Tt yia £va SoGHéEVO gVOVYPALLLO TUN O
AB kot éva 0eTikd appnro apBuod p vedpyel Tavtote £vo
evBvypappo tpuqua I'A tétoto, dote A =p - AB. H ka-
TOGKELT OUMG, TETOI®V EVOVYPOUUUOV TUNUATOV LE TOV
Kavova Kot To dePntm dev etvon mdvtote duvorn.

*'Ectm 0vo un pundevikd evbvypoppo tunpata AB xot TA.
Av vrapyet evBOypappo Tuua KA kot guotkoi apdpoi
U, v 1610101 ®ote va woyvel: AB=v - KA kot TA=p - KA
T 000 VOVYpappa TUHaTe Adyovtal evuueTpa. To KA
Aéyeton Korvo uétpo tov AB o TA.

Amo o tponyoveve TpokOTTTEL OTL AV TOL TUNHota AB ko

I'A givon odppetpa, tote Bo vILdpyel Evag BeTIKOS PNTOG

apBuoc q = %

Aéyetal A0pog TV 6V0 TUNUATOV Kot YPAPETOL LE LOPPT

této10G, wote A =q - AB. O apiBuog q

TA
KAdopaTog, oniadn q = AB

NMAPATHPHZH

To Kko1vo uétpo dev eivar povadixo yioti kabe vrodiaipeon tov KA
eivau korvo vromoAlomdaoio twv AB kou IA. Exiong eivar pavepo ot
0vo ovpueTpa v0vypoupa tujuatao gival (axépoia) Tolloaridoio
KdOg Koo Tovg UETPOU.




EYKANEIAEIA TEQMETPIA

AvO gv0VYpapLo TUALLOTO TTOV JEV Eval GOUUETPO AEYOVTOUL
acvuucTpa. Oo Aéue eniong 0TL 0 AdY0g TOVG Elval dppyTos
apBuode. Tétoleg mepumtdoelg dev gival omdvies. Oa dovpe
apyoTEPA OTL 1] TAELVPA KOl 1) OLOYDVIOS EVOS TETPAYDVOL
dgV £YOVV KOO HETPO.

Avanoya su@0ypappa tyhparta -
Avafoyigs

AvO guBhypappo TURHOTO O, Y AEYOVTOL avdloya Tpog 600
Ao evBVYpoappa Tpata B, & 6tav 0 AdYoS TOV o TPOGS TO
B toovtal pe To AdYo Tov Y TPog To O, dNAadn dtav 1oyEL:
E = % (1). Avto onuaivel 6t vdpyet BeTikdg apOUdC A,

®ote vo oyveta=A - Bkary =24 - 9.

H nopandve oot ta (1) Aéyeton avaloyia e dpovg ta gv-
B0ypappa tunpota o, B, v ko 0. Ta tuqpota o kot B Aéyo-
vtol opdloya Y| avricrorya. To 1610 Kot Ta y Ko O.

Ta a, d Aéyovtal dxpot épot, evd Ta B, Y uécot opot g
avaroyiag. O tétaptog 6pog & g avaroyiog Aéyetat Kot
TETAPTH AVAL0Y0G TOV 0, B Kot .

o
Ymv avoloyio o = 7 ot pécot 6pot givar icot. Avti 1 ava-

B

Aoyia Aéyetan coveys Ko o B Aéyeton uéon avaloyog twv
a kot y. To B Aéyeton emiong YEWUETPIKOS HEGOS TOV O, KOL
Y. Zoyva etvot ypGUYLO VO AVTIKOTAGTICOVLE Lo, avoAOYio:
ue po 1oodvvaun ékepaon. o To 6Komd avtd ¥pnoiomot-
OV LE TIG WOIOTNTEG TV OVOAOYLDV, TOL EVal YVOOTEG 0md TO
IMpvdaoio, tig omoieg maipvovpe xwpig amddeién. Ot omov-
datdtepes amd avtég etvor ot €ENG:

IAIOTHTEX ANAAOTIQN
(04 a
— — Y
NMAPATHPHZH o v a B
Orav epopuolovue 1010tnTeg ’ E - g < ? a g
oe avaloyieg ue opovg evho-
ypoguo. unpato, Gewpodue ot oy - otp vt O o v o Y
EVVOLES TTOV DV EY0VV OpPLOTEL P - N n n
yro. evBoypopyo TupoTo. (7). p o B 6 p o atf y+s
“rollamlacioouog evloypou- o v K O+y+..+K
LoV TUnuatov’”’), avapépovial S ===
OTOKAEIOTIKG, GT0. WK1 TOUG. p o A PO+t

10



NMAPATHPHZEIX

e To uétpo tov TunuUaTOS Eivoil
un opvntiog apibuog xai Qo
ovupfoliletar dmwg Kot o -
ua. Etal, pue to ovufolo AB
Oa evvoovue ka1 To uéTpo Tov
Tujuatos AB.

* Oca avapépaue yio 1o A0yo
KOl TO HETPO TUNUOTOS 10)D-
0VV VEVIKG, KOl Y10, GALO. Ye@-
LETPIKG, UeYEDN, OTeg 11 ywvia,
70 100 KTA.

KE®DOAAAIO 7. ANAAOTIEZL

EX] Mikos euBUypappou tphApatos

Ortav Aépe 611 Bo peTpiicovpe Eva guBoypappo tunuo AB
onuaivel 6T1 Ba To cvuykpivovue pe éva dAAo evBOYpapLpLO
tunua I'A, to omoio maipvoope o povaoa pétpnong. H
EMAOYN TG Hovadag HéETpnong elval avbaipetn.

370 20 KEQAANLO AVAPEPAUE TNV EVVOLO TOL UKOLG ELOV-

ypappov tunpatoc. Edd 6a dtatvndcovpe tov opiopod pe
™ Bondeta Tov AdYov gLOVYpapU®Y TUNUATOV.

Opiopos

Métpo | unkog £vog €v0VYpoppov TUMRATOS Eivorl
0 A0yog 10V TPog £va GAro gvOVYpappo TupA, TOL
TOipvOVUE MG HOVAdO PETPOTG.

Apeceg GUVETELEG TOV OPIGHOD TOV HETPOL TUNHOTOG Elvarl
01 TOPAKAT® TPOTAGELS:

* AVo {oa TunpaTe £(ouV ol LETPOL Kot OVTIGTPOPO., MG TPOG
OTOL0ONTOTE LOVASO LETPNOTC.

* O AOY0C TV HETP®Y OVO TUNUATMOV, TOL UETPOVTOL LUE
Vv 610 povada pETpnong, 1oovTal LE TO AOY0 TV VO
TUNUATOV Ko gfvor aveEAPTNTOC 0md T LOVAdoL LETPTOTG.

Alaipgeon TUnpatwv €0WIEPIKA Kal
eEwtepikd ws npos doopévo Ndyo

Eidape oty §7.2 mog drapodpe éva evBOypappo Tunua
oe v ioa pépn. Oa dovpe otn cuvéyela tote Eva onueio M
Swpet éva evBHypappo Tunpa o€ S0sUEVO AdY0. Xe gvbeia
xy otvovtat 6vo opiopéva onpeia A ko B. 'Ecto onueio M
g evbeiag Xy, dtapopetikd Tov B. Atakpivovpe dvo mept-
TTOCELG:

1) Av to M egivar ecmtepikd onpeio Tov evBVYPAUIOL TUN-
noatog AB 101e 0 AOYOG T®V 0mOGTACEDY TOV Od TOL A KO

B w6obtan pe —— . Aéue 6t 10 M draupet ecwtepird to €v-
MB MA
0vypappo tTpufqpa AB o€ Adyo A, av Kol pévo av MB = A

['a To onpueio M woydel n mopaxdto TpoTao.

NMPOTAZH

To onueio M givar povadiko.

11



EYKANEIAEIA TEQMETPIA

X A B M Yy

12

!

A:}L’

[Tpaypatt, av M’ ecotepikod onueio tov AB wote
TOTE EYOVUE:
MA M'A MA M'A
= = = =
MB MB MA+MB MA+M'B
MA M'A
<& — =
AB

ondte to onueto M tavtileton pe To onueio M.

Av M—A =7, TOTE
MB

!

& MA =M'A,

MB 1

MA—k<:> MA = & <:>MA=LAB Kot
MA+MB A+1 A+1

MB=AB_MA=AB_—" AB« MB=_1_AB.
A+1 A+1

2) Av M onpeio otnv mpoéktacn Tov evOLYpPAUIOL TUN-
natog AB, 101€ AL 0 LOYOG TOV AMOGTAGEDY TOL OO TO.

A ot B 1sovtan pe MB Aéue 6t 10 M draipei eéwe-
pika 1o ev0Vvypappo Tupa AB o€ Adyo A, av KoL povo
av MB = L. AvaAoya amodevieTal OTL KOl GE AVTH TNV

nepinton, To onpeio M givar povadiko.

AIEPEYNHZH

1) Av A =1, t61e TPpOQOUVAOS dgV LILAPYEL oNLeio M ov va
Swnpet eEmtepikd 1o AB og Aoyo A= 1, apod MA # MB.
2mv nepintowon avt) to M givar 10 péco tov gvbv-
YPOHLLOV TUAUATOG.

.. MA
i1) AvA>1,101¢ MB >1< MA > MB, ondte 10 M Bpi-

OKETOL TNV TPoEKTaoT Tov AB, Tpog to pépog tov B
(o%.5). XtV mepintmon oVt EYOVLE:

MA MA A MA A

— =l —=— = =

MB MB 1 MA-MB Ai-l
MA A

@———@MA:LAB Kot
AB A-1 A-=1

MB:MA—AB:%AB—ABQMB=%AB.

i) AvA<I tote i/l/[_l]: <1< MA <MB, ondte 10 M Bpi-



KE®DOAAAIO 7. ANAAOTIEZL

OKETOL OTNV TpoEkTacot Tov AB, mpog 10 népog tov A
(0y%.6). Onwg mapandve Ppickovpe Ot

MAzLAB kot MB =LAB.
1-A A

1v) Opuwkég 0éoerg

a) Ortav 1o onpeio M teivel 610 A, 10 TUHa MA T€ivel 6TO
UNndeviKo gvBHypappo TN, 0OTE 0 AOYOG A TElVEL GTO

[ ] dév.
NAPATHPHEH i o , ,
Neybuaote oopformicd e, drav B) Ortav to ,(ST] ],LS}O M 1eiver SSTO B, r,o Tun pfx MB r&:}vat 610
Jue ot To onueio M diaupei to UNoevVIKO evBHypappo Tuqpe, ondte 0 Adyog A Teivel 6To
evBvypauo tujuo AB oe Adoyo dmerpo.
A, evvoovue . , , . ,
A VB v) Otav to onueio M amopaxpOveTal AmeploploTa, To T-
B = Ak S Ty = A noto MA kot MB tetvouv va tovtiotovv, ondte o Adyog
- | A tetvel omn povada.
rHMEIQXH

* Av O ¢givai 1o péoo tov evbBbdypouon tunuoatos AB, tote to onueio M tétoio wote = ] Ppiokeror uetald

O ka1 A 6tov A < 1 kot petacov O kot B otav A>1.

MB
* Av M = 1, Aéue ot to M draapei to evfoypouuo tujuo BA og Joyo 1. A B B A
Aniadn Becwpodue ot ta axpa A ko B tov tunuatog givai o10TeTaypuéva. Tunpa AB T BA
Evo. této10 ev00ypopyio o AEYETOL TPOGAVATOLGUEVO.

== Epwtnoseis Katavonons , . B ,
W - ] , Tote 0 Loyog — — €lval.
E 1. Na opioete to0¢ TOPOKITD AOYOVS: AB 3 P
< i) ¢ vmotelvovaag opBoyDdVIOD TPIYW- i)2 ii) 3 iii) 5 iv) 3
= Vov 7pos Ty avyrzaroz;m odpieco, V) KOVEVO, Q0 TO. TOPOTOVQ.
= ii) puag eyyeypauuévng yoviag mpog tnv , L
[ , , (Na dikanodoynoete v amdvinon oog).
W avtiotoLyn eniKevipy,
§ iii) ¢ drouéTpov evog kdrlov, mpogc v | 4. Aiverar ev0dypouuo tujua AB = 12 cm
g aKTIVO, TOD, xat to uéoo tov O. Na Ppebei onueio M

iv) uiag opBic ywviag mpog uio yovia 700 AO, waote t0. onueio. M kai B va, dio-

LOOTAEVPOD TPLYHVOD. POVY ECOTEPLKA KO ECWTEPIKG, AVTITTOLYO.
2. 2o mopaxdtwm oyfjua sivar AB = 10a ko 70 qijua AO atov idio Aoyo.
Al = 2a. No fpebodv o1 Loyor: A 6cm (o 6cm B
A T B
\ M |
i) AB mpog Al ii) A" mpog AB, 12¢m
iii) BI  mpoc AB, iv) AI' mpog BI!
3. diveror evOvypopuo qujua AB ka1 onueio | Aokhoels Epnédwons
L, A 1 , . , , .
o0 I é101 dhote 5 = S 1. O1 ywvieg evog tpiycddvou givar averoyes

zpog tovg apibuovg 4, 3, 2. Na. ppefoiv
01 YWVIES TOV TPLYMDVOV OE LOIPEG.

A r B
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EYKANEIAEIA

2.

FrrEQMETPIA

O Adyog piag yoviog  Tpog Ty mopo-
TAnpwpaTIK) TS EIVOL % . Na fpebei n
yovio .

O1 Tevpes VOGS TPIYOVOD EIVOL AVALOYES
zpog tovg apifuovg 6, 3, 4. Av n mepi-
UETPOS TOV TPIYHVODL givor 65¢cm, vo. fpe-

Aoy16000v 01 e0WTEPIKES TOV YWVIES.

. 2e evbeia € maipvooue diadoyikad to. on-

ueia A, B, I' ka1 A, wote AB = 6¢m,
BI'=12c¢m, 1A = 2cm. Na. ppeOet anueio
M tov BI to omoio dioupei ecwepird. o
qujuozo, A4 kaa Bl arov idio Adyo.

Qovv to puikn Twv TAEVPDV TOL. ) )
3. Me t ponbeia twv 1010tntwv tov ava-

A0YLdV, VO O101pETETE DOOTUEVO TUNUG,
AB = a g dbo tunuaza, to. omoia EYovy

Anodeiktikés AOKNOEIS

1. O1 &wrepiés ywvieg evog tprywvoo givol
ovaloyeg twv optBuav 2, 3 kot 4. No vro-

3
Adyo — .
oo,

©swpnua tou Oadn

Eidape oty §5.6 011 av mapdAinieg evbeieg téuvouv dvo

/ \ dAAeg gvbeieg kot opilovv ioa Tunpota Tave ot pia, Ha
B Z & opifovv ioa Tunpata Kot Tdve oty dAAn. Ta Ttapamdvem
YEVIKELOVTOL Y10 OTTOLOVONTOTE AOYO GTO EMOUEVO Bedpnal
oL €ivol Yvomoto ¢ Oedprua Tov Oai.

©EQPHMA
€3

o Av 1pelg TovAdyloTOV TOPAAANAEG gVBEiec TEPVOLV VO
' GAheg evbeieg, opilovv 6€ avTES TUNLOTA AVAAOYOL.

€ €
K E 8 Anhaodn:
AB BI' AT
Av g,//¢,//e5, TOTE = = (o%.80).
5, EZ ZH EH
Z A
KA AM KM
AV 8,//8,/183, T6 = = 8p).
V 01//0,//03, TOTE EZ ZH EH (ox-8p)
33
H M
p

1) Av ta tuqpata AB kot BTN (09.9) eivon cdppetpa,
vapyel vOVYpaUO TUH 1 TETO0, ®oTE AB = KL
kot BT =2p (1), 6mov , A pvoikol apBpoi. Atapodpe
to tunpa AB o k tunqpota ico pe to p kot to BN og A
TunpoTo ico e To U.

Ao T onpeia Tov opilovtol pe TovV TapATOvVE® TPO-
o PEpovpe evbeieg TapdAANAES TPOC TNV €, Ol OTOTEG
TEUVOLV TN O,. Emedn ta tpunpata mov opiovrot mavem
o1 0, elval ioa petad tovg, TOTE KO TO TUAATO TOV
, opilovtan méve ot 6, Ba eivat ica TuHpATO, TOV TO
punKog tov kabevog ag eivan v. Tote Ba Exovpe EZ = kv
kot ZH=2iv (2).




NMAPATHPHZH

To mopomavw Topioua 16yvEl
Kal oty wepintwon mov n AE
TEUVEL TIC TPOEKTAOELS TV TAED-
POV 100 TPIYVov ABI!

E A

B r

-

KE®DOAAAIO 7. ANAAOTIEZL

AB
Ao 16 (1) o (2) mpokdmrel 6t —— = % = % Ko
w
EZ «xv « ., AB EZ , AB BI
——=—=—,0mn0tE = il = (3).
ZH v A BI' ZH EZ ZH

Amo v avoroyia (3) maipvovpe:
AB _BI' AB+BI' , AB_BI' Al
EZ 7ZH Ez+7zH | EZ ZH EZ°

i1) Av ta tuqpata AB kot BT givat acoppetpa, o Adyog
BL elvarl acOUETPOC apBdC. ATodEIKVVETOL OTL Ko
O€ QTI TNV TEPUTTWOT) IGYVEL 1] TTPONYOVLEVT| AVOAOYidL.

Ioybet kot to avticTpo@o Tov Bemprpatog ToV Oui).

©EQPHMA
Bempovpe dVO gvBeieg O, Kat &, TOL TEUVOLV OVO TAPEAAN-
Aec evbeiec g, kan €, ota onueio A, B kot E, Z avtictoyo.

Av T kot H gfvan onpeio tov evbeidv 8, Kot 9, avtictorya

AB
tétola, ot —— = —— , To1e M eVBeio ['H eivon mapdh-
BI' ZH

ANAN Tpog TIG €, Kot €, (6).9).

KéBe evbeia mov eivar mapdAinin pe pio omd Tig TAgL-
pEc evOC TPLYdVOL Ympilet T S0 GALEC TAEVPEC o PEPN
avaAoyo Kot ovVTioTPOoQa.

"‘Ecto tpltywvo ABIT kot AE//BT (6y.10).

Dépovpe amd v kopven A gvbeia €//BI//AE, onote and to
Beopnuo Tov OaAn TPoKHITEL OTL

AA AB

AE EI’

Mo onpovTiKny epapuoy” Tov Bempnuatog Tov OaAn eivon
TO EMOUEVO BedpT QL.

©EQPHMA

To tpiywvo mov opiletan and 11 gvbeieg GVO TALLPDOV
TPLY®VOL Ko pia TapGAANAN TPOG TNV TPITH TAEVPA TOV,
ExeL TAEVPES OVALOYES TTPOG TIG TAEVPES TOL APYLKOV TPL-
YOVOV.
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EYKANEIAEIA TEQMETPIA

"Eoto tpityovo ABI kon AE//BI (6y.12). @a amodeifovpue Ot

AA _AE _AE
AB ATl BI'
Eneion AE//BI, and 10 Bempnpuo tov Oain Exovpe
AA AE
—=— ().
AB AT

Yxnua 12 DOépovpe v EZ mapdiinin e AB, ondte to AEZB givon

NMPOBAHMA 1

16

TapoAAnAOypappo, dpoa AE = BZ (2).
Eneidn EZ//AB, amn6 to Osmpnua tov Oain Eyovue
AE BZ , AE AE

= = 3).
AI' BT " AI' BT )
AA AE AE
Ao g (1) ko (3) mpokdmtel 6Tt = = .
AB AI' BI

* Me ) BonBsta Tov Bempnpotog tov Oain| yivovtat opiopé-
VEG YEOMUETPIKES KOTAOKEVEG. AVO 0O TIC GTOVIUOTEPES
glval ta TopoKAT® TPOPATLATOL.

‘Eoto wa yovia zOy. ITavo ot pia mhevpd mg Oz

KATAZKEYH TETAPTHZ ANAAOIoy

Av 80000V Tpia evOVYpappa TEpOTE O, B KO Y, VO KOTOOKEVOGOEL TO TN X,

. . P {
nov opileTor amd TNV avaroyio —=—.
X

Auon

naipvovpe drodoywkd to Tpunpato OA = a, AB =3 kot
nive oty Oy 1o Tpupa O =y. Ao 10 B @épouvpue
v mopdAANAn tpog v AL, mov téuvet v Oy 610
A. Tote TA=x yti

OA_Or . o_vy
AB TA "B x
Eivat @avepd 0Tt pe Tov 1810 TpOTo KaTooKevaleTon
. X , 0 B, a X
TOTUAMOLX OV — = 1| —=-— 1| —=—,
o v X v P v

apkel kaOBe popd va YpaPovLE TO X MG TETAPTO OPO TNG aVaAOYioG.




KE®DOAANAIO 7. ANAAOTIEZL

:t‘ AIAIPEXH EYOYTPAMMOY TMHMATOZL £E AOXMENO AOIO
>~ No ownpedei ev@vypappo Tupo AB, eomtepikd kKo EE@OTEPIKA, 6€ OGUEVO AGYO
g % , 0ov p, v yvoota tpupata.
o
=1 Aduon
Ao 10 A pépovpe po nuievdeio A, mave oty omoia
naipvoope Tuquo AE = p. Ao 1o B pépovpe gvubeia ma-
PAAANAN TG AX KO TO{PVOVE TTAV® GE QT EKOTEPMOEV
tov B tunuota BZ = BH =v. Ta onueio I ko A ota ool A A
ot gvbeieg EH xar EZ tépvouv v gvbeia AB eivar ta
mrovpueva. Mpaypat, ta tpiyove AET kot HB éyovv
avaAoyeg TAELPES, OTOTE:
TA° AE p E A
I'B BH v
Oupowa ta tpiyova AAE ka1 ABZ éyovv avarioyeg mAevpéc, y )
OTOTE:!
AA AE A r B
AB BZ v v
* Av p =v, 10 tetpdnievpo ABZE eivon mopoaAinioypoyt-
no, ondte n EZ d¢ divel onueio A ndve oty AB, evd to H
I' etvon to péoso tov AB.
Avo onpeia I' kot A, Tov S1povv ecmTEPIKE Kol EEMTEPTKA
A B t0 Tuuo AB otov 1510 Adyo, Aéyovton aolvyn apuovikd v

r A A xou B (0y.16).

Anhodn to I' kot A givon suloyn appovikd tov A kot B, av
ta técoepa onpeia efvatl cuvevdelokd Kot

TA _AA
[B AB’
- — Amd m oyéon avt maipvovpe v avaroyio
rHMEIQZH IA TIB Al Bl
To A Aéyetoun appoviké ovlv- AA - AB N AA - BA

yés tov I w¢ mpog ta A kou B.
Orog £idoyie mopamdve, av To and v onoia wpokvmTel Ot Kot Tar A ko B givat svluyn
I givau to péoo tov AB, 0 A dev , , ,

- appovikd tov I' kot A. Ta téooepa onueia (A, B) kot (I, A)

| —1 Aépe 6TL amoteAOVV apuovikij TETPdda.
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EYKAEIAEIA TEQMETPIA

Epwthoeis Katavéonons
1. 2ra mopoxdrm oyniuoto vo. fpeite o, x ko
V.
/ \ & €1
2/ \x 4\ [*

AIKHZEIX A AYZH

&
)/ \6 15X Y 6
2/ 2 3/ \4
/

€1/l€al1€311€4 N

g\ 4 & X y €
A B
2 N3
|
X 3 6
A | r

2. Na dixarodoynoete yari AB/IA kor EZ//
KA//MN oro. mopoxdtw oyiuaza.

B K A
20 2
3 () E Z g9
40, 60 6
A Iy M
3. 2o mopoxdtw cynua ivai:
AE BZ
] > A
Tk Oz O
i) EZ//FA X OA
A B
E Z
A r

Na yopoxtnpioete w¢ owatn (2) i Labog
(1) kaBeuio. amo TS TPONYOVUEVES TYECELS
KO V. OIKOIOAOYNTETE TIG ATOVTHOELS GOG.

18

4. Aiverou tunuo AB xou dvo onueio I kor A

1A

WoTE B~ 4B . Apkei n Tponyoduevy

oyéon aaote ta. I kot A va givor ovloyn op-
movika twv A kar By

5. 2to mapokatw oyxnuo eivor KA = 4,
AE = 2. Na fpebel onueio Z téroio, wote
0. onueio (Z, E) va eivar ovloyn appovi-
Ko tv (K, A).

ol = 2
K A E

Aoknoels Epnédwons

1. Xto dimlovo oyi- N

ua eivor AE//BI;
EZ//AB xou ZH//
Al Na amodeile- H
7€ 0Tl

44 _HB BT r
AB  HA'

A E

2. Ano v kopvpn A mapolinloypiuuov
ABIA pépovue evbeia & n omoia téuvel
owywvio BA oro E, v nhevpa Bl oto Z
Ko v mpoéxroon e Al oo H. No amo-
ociete ot

i) AZ _ AB

AH AH’

3. O1 un mwapalinieg whevpés AA, BI tpame-

{iov ABIA téuvovron oto O. H mopdlinin

oo 1o B wpog v Al téuver thyv A4 aro

E. Na anodcilete 611 10 OA eivor uéoo
avaloyo twv OA ka1 OE.

ii) AE’ = EZ - EH.

4. Amo onueio A s mwhevpag Bl tprywvov
ABI pépovue v mopalinin mpog tn oid-
ueoo tov AM, wov téuver tig evbeicc AB
xar AI” oo onueio E ko1 Z ovtiororyo.

AE _ AB

AZ ATl

5. Aiverou tetpdmievpo ABIA kou onueio E
¢ orayawviov Al Or mopdAinies amo to
E mpog ¢ BI, IA téuvovv tig AB, AA oo
Z ka1 H avtiotoiya. Na amodeilete ot
ZH//AB.

6. Aivetar tpiywvo ABI kot onueio A, E ¢

mhevpacg Bl wote BA =TE < %

No amooeicete ot1 — -




O1 wopaiinies amo ta A koi E wpog 1ig
Al kou AB ovtiotoryo téuvovy v AB oo
Z kou v A" 1o H. No. amodgilete ot
ZH//BI"

. Ao twoyaio onueio K ¢ drouéoov AM

iyavov ABI pépovue mopadiinles mpog
11¢ AB ko1 Al wov téuvovv tn Bl oo
A kor E avtiotoiya. Na orwodeilete 011
MA = ME.

. Atverou tpomelio ABIA (AB//IA) kot E to

uéoo g wikpng Poons AB. Av n AE té-
wver v Al oto Z ka1 v mpoékroon g
I'B o710 H, va. arodeilete ot ta Z, H eivau
ovloyn apuovika twv A, E.

. Aeauevi dyovg v = 12m mepiéyer vepo

wov @Tavel o vwog h. Pafdoc unroog
15m tomoBeteiton oty deoyevy, Omws ato
ropoardaTw oynuoe. Bydlovue t pafido kou
TapaTHPOOUE OTL TO TUNUO. TOD PPEYTHKE
&xer unrog 10m. Mropodue va vroroyi-
oovpe 10 Vyog h Tov VEPOU,

12m

Anodeiktikés ACKNOEIS

1.

Av ta I} A eivor ovloyn apuovikd twv A, B
xar O givar 1o péoo tov AB, va amodeile-
1€ 011 T I o A fplokoviar mpog 1o 1010
uépog oo O.

. Na d1aapebei eoBboypouyo wunuo AB = a oe

TUIUOTO X, Y, @ TETOLA, WOTE 4x =6y = 3.

. Aivetou tpiywvo ABI eyyeypopuévo oe k-

xkAo (O, R) kou éataw A n toun e o1oué-
pov AE ue t Bl Av Z kou H eivai ot
rpofolés tov A aric AB kou Al avticror-
X0, vo. awooeiéete ot ZH//BI!

. Aivetou wopolinioypouuo ABIA kot on-

ueio E ¢ AB téroto, dote AE = %AB.
Av 5 TE téuver v A4 oto Z, va omodei-
Cete oT1 AZ = 347.

. Awo v kopven B wopaiinioypduion

ABIA pépovue evbeio €, wov téuver Ty

KE®DOAANAIO 7. ANAAOTIEZL

mhevpa A4 oto E kar v mpoéxraon the
1A oto Z. No. awoodeiete ot

A ar_
AE A7
6. Aiverou tpiywvo ABI ka1 to. onueia A, E
¢ BI" wote BA = AE = EI! H nopdAin-
A o6 o A mpog v AB téuver ) didusoo
AM o1o K. No amodeilere oti:
i) To K eivai to fopdrevipo tov tpryw-
vov ABI!
ii) KE/AI

7. Tpareliov ABIA (AB//IA) o1 droymvieg
Al BA téuvovroir aro O. Ano 1o O ¢é-
povue mopaiinles mpog tic A4, Bl wov
éuvovv ™ Al oo E kou Z ovtiotorya. Na
amooeilete oti AE = I'Z.

LUvOeta Oépata

1. Aiveror tpiycwvo ABI kat ta onucio A ko
E tv mlevpav tov AB ka1 AL avtiororyo,

44 _ ET

AB  EA -

Na orodeilete ot ta uéoa K, A, M twv

AB, Al kou AE avticroiyo, eivar cvven-

Oeraxa onueio.

wote

2. Amo to uéoo M ¢ whevpag Bl wpiyadvoo
ABI pépovue toyaia gvbeio, mov téuvel
¢ AB xou Al ota. Z kou H avtiororyo. No.
amooeilete ott ZA - HI' = HA - ZB.

3. Aivetar cvbeia ¢, téooepa d1odoyika on-
ueta g A, I B, A ko onueio O ektog ov-
6. Ao 10 B pépovue moapdlinin mpog
v OA, n oroia téuver tig Ol OA ota E
xar Z avtiotoryo. No omodeilete ot ta I
A eivar avloyn oppovike. twv A, B, ov kai
uovo ov BE = BZ.

4. Av évo onueio A ywpiler eowtepira tny
mievpa BI tprycovov ABI o€ Adyo A kou éva.
onueio E ywpiler eowtepind 1o A4 oe Adyo
K, Vo, voAoyiabel o Aoyog atov omoio ywpi-
Ce1 n evBeia BE v whevpo AL

5. H epomrouévn evog kdilov o€ onueio tov
M téuver tig eportoueves ota dxpo A, B
mag orouEtpov v AB, ota onueio I kot
A avtiotoryo. Av K ivar to anueio toung
twv Bl AA, va amoodeilere o1t MK 1 AB.
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EYKANEIAEIA TEQMETPIA

B
A r
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\
v1
&
B A r

(7.8 OswpNHATaA TWV SIXOTOHWV TPIYDVOU

Oa peremoovpe £dM, MG EPAPLOYEG TOV BE®PNUATOS TOV
OoAn, Pacikég 1010TNTES TNG ECOTEPIKNG KOl EEMTEPIKNG O1-
YOTOLOL YOVING TPLy®VOV.

OEQPHMA (eocwtepikns 61XxotépoU TpIymdVou)

H duyyotépog pog yoviog tprydvov dtopel v amévavtt
TAELPE EGOTEPIKA 0 AOYO {00 LE TO AOYO TV TPOCKEL-
LEVOV TAEVPDV.

Anradn, av AA diyotopog tov Tprydvov ABT, oyvet
AB _ AB

Al AT

‘Eoto tpiyovo ABIT kou ) d1yotopog tov AA (). 18). Ao to

B ¢épovpe mapdAinin mtpog v AA, mov TEUVEL TNV TPOE-
ktaorn ¢ Al oto E. And 10 Bempnpa tov ®on 6to Tpiym-
vo I'EB £éyovpe AB _AE (D).

Al AT
I'a va amodeiEovpie to {ntovpevo, apket va amodeifovpe 6Tt
AE = AB. Ilpayport:

A

B, (evtog evalrhds tov mopariniwv AA kot BE),

A,
A, = (evtdg eKTOG KO ML TAL AVTA TOV TOPUAANA®V
AA ko BE),

A= A2 (AA d1yotdH0C),
ondte B, = E Gpo AE = AB (2).

AB AB
Amo tic (1) ko (2) mpokvmeel OTL — = ——.
¢ (1) kou (2) mp AT AT

AB
Ene1dn to onueio A mwov dwoupet v mhevpd BT 6g Adyo N
etvar povadiko, To Bedpmno IoYVEL KoL OVTIGTPOPOL, SNANOT|:

AB AB
Av 10 A givan onueio e wigvpac BI' ko woyver —=——
ny ne pag 4 AT AT

Té7TE ) AA Eivon S10TOpOG TG YOviag A.



E B r

KE®DOAAAIO 7. ANAAOTIEZL

» Ynondoyiopos twv euBUYpappwWV THNHATWY,
ota onoia &iaipei n ixotdépos tnv anévavu nAsupd
ws ouvdaptnon twv q, B, y.

10 oy.18 Béhovpe va vToLoYiGOVUE TIG AMOGTAGELS TOL A
and to B ko I

H mponyoduevn avoroyio ypdoetat:
AB vy | AB Y ., AB v
e By
of

, oy ,
ondte AB =——. Opouwa Bpiokoope AI'=——.
P+v B+y

AT B ' ABHAT Bty

OEQPHMA (e§wtepikns H1Xxot6pOU TPIYDVOU)

H dyotop0¢ oG eEmtepikng yoviog Tpty®@voL TEUVEL TNV
TPOEKTOOT] TNG ATEVAVTL TAELPAS GE £va oneio, TO 0010
Olapel eEmTepikd v TAELPA avT o€ Adyo 160 e TO
AOYO TOV TPOCKEIUEVOV TAEVPDV.

AnAadn, av n AE gtvar e€mtepikn d1y0TOLOC TOL TPLYDOVOL
ABI, woyvet 01U
EB AB

EI AT

‘Eoto tpiyovo ABI kot n e€mtepikn diyotopnog tov AE

(0%.20). A6 10 B 9pépovpe mapdiinin mpog v AE, mov
téuvel mv Al oto Z. And 1o Bedpnpa tov Oain oto Tpi-
yovo T'AE &yovpe

EB AZ

—=— ().

ElC AT
INa va amodei&ovpie to {nrovpevo, apket va amodeifovpe OtL
AZ = AB. Ilpayport:

A, =B, (evtoc evarddE tov mapodiiov AE ka BZ),
A, =7, (evtdg extdg Ko emi ToL QUTA TV TOPAAAIA®V
AE kot BZ),

A, =A, (AE efotepii Suyotopoq),

A

omdte B, =27, dpa AE=AB (2).
EB AB

Ano tic (1) ko (2 OKUMTEL OTL — = —— .
76 T1¢ (1) xou (2) mpoxvmen Ot e
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EYKANEIAEIA TEQMETPIA

NMAPATHPHZH

To onueio E Ppioketal mpog to uéPog e uIkpotepng wievpdg. Ilpay-
wati av >y téte B> I omére I'= ¢ > 0.

Apkei v amodeicovue ot A, + B, < 180° .

) B+
Eyovue A, =%{=B r

ka1 B, = 180° — B, ondte

R . B T B-T )

A, +B,=180°-B+—+—=180°— | ———— | =180°———< 180°.
re 2 2 (2 J 2

Av AB = Al tote 10 E dev vmdpyet. (Epopuoyn I - §4.8)

To Bedpnpa 1oyveL ko avticTpoPa, SNAadT|:
Av 710 E givan onpeio g npoéktaong g misvpag BI' ko

BE AB
woyver — = ——, tote N AE givor n sEotepkn ovyoto-
L - AT n n sCoTepukn Sy
prog TG Yoviag A.

» Ynondoyiopods twv euBUypappwV tHNPatwy
ota onoia &iaipei n e§wtepikn 61xotépos
v anévavu nAsupd ws cuvdaptnon twv a, B, y.

310 0%.20 BEAovLe VO VTTOAOYIGOVLE TIG OTOGTAGELS TOV E
and o B ko I

H mponyoduevn avoroyio ypdoetat:

EB vy ., EB v  EB ¥y
EC B ' ET-EB PB-v | o PB-7y’
omoTE EB=£. Opowa Bpickovpe 011 EF=a—B.
B-v B-v
NAPATHPHZH

Av A kou E givor ta iyv TS e0WTEPIKNG KOl EEWTEPIKNGS OLYOTOLUOD
¢ yoviac A, prycvov ABI, oy amévavn mievpd, o sivar

AB AB EB AB , AB EB

UF T ar R T o 0T =

Aniaon ta iyvy A kor E twv dvo diyotouwv eivar onueio aolvyij
APUOVIKG (G TPOG TIC KOpv@éS B kar I tov tpiycwvov ABI

4A
3/71\2

B A r

esl
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Anodd®vios Kikios

NMPOBAHMA

Noa BpeOel 0 yePETPIKOS TOTOS TOV GNUEIM®V TOV 0L OTOGTAGELS TOVS UTO OVO

opropéva onpeia A ko B tov emmédov £xovv yvooto Loyo 13 #1.
v

Auon H

‘Eocto 600 dedopéva onpeia A, B kot M tvuyaio on- M

€lo Tov TOmOVL pe TV 10T mM—A=£ (1)
H ne m n MB v . A B A

Dépovpe ™V ecmTepkn Oyotopo MI kon v eéwte-
pn dyotopo MA tov tprywvov MAB. Tote z

TA MA AA MA N
A VAR (2) ko S Pa_ i 3. E

B MB v AB MB v

Aniadn, ta onuela I' kot A gtvar optopéva, agot yopilovv to AB ecwtepikd kot

eEmtepikd o€ Adyo £, Axopa eivor TMA = 90°, enediy ot MI™ ko MA givan tyotopot
Y% - -

TV dV0 PeENG KoL TOPATANPOUATIKOV Yoviov AMB kot BMH.

Apa to M avrkel o KOKAO pe dtapetpo to tunpa TA.

Avtiotpoa: Eotow N éva onueio tov kvkAov pe ddpetpo to tunua I'A. Tote

- NA
I'NA =90°. Oa amodeifovpe 0TL —— = £,
NB v

Am6 to B pépovpe BE//I'N, ondte oto 1piywvo ABE eivan

NA TA NA

—=——nAMYO® 2) —=— (4).

NE g 1Morems@) o= @)
Emiong eépovpe BZ//AN, ondte oto 1piywvo AAN glvan

NA AA NA

—=——nAYO® 3) —=— (5).

Nz ag 1Morems@) =" 0)

N NA
Amo 115 oyéoelg (4) kot (5) mpokvmtel 0Tt —— = —— , ondte NE = NZ, dnhadn 1o
. . NE NZ
N eivan péco tov EZ.

Enedf) TNA = 90° kot BE//FN, BZ//AN, 8 givar kat EBZ = 90°, dnAadn to tpiymvo
EBZ givat opBoydvio oto B pe didpeco BN, onote NB = NE = NZ (6).

Ao 11g oyéoelg (4) ko (6) Exovue % S

Apa 0 (Todevog Ye®UETPIKOS TOTOG givar 0 KOKAOG pe ddpetpo TA.

Kataokev: Av 60000v ta onpeia A kot B kot o Adyog B , Otpovpe o Tunpa AB
E0MTEPIKA Kol EEMTEPIKA GE AOYO % , OT®OG GTO npéBk\l)]ua 2, §7.7 xou Bpiokovpe

ta I" ko A, Ztn ovvéyela ypdeovpe tov kukho pe diapetpo IA.

MA
Awgpeovnon: Av givan L 1, t01e MB =1M MA=MB. Apa 10 M 1canéyet and to A
\Y%

kot B, omote 0 (nrovpevog yewpetpikdg tomog ivar 1 pecokdbetog Tov tunpatog AB.
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FrrEQMETPIA

NMAPATHPHZH

O mponyoduevog yemUETPIKOS TOTOG Aéyetal AmOIIdVIOS KUKAOG, amd
70 ovouo. tov ElAnva uabnuoticod Amoliwviov mov mpwtog uelétnoe
70 Béuo.

Tevira vrapyovy dmeipol omolLaviol KdKAot wg Tpog 0o anueio. A kai B.
To va opiobei kamorog amo avtovg, otav 008ovv to. A kou B, ypeidleton
vo. 000¢l 0 10y0¢ % i éva oo to. onueio I, A, i 10000voua, éve toyaio

ONUELO TOD ATOAADVIOD KOKAOV, MOGTE O AOYOS V. EIVAL TPOCTOLOPITUEVOG.

Epwthoeis Katavénons 2. divetau wpiywvo ABI ue AB = 6, BI' = 10,

1. Na eényioete yoi o iyvn A, E ¢ eao- Al =’9. Av {M, AEn 80'6()’T8pli617 Ko eCwte-
TEPIKIIC Ko eEOTEPIRTIGC OYOTOUOV THG Yo piki O1yoTouog e ywviag A, va vmoloyi-
viog A, wpiywvov ABI givou avloyn opuo- aei to AE. .
vikG tov B ko I, . Aivetar tpiywvo ABI ue A > 90° kou n

2. Av AA givai n dyyotopog tprywvov ABIT 51,“’“ €008 TOD,AM' Av i Oyotopog o yo-

oy ) ) viagc AMB téuver tnv AB oto A ko1 v
Kor AB = Ve J1Ka1040Y1}0ETE Y10 rpoéxtaon ¢ 14 oro E, vo omodeilete
L+y=2ao. ott EA -AB = EI' - AA.

3. Ti ovoudletar Amoliwviog kbxiog wg | 4. Av M eivar to uéoo tng mievpdg Bl evog
npog ovo onueio. A ko B, Tléoor tétoiol piyivov ABI kai o1 d1yotopor twy ywvi-
Amolidvior kbrlor vrapyovv; Me moiovg v AMB ko1 AMI wépvovy g mievpéc AB
tpomovg umopel va opiolel kamolog amd xou A" ota A kou E aviiororya, vo amodei-
ovTovS; Eete ot1 AE//BI.

4. Zro Simdavé ayijpio. ei- . Av A4, BE xou I'Z givar o1 dryotopor twv

AA 3 I YVIOV evOs Tpiyevov ABI] va amrodeile-
vor A4 7 O1Y0TOUOG, ’ oA
10 &ykevipo kot 1, to 1€ 6T — . 2
TOPAKEVTPO TOV TP1- AI' EA ZB , ,
, , Aworowddote kot amodeiéte avaloyn mpo-
yavov ABI To onueio , ,
(4, 4) xou (I, 1) amore- 10,01 Y10, TIG EEWTEPIKES OLYOTOLUOVG.
Jlodv apuoviki tetpd- . Aivetar 1cooxeléc iyawvo ABI (AB = Al)
da, Na. Sikaroloyioete v amdvinor cog. eyyeypopiuévo og koklo (O, R). Av A -
., ; xoio onueio tov toéov BI” ko n AA téuver
5. O yewuetpikog tOmos TV oNUEI®Y TOD

ETITEOOD TOV 01 OTOGTATELS TOVS OO 00O
optopévo. onueio A kar B Egovv Aoyo L = 1
eivou:
i) Kdxlog drouétpov AB
ii) H ueooxabetog tov AB
iii) 1o uéoo M wov AB
iv) Kavéva omo ta mopamovo.
(Na. O1k010A0YHOETE THY ATAVTNOH GOG).

Aoknoels Eunédwons

1.

H diauecoc AM xou i diyotouog BA tpi-

yovov ABI téuvovrar oto E. No. arodei-

AA
AT

Cete o1 =2
EM

mv whevpa Bl oo E, va amodeilete Ot
EB -A'=EIl - AB.

. 2e éva nuukodrlio drouétpov AB pépovue

TG EPATTOUEVES TTO, GKPO. THS OLOUETPOD,
KaOi¢ Kol Hio, EPOTTOUEVH GE TUYOLO ON-
ueio tov E, mov téuver v evbeia AB oto
Z ko ¢ aAAe 0vo epamtoueves ota I Ko
A. Na amodeiéere ol o onueio I, A eivor
ovloyn apuovika twv E, Z.

. Abo whevpég evog tprycdvon eivar 20m kou

36m. H dryotouog s ywviag, n omoio. me-
pLéEyetor UETOCD TV dDO AVTOV TAEVP DV,
oLaapel v pitn TevPa. e dVO UEPY, TO.
omoia o1opépovy koza. 12m. No vroloyi-
00¢t n ity Thevpa.




W
Ll
W
T
™
W
P
W
LLl
X
=
LLl
|

AnodeiKtikés AOKNOEIS

1.

Aivovtar o1 dradoyixéc ywvies xOy = yOz
=zO0t = 45° ka1 ta1 onueia A, 4 twv Ox,
Ot avtiotoiya, téroio wote OA = OA. Av
B, I' etvaur ta onueio toung e A4 ue tig
Oy, Oz avtiotoiya, va amodeicete 611 AB®
= BI-AA.

. Ano 10 uéoo M g whevpag Bl evog tpi-

yaovov ABI” pépovue v wapdiinin oty
oryotouo tov AA, wov téuver tig AB, AT’
ota E, Z avtiotorya. Na amodeilete Ot
BE=T7Z.

Aiverou tpiywvo ABI i diyotouog tov AA
KOl T0 EYKEVIPO TOU 1.

Al
i) Na vroloyiobei o Joyog oy @S oV

VOPTHON TWV TAEVPAV a, [, Y TOV TPI-
YHVOU.

ii) Avf +y=2ara K 10 fopvrevipo
TOV TPIYDVOU, TOTE:!

a) IK//BT B) ZF - ﬁ;y,

omov Z, E ta anueio touns twv AB,
ATl avtiotoya ue v gvlbeio. IK.

. Av o1 dryoropor twv yoviav B kar I evog

p1ydvov ABI] téuvovy ) d16ueao tov
AM ota A kot E avtiotoya, vo. awodeile-

., AA AE
€ 0Tl —— +—— > 2.
EM

. O1 un wapatinles mrevpés tpaneliov

ABIA (AB//IA) téuvoveor ato O. Av i1 di-

KE®DOAAAIO 7. ANAAOTIEZL

xotéuoc e yoviac AOB téuver tic AB,
I ota E kou Z avtiotoyyo, vo, amodeilete
otL:

i) ZA-BI'=ZI"AA,

ii) EA-BI' = EB-AA.

LuvOeta Oépata

1. Aiverar wpiywvo ABI eyyeypouuévo oe xb-
who (O, R). Av n kaBetn dicuetpog KA otn
BI' téuver ig¢ AB, Al avo. E, Z avtiotoiyo,
vo. omooeiete ot ta E, Z eivou avloyn op-
povika twv K, A.

2. Av o1 dryotouor Vo amévavti ywviey Te-
pariedpov ABIA tuvoviar mave ot dio-
YOVIO TOV EVWOVEL TIG D0 GALES KOPVPES
700, 107€ ¢voul AB - I = AA - Bl Na ece-
10008l v 16)0EL N AVTITTPOP TPOTAOT,.

3. Aivetou 16¢0 AB Kbriov (O, R). No opi-
oete onueio M tov t6éov AB, tétoi0 dote

MB % OOV L1, V OOGUEVO. TUNUATOL.

4. Aivetar woapolinroypoupo ABIA kai to
onueia E, Z tov mlevpwv tov A4, AB
avtiotoyyo, wote AE = BZ. Av H givou 10
onueio touns twv BE kor AZ, vo. awodel-
¢ete ou n I'H eivau diyotopog me ywviog
BIA.

5. No xoraoxevaoete tpiywvo ABI ue foon

AB
BI' = a, byogc AH = =0
a, dyog VKoL~ =T, Omov
L, V 00GLEVO, TUNILOTOL.

. Aivovror dvo kvklor (K, R) kar (A, p) wov

epamrovrol eCwtepika oto A. Pépovue to
K01v0 epomtouevo Tunue tovg AE kor v
AB kdbetn otn AE. No amodeiéete ot

AB:MJ,
R+p

. Mia uerofiinti evbeia € diépyetar omo to

Papixevipo O evog tpiyavov ABI kou té-
uver tig whevpés AB, Al ata A, E ovtiotor-
xo. No amodeilere ot

AB ET
e §
AA  EA

3. i) Osapnua Meveddov. Aivetor tpiymvo
ABI kou evBeio € wov téuvel tig evbeieg
AB, BI, T4 ota A, E, Z avtictorya. Na
omoogiete 0Tl

AA EB ZI

AB EI ZA

ii) Osapnua Ceva. Aivetor tpiywvo ABIT
xou to. onueio A, E, Z twv evbsiowv Bl T4,
AB, avtiotoryo. Av o1 evbeies AA, BE kau
I'Z ovvtpéyovv, tote 10)deL:

AB EI' ZA J

AI' EA ZB

No. eéeto00¢l ka1 yio. ta. dvo Becwpnuora,
oV 1GYVEL TO OVTITTPOPO.
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. Aivetou mopalinAdypoupo ABIA. Av i o1-

xotépoc e ywvias BAT tuver ty BA oto
E ko Bl 010 Z, va arwodeilete ot
EA A J

EZ AB

. Aivetar kdrxlog drouétpov AB kai yopon

IA k6Oetn oty AB. Av M givor onueio
¢ Yopong ko ot evleiec MA kor MB é-
Hvovv tov kbxlo ota E ka1 Z ovtiotoiya,
vo orooeilete ott EZ - ZA = EA - ZI

. Av ta onueio (4, B) kou (I, A) amotelodv

ApOVIKN TETPAI0. Kot T0 B eivar uetald
tov I, A, va arodeilete oti1:

i) 04’ =or - 04, omov O 7o péoo tov

0710 E0WTEPIKO TG Ywviag. Na kotookren-
000¢i evbeia, mov vo diépyetal anod to A
Kl VO TEUVEL TIG TAEVPES THS YOVIAS 070,
onueio, B kot I, wote:

i) 70 A va givou péoo tov BI]
.. , 2

ii) vaeivor AB = 3 BI' kau
U

ar v
YVOOTE TUUATO.

iii) va givar omov , v gival

9. Avo kvklol (K, R) ka1 (4, p) téuvovrai
ota onueio A kor A'. No kotookevooOsi

AB. evbeia, mov va diépyetor and o A kot vo
2 ] ] TEUVEL TOVS KOKAOVG ota onueia B xai I,
ii) 1B ar T s wote va ivai:
AB 3
7. No katookevootel eawTEPIKH NUIELOELO. i) AB =Al i) ——=—-.
, s , , Al 4
Ax ¢ yoviag A tpryddvov ABI térora,
wote av A, E eivar o1 mpofoléc twv B, I' | 10.Av A4, BE, I'Z eivaur o1 dryotduor evog tpi-
, . A4 yeovov ABI kou I givai to éykevipo tov
oty Ax ovtiororya, vo. givol ==, g , .
AE v PIYDVOD, VO, ATOOEILETE OTL
OOV W, V EIVOL YVWTTC, TUIUOTOL. 4 IB I
, A . , S+ >0
8. diverou yowvia xOy ka1 otobepo onueio A m IE  IZ ~

APAXTHPIOTHTEZ

1. No amodeiéete 0 avtiarpopo tov Gewpruatos Tov Ool.

2. Aivetou evBoypouuo tunua BI” kai toyaio onueio A tov emmédon, diapopetino twv B xair I Na
KOTOOKEVATETE TOV ATOAADVIO KUKAO ¢ TTpog ta. B kar I, o omoiog digpyetor amo 1o A.

3. Aivetou tpiywvo ABI kou i dryotouog tov AA. No. eéetaoete ov ta. B kou I avijkovy otov 1010 Awol-
Awvio kbxAo w¢ mpog ta A kai A. No. KoTaoKevaoETE TOV TOPOTAV®D KOKAO Ko va. Ppeite To A0yo

W4 25 ovvapTion Ty TAEOPAY a, P,  TOV TPLYVOL, Omov M TUYI0 OHUETO TOD KDKAOD.

EPFAZIA

Aivetar evfoypouo tunua AB kou onueio I” ¢ evbsiag AB. No. fpebel to opuoviko ovlvyés tov I”
w¢ mpog ta. A kou B (000 mepimrarveig).



IXTOPIKO XtHMEIQMA

Métpnon

210 TPAOTO 6TAdIN AVATTVENG TNG KOW®VING 1
pETPNOM YvOTOV «UE TO LATYY, APOV TO UETPO
dev elye drokpbei og ave&dptnn 1016t Ta EVOG
OVTIKELEVOL. XTIV TOPEl avATTLENG TG KOV®-
viag, 60Tav TETO10V E100VG «TOLOTIKAY) HETPO KPi-
Onkav avemapkn, epeavicinikoy Kimo GLGIKA
UETPO, OV MTa GLVIOMG LEPT TOV OVOPAOTIVOL
GOMOTOC, OTMG TO UNKOG TOV TOS10V, TO TAUTOG
™G maAGUNG K.4. o v vmapén tétotov pétpmv
HOPTVUPOVV KOl Ol OVOLOGIES TOV HETPOV UNKOVG
oL Sl TNPNONKAY PEXPL GUEPT, OTTMG KOO,
«OAKTVAOGY, «TaAdun» k.. Ta pétpa avtd xpn-
GLOTOIOVVTOV OPYIKE Y10 TOV TPOGOOPIGHO TNG
100TNTOG TOV HETPOVUEV®V PeYEBmV 1| TG 1600V-
vapiog tov oynudtav. To pétpo evog peyébovg 4
NTOV TO0 TANGESTEPO AKEPALO TOAALATALGIO TNG
povadog E.

H avayxn ywo mo axpiPeig petpnoeig odnynoe
TN (PN VTOSPEGEDV TNG LOVASAG LETPOL.
‘Etotl gpgovicmnroy to TpdTo «GUYKEKPIUEVA
KAAGLOTOY, ™G HEPT] TV CUYKEKPILEVOV LETPOV
a6 6mov tponAbav. H wotopkn dwadikacio yé-
VEONG TOV GLYKEKPIUEV®V KAAGUATOV MG OTO-
TéEAEGHO TNG avAYKNG HETPNONG emPePondveTal
Ao TNV AVOLOloHopPia TOV GLUPBOAGHOD TOV
KAGHATOV 0vToD Tov TOToV. X1 Bafuridva ta
ovppora yuo to 1/2, to 1/3 ko to 2/3 eivon Tow-
Toypovo ko cOpPora doyeimv, nAadn cuyKekpl-
HEVODV HETPOV GYKOV. TNV apyoio AfyvrTo o0~
Kpivovtot To povoika kAdouozo (1/2, 1/3, 1/4 ko
2/3), mov SLopOPPOON KAV OTd GUECES TPAKTIKEG
avayKeg Ko £gouv 1014Lovca OVoUaTOAOYio Kot
1EpOYALPIKO cupolicouo, kot ta alyopiBuikd
KAdouozo, Tov oV TS Lopeng 1/v, kot epga-
vicOnkav wg mpoidv pabnuatikng eneEepyacios.
H ave&opttomoinon tov KAAGHATOG 0d TO G-
VOQOAGUEVO TTEdTO peyebmV fTav TOAD o apyn
amo TN SUOPP®OT TNG EVVOLUG TOV PUGLKOV
apOpov. Agv €yve ypiyopa avTiAnmtd OTL Ol
apOUNTIKES 1O10TNTEG TV KAAGUATOV deV €E0p-
TOVTOL oo TIG 1010TNTEG TOL Ediov peyebadv, 6o
omoio avnKouv.

H npot™ EAAnvua Osopio pétpnong. Mia ano
TIG ONUOVTIKES dtopopEs TG EAAN v g pabnpa-
TIKNG TapAdoomg amd TV Atyurtiokn kot ) Ba-
BoAmviakn etvor 0Tt To. TPOPAOTE TNG HETPT-

KE®OAANAAIO 7.

ong ovveymv peyebov tibevtal o véa BempnTikn
Baomn. O1 pabnuoatikot apyilovv va avalntodv
pebddovg pétpnong pe faon kdmoto apnpnuévn
povéido LETPOV UNKOLGS, empaveing 1 dykov. Kot
€00 Ogv evvoolle epmelpicég HebBodovg (Tpocey-
YIGTIKOD) TPOGOOPIGLOD TOV HETPOV TTOV VL TKOL-
VOTO00V TPOKTIKES AVAYKES. ATatteitan 1 amo-
de1én g vVapéng evog tétotov péTpov. H véa
OLTI) TPOGEYYIGT] ATOLTOVGE TNV EIGAYMYN VEDV
DePNTIKOV EVVOLDV Kol VEDV TPOTWV GLALOYL-
opov. Kdabe ovykekpiévo idog peyebov sivar
GLUVVQUGUEVO LE OPICUEVO TPOTO GVYKPIGNG TV
(QLOIK®V OVTIKEWEVOVY 1) coudtov. Ta evdbypop-
Lo TUALOTO, Y. WTOpOovV va cuYKPLOohv pE )
Bonbeta g EVvvolog TG «EQPOPUOYNS» TOL EVOG
eni Tov AoV, 1 omoia 0dNyel TNV £vvola Tov
HUNKoLG: Vo VOVYPALLO TUNHOTO £XOVV TO 1010
LKOG OV LLE TN LETOPOPA TOV EVOG ETL TOV GAAOL
«e@apuolouvy, EVO TO £VOL VTOAEITETOL TOV (A~
A0V TOTE TO TPMOTO Elval LIKPOTEPO TOV SEVTEPOV.
To Bapn etvor peyédn diiov gidovg. Aev €xet vo-
NUe TO EPAOTNHA 0V TO PEPOg TOL CAOLATOG Efvart
peyaAdTEPO, 100, 1 LUKPOTEPO OO TO UNKOG EVOG
evbOypappov Tppatog. ‘Etot, ta piKm, to gp-
Badd, ot 6ykot, ivar dtapopetikd eion peyedov.
To mpdPAnpa g pétpnong evog peyébovg 4 pe
™ Ponbeta g povadog £ cuviotatol apyikd,
otV apyoio. EALGSa 6to va Ppedel mocec popéc
TEPLEYETAL 1| Lovada 6to A, dnhadn (nteital o
aplOuog a tétolog, vote 4 = ak, 6mov A Kol E
elvar peyébn tov awtov €idovs. ‘Eva péyebog X
gtvon koo pétpo dvo peyebov A kou B, dtov me-
pLExeTaL akEPalo aplipd eopav ota peyen avtd,
onA. A = aX, B = BX. Tote ta peyédn Aéyovtal
OOUUETPOL.

O1 apyaiot EXAnveg yeopétpeg etyav Ppet o amo-
TEAEGLOTIKN S10d1KOG10L LE TNV 0TT010L UITopovoaV
va fpovv 10 Koo péETpo dvo peyebmv A kot B,
av vapyel. [pdxketron yio ™ dadkacio g ov-
Ovpaipeons | aviavoipeons (YVOOTAG GNUEPO OC
oAyopiBuog tov Evkieion), n omoio ektifetat oTig
dvo TpdTEC TPOTacES Tov Bifdiov VII v «Xtot-
yelovy Tov EvkAeidn. Av vtoBécovpe 6tL A > B,
T0TE apopovpe To B amd to A 06eg popég yive-
Tat. Av dev meplocevEl volotmo, ToTe T0 B petpd
axplPdc To A Kot ivotl To koo pétpo. Eidepun
&yovpe vmorowmo B, ue B > B,. Epapudlovue mv
oo dwdikacio ot B, B,. Av dgv mpoxdntel vid-
Aoro, o B, etvor to kowd péTpo, e1deun Eyovpe
éva véo vorouto B,. Av 1 emavainym avtig g

ANAANOTIEZL
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dwdikaciog Tepuatiotel og Kdmolo B, mov petpd
axpPag to A, tote 0 B, givat to {nrovpevo kowd
HETPOo. Av 0 akyopiBpoc dev teppatifetor o dVo
uey€dn etvon aotuuetpo. Ibavototo oto Ogaitn-
TO V0L OVIKEL 1] 10€0L VOL EPAPHOGTEL 1] avBvpaipeon
MG KPUTNp1o acvppeTpiog dvo tunpdtov. To kpt-
P avTd amodekvoeton oty [pdtaon 2 Tov
BipAiov X tov «Ztorgeiovy.

H avaxdloyn 0T dev vmdpyel Ko1vo uétpo e
O10ywVIOD K0 THS TAEVPES TOD TETPOLYDVOD OO~
didetan otov [MuBayopa. To mog axpiPadg Eyve
QLN 1 OVOKAADYN TOPAPEVEL OO 0VOTKTO Yol
10 omoio &yovv mpotabel moikileg epunveieg.
Opwmg n avaxdioymn autn, Kabmg Kot 1 SUGKOAIN
AOGNG TOL TPOPALOTOG TOV TETPAYWOVIGLOD TOV
KOKAOL (BA. Tox pn emiAdoruo yewuetpixa mpofin-
noto e apxerotnTag) Edwcov véa mbnon oto
UOOMNUOTIKG TOV HETPOVUEV®V HEYEDDV.

H yeviki] Ozopio Tov avaroyiov tov Evdocov.
H Ymap&n acoppetpmv peyedov odnynoe ot do-
Tonwon pag véag Bewpioag and tov Evdo&o tov
Kvidio mov extibetar oto Birio V 10v «Z101-
yelovy tov Evkdeion. H véa Oewpio twv avalo-
y10v oTNPileTon oTn YEVIKN £vvola Tov peyeboug,
mepopPavovtag £Tet Kot Tovg aptpong Kot To
AL cvveyn Leyedn (unkm, emeaveteg, dykot). H
£vvola vt 160YeTol aEIOUOTIKA e T fondeta
tov Kowvav Evvoiov oto BifAio I mov opilovv Tig
OYEGEIC 100TNTAG KOl OVIGOTNTOG.

O Evdo&og opiler mote 600 (evyn Apyundeiov
peyebov a, B kat y, & £xovv tov 1610 AOY0 pE T
Bonbetn twv TOALATAAGI®V OVTOV TOV LEYE-
0ov, snradn otav: 1) pa > vp kot py > vo 1 2)
po = v kot py = v, M 3) pa < vp kot puy < vo.
v mepinton avtn to pueyédn a, B, v, 0 Aé-
yovtal avaloyo. H oyxéon g avaroyiog givot
oyéon THTOV 160TNTAG, ONANOT GULLLETPIKT KO
petafatikn, ko £tot o Levyn peyebov dwopepi-
fovtan o€ KAGoELS 10dvvVapiog (evymv Tov £xovv
Tov 1810 Adyo. Etot, 0 Adyog pmopel va eicaybei
MG TO KOWO YOPOUKTNPIOTIKO OV £xouv To. (ehyN
peyebaov pog kKiaong.

H yevikn Bsopio tov avoroyidv amoteAel )
Baomn g nebddov g ecaveinong, | omoio epop-
pooTnKe amd tovg apyaiovg EAAnvec otn pé-
TpNomn (LN GTOYEIMIDV) ETLPAVELDY KOl OYKOV.
Ypiletor oty 10€a 6TL av amd Kamoro péyedog
0PAPEGOVLLE TEPIGGOTEPO OO TO UIGO, OO TO
VTOAOITO EMIONG K.0.K., TOTE PUETE OO TEMEPOL-
ouévo aplbud Pnpdtov taipvoovpe vréAOITO
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UIKPOTEPO OO OTOL00NTOTE dedOUEVO PEYEDOC
(«Ztoyeion, BifAiio X, IIpotaon 1). Me diha
A0V, 1) OLOPOPE OVAUESH GE piol LETOPANTY
TOCOTNTO TOV TEIVEL G€ £VOL OP1O, KOL GTO OPLO
a1, pmopel va yiver 6o pkpr BEAovLe e vo-
dumhaciacpd ™e. Me ) Ponbeia g pebddov
g eEavtanong o Evdoéoc amédeile to mopakd-
T BepnpoTo
1. To epPadd dVo KOKA®V £xovv Adyo 160 TPOg
T0 AOY0 TOV TETPUYDOVOV TOV SLAUETPOV
TOVC.

2. O 6yxog mupapidag woovtal pe to 1/3 Tov
OYKOV TOV TPiGHOTOG [E TNV 1010 Bdon Kot
VYoG.

3. O 6ykog tov k@dVoL 1oovTaL pe TO 1/3 TOoV
OyKoL TOoV KVAIVOpovL pe TNV 1d1a Paomn Kot
Vyoc.

Me v id1a péBodo o Apyndng Pprke Eva TANR-

0og vémv epfadmdv Kot OYKwV, OTmg To EUPadOV

NG TOPATAEVPNG EMPAVELNG KUAIVIPOL KoL KM-

VOV, To eUPadOV TNG EXPAVELNS COAIPOS, TOV

OYKO NG OIS K.A.

Apypogro ko pn Apyipfqosia peyédn. o

va woyvel 1 Beopla TOV avaloyldv TPETEL Va

opifetatl 0 AOYOG AVALESO GTO GVYKPLVOLEVA
peyédn a, B. Avtd eEacpariletor av vTapyovV

aKEPOIOL L KoL V TETOL01, MOTE Mot > B Kot VB > o

(«Zroyeion, BiAio V, Opiopodg 4). H cuvOnkn

ot ovopaleton onuepa aciwua tov Evdocov (1,

ouyvotepa, aliouo Apyiaion - Evoocov). Ta pe-

v€0M yo Ta. omoia tkavomoteiton To a&iopa ovtd

Aéyovtan onpepa Apyiunoeia.

Ag onpelmdel Tog un Apyundeta peyén ntov

yvootd oty EAAN ViKY apyondtnta, 0Tmg ot Ae-

YOUEVEG KepaToEloelc ywvieg. TIpokeiTat yia )

yovio Tov oynuatileTal m.y. and 1o T050 TEPL-

(PEPELOG KOL TNV EPATTOUEVT) GTO €VOL GKPO TG,

dMAadN TO HEPOG TOV EMITESOV TOV TEPIEXETOL

peta&h Tov TOEOL Kot TG EPATTOUEVNG GTO G-

peto eraenc. OGOMTOTE KOl OV LUEYOAMGEL LU0

Tétoo Yovia dev pumopet Toté va veepPel ™ yo-

via Tov oynuotifetal amd TV PATTOUEVT] Kot

OTOLOONTOTE TEUVOVGO TOV TOEOV GTO ONUELID

topns. ‘Eva tétoto péyebog a, to omoio morha-

TA0G10LOIEVO €T OTOLOVONTTOTE TEMEPACUEVO

aplOpd v Topapével pukpdtepo tov peyéboug f,

ovopaletal evepysio amEPOTTO MG TPOG T0 f, N

avtibeta, to f Aéyetan evepyeia dneipo péyebog

®G TPOG 1O a.




ANAKEOAAAIQXH

KE®DOAAAIO 7. ANAAOTIEZL

MéyeBoc Aéyetar otidnmote emdéyetal avénomn N erdttoon. X [eopetpia
EYOVUE TO PEWUETPIKA, PEYED.

‘Eva ev0Oypappo tunqpo I'A Aéyetan vmodiaipean tov AB, av vrdpyet £vog @u-
o1KOG apOuds v, wote [A=——.

‘Eva svenypauuo Tupa TA ksyawt yvouevo 1ov AB enti 10 Oetiné pyTo apBud
q= 7 (u>0,v>0), av etvar dBporopa pL VBVYPAUU®V TUNUATOV IGOV LE TB
Av yuo dvo un pnodevika evBvypappa tunpato AB kot TA vapyel pntog q = b
10106, wote ['A = qAB, Ta 600 gVOVYpapL TUNUOTO AEYOVTAL GOUUETPO K(\)L)l
0 aplBuog q = B Aéyetanl A6yog TV OVO TUNUATOV.

M ko vodaipeon KA = AB_ 1A Aéyetan ko Kotvo uétpo tov AB

v H
kol TA. Avo cOppetpa vfOypoppo Tuqpoate ivon aképota ToAAamAdoio kibe

KOWVOU TOLG UETPOV.

AVO gvBOYpapLo TUNHOTO TTOV OEV ivol COUUETPO AEYOVTOL AGVHUETPA KOL O
Adyog tovg givon Evag appytog aplOpdc.

To gvBOYpappa tuqpoTa o, v, AEyoviot avdioya mpog to tunpota B, 6 6tov

elvan *_¥ .

B o
Avadoyia Tunpdtov Aéyetol k4O 166t TO TG LOPONG e % , omov a, B, v, &
glvort ev0VYpapLLe TUNHLOTOL p

Mézpo vdg evBhYpapoL TUNUATOG O €fvat 0 AOYOS TOV o TPOG VAL GALO T O

7oL Taipvovpe avbaipeTa wg uovaoda uétpnyons. Etot:

— Avo oo tunquata £govv ica PETPO Kol avTioTpoQa.

— O AOYog TV PETPOV dVO TUNUATOV, TTOL LETPAOVTOL LE TNV 10100 LOVAdQL [LE-
TPNONG, 1600VTOL [E TO AOYO T®V dVO TUNUAT®V.

Av v Ta dtapopeTikd cuvevbelakd onpeio A, B, M 1oyvet
0tL 10 M draupei to evOvypappo tuqpuo AB ce Ldyo A.

=\, 10TE Aépe

— To M dwpet ecwtepira | eémwtepira 1o Tpqpa AB og Adyo A, av 10 M givan
avtiotorya peta&d tov A kot B 1) oty tpoéktacm tov AB.

— To onpeio M mov diapel 1 ecmtepikd 1 e§wtepikd to TuRpa AB 6g Adyo A

glvol Hovaoixo. 8, 3,
Ocopnpo Oain A/ \E 6
— Tpew TovrAdyioTov mapaiinieg gveiec: B I \Z .

AB Bl AT ’
Av g,//g,//e;, 10TE = = .
ZH EH
AB EZ
AvticTpo@o: Av g,//e, kon —— =——, 1618 ['H//¢///¢, . r' |
BI' ZH’

29



EYKANEIAEIA TEQMETPIA

30

— X10 Tpiy®dVoO

AA:ABMAA:AE:AE
AE EI AB AI' BI'
AA

AB
AvtioTpo@o: Av — =——, 101 AE//BI.
AE ET

I'eopetrpikéc KOTAGKEVES

Av AE//BI, tote

— Kotaokevn tetdptng avaidyov

— Awipeon evBOYpOULOV TUNHOTOS ECOTEPIKA KO EEMTEPIKA GE OGUEVO AOYO
Yvlvyn appovikd

Avo onpeio I' kot A wov dapodv ecotepikd kot eEmtepikd to Tunpa AB otov
1010 AOyo0, Aéyovtar culuyn appovikd tov A kot B.

Ozopnpata dryoTopmv

Ecotepukiig dryotépov EEotepukiig dryotépov
A
20 A
1
B E B r
A T
AB AB EB AB
AAS ¢ —=— AE g€mt. dyotouoc & —=——
HOTOROS = A AT SO OUOTONOS & LT T
AB=—" Ar-_% EB—— " pr-_%_
Pty Pty P—y B-v

Ta v A kat E g ecotepicnc kat eEoteptkng dtyotopov e yoviog A, tpt-
yovov ABI, givar onpeia cvluyn appovikd g tpog ta B ko I

A
371\2
E B A I

Amoliaviog KvKA0g ¢ Tpog ta onpeia A kot B Aéyeton kéBe kdkAog dapétpov
I'A, 6mov ta I' ko A eivar cvloyn appovikd tov A ko B.




KEOAAAIO

OMOIOTHTA

210 KEPAAOL0 LTO HEAETMOVTOL O1 1O1OTNTEG TOV OLOL®Y EVOVYPAUUOV GYNUATOV KOl E101KO-
TEPO TOV OOV TPLYDVOV Y10, T 0010 SIOTVTAOVOVTOL KATAAANAL KptTnpla opotdtntoc. H
OUOLOTNTO EMEKTEIVETOL GTO GUVOAO TMOV GTOXEIMV T®V ELOVYPUUU®Y CYNUATOV VD divovTal
TPOKTIKEG EQAPUOYES GE TPAYLOTIKA TPOPANLOTO KOt CIUELOVETAL OTL 0moTEAEL PaciKd GuV-
deTko kpiko AdyeBpag ko 'ewpetpiog. TéLog, mapovstaletol n 6TEVH GYEGN TNG OUOIOTNTOG
LLE TNV TPLY®VOUETPIQL.

Naog oto Khajuraho tng
Bopeiokevpixic Ivdiag,
100c¢ - 110o¢ aircdpvac.
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8.1 ‘Opola eubuypauua oxnuata

Ag Bempnoovpe éva mapalinioypappo ABTA kot omd ta
néca B’ ko A’ tov mhevpav AB kat AA avtictotya, ag ¢é-
povpe mapdAAnAeg mpog Tig AA kot AB, ot omoieg tépvovtat
oto onueio I''. Tote 10 maparinAdypapupo ABT'A" éxet Tig
yYovieg Tov 1oeg pe T1g avtioTolyeg yovieg tov ABIA, evo
1oyveL 0Tl

AB" BT T'A" AA" 1

AB Bl TA AA 2

Ag Bewpricovpe katomy Eva tpiyovo ABI kot ag mpoektei-
vovupe Tig TAevpég Tov AB kot AT mpog ta onpeio B kou I
avtiotoya. Ocwpovue onueio B’ otnv npoéktaon g AB,
¢to1 dote AB' = 3AB. An6 to B’ pépovpe mapdAinin mpog
v tpitn mhevpd BI, mov tépvel v mpoéktaon g Al oto
onueio I'.

Tote mapatnpovpe 0t Ta Tpiyove ABIT kot AB'T' éxovv
OLeC TIG YwVieg TOVG 1o€g pia TPOG pia, EVED ETUTAEOV 1GYVEL
ot

AB" AI" BT'

AB AI' BI
To 600 TapaAINAOYPALLLD, OT®G Kol To OVO TPIYWVA TOV
KOTAOKELAGON KAV TPONYOLUEVMC AEYOVTOL GpOoLa, EVD O
AOYOG TV OOAOY®V TAELPAOV TOVG (dNANOY| TV TAELPDOV
mov Bpiokovtal anévavtt and ioeg yovieg) Aéyeton A6yog
oporotyras. 'evikdtepa yio to Opote EDOVYPOLLLLL GYALLOTOL
€yovpe Tov axodAovbo opiouo.

3.

Opiopds

Av0 gu0VYpappa oyqpratae AEyovral opora, av £xouvv
TIG TAEVPES TOVS AVALOYES KUL TIS YOVIES TTOV G| 10-
Tilovton amé oporoyeg TAEVPES TOVG i6EG pia TPog pio.

O AOY0G TV OHOLOY®V TAELP®Y OVO EVOVYPOUUU®OY TYNILE-
TOV AEyeTo AOYOC OHOOTNTOG ALTAOV Kot cLUPoAIleTO e
A. H opotdmta peta&d 6vo evbuypappmv oynuitoyv cup-
BoAileton pe = .

OEQPHMA

O Adyog TV TepETp®V dV0 otV vBvYpapp®Y oYN-
pdtov 1ovton pe To Adyo opoldTTdG TOLG,.



KE®OPAAAIO 8. OMOIOTHTA

Ag Bempnoovpe dvo dpota vBvYypappa oyfuato ABIAE
kot A'BT'A'E’ (avdroyo amodeikvietot yio e000ypoppo
oyNUaTa e TEPLOGOTEPEG KOPLPES). AOY® TNG OLOLOTNTOG

B Ba &yovpe Ot
A A'B" BT' TI'N" AE" EA"

T AB BI' TA AE EA
Al Kot oo TIG W0TNTEG TOV 0VaAOYL®V, TO dOpoicua Twv apld-
UNTOV TPOG TO AOPOIGLOL TOV TAPOVOUOGTOV IGOVTOL LE A,
Ey onhadn:

es]

A,

B’ A/Bl+ Bll—‘!+ FIA’+ A’EI_I_ E!A! _ }\l
A’ AB+BI+TA+AE+EA )

m Kpitnpia opoiétntas
>y mopdrypapo avti O acyoAnBovpe pe TV OpotOTNTO TOV
TPYOVOV, KaO®OG amodeikvoeTol (epapuoyn 3) 61t dvo opota
evBVYpappa oynpata yopilovror og 16ap1OHa dpoto Tpiywval.

OEQPHMA | (1o Kpithpio Opolidtntas)

Av dvo 1plymva £xovv 600 Ywvieg Tovg ioeg pia Tpog pia,
1ot glvan oo,

R Ag Bsopricovpe ta tpiyovae ABT kat A'BT' pe A = A,

B = B', onote xar ' = I Xopic prapn e yevikdmTag,

Bewpovpe 6TLA'B’ < AB, emopévac vdpyet onpeio B” oty

AB 1ét010, ®ote AB” = A'B’. And ™ B” @épovpe mapdi-

B" r AnAn mpog ™ BI' mov téuver mv Al oto I'"'. Tote T Tpiyd-

/ va AB"T""xou ABI givon dpota, apov 1oyvet 6t B"T"//BT,
B r AB” AT B'T”

onote Kot A givor kown, evo B” =B

N AB_ AT BT
onote ko [ =T
Oupwg ta tpiyova AB'T" kot A'B'T eivan ioa, kaBdg £xovv
pio TAevpd iom Kot TIC TPOGKEINEVEG GE QLT YwVieg {0EC.
B’ I

Yvvenag to tpiyove ABIT kot A'B'T givan 6pota.

MOPIZMATA

1) Avo opboymvia Tpiywva givar dpota, dtav Exovv pio
oela yovia Tovug ion.

i1) Ola ta 16émAevpa Tplyva givat Opoto Leta&d Tovg.
iii) AVO0 1600KEAN TPiy®Va, TO 0TOi0 EYOVV pio avTioTOL-
m Yovia ion, etvor Opota.
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ZXOAIO

To Bewpnuo wov exppaler ot
000 ouola TPiywve Exovy TIg
TAEVPES TOVS AVAAOYES KOl TO
HvOayopeio Bewpnuo amote-
Aovv tovg focikods cvvieTIKODS
kpikovg g I 'ewuetpiog ue v
Alyefpa. H abvoeon e I'ewue-
wpiag we v Adyefpa eivai 101-
altepa ewoikodountiki], kowg
LLOG ETITPETEL VO, YPHOLUOTOLOD-
e v erorreio g I ewuetpiog
oe alyefpixa mpofinuato kat
Y EVYEPELD TV TPALCEDV THS
Alyefpog o€ yewuetpixa mpo-
pAnuoza. To opolo tpiywva kai
70 ITvBayopeio Geapnua amo-
edecav ta Oguéiia g Tpryw-
vouetpiog. Xpnoiuomoimviog
ouoia Tpiywvo, umopovuE vo.
vmoloyicovue TI¢ d100TATELS
EVOC OVTIKEIUEVOD UETPAOVTOS
TI¢ O10OTAOEIS EVOG UIKPOTEPOD
novtédoo tov. To poviédo owto
Oa éxer t1g i016¢ Ywvieg ue to
OPYIKO, ETOUEVMS O1 OIOTTOTEIS
70D OpPYIKOD TPOKDTTOVY OV TOA-
Aamwhaoidoovue Ti¢ oVTIoTOLYES
O10.0TAOEIS TOD HOVTELOD UE TO
Aoyo ouoiotnTag twv ddo oyn-
LATWV.
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OEQPHMA Il (20 Kpithpio Opoiétntas)

Av 300 Tpiyova £govv dvo TAgvpES avarloyeg pia mpog
pio Ko TG TEPLEYOUEVEG OTIG TAEVPES AVTES YOViES 10EG,
1ot glvan oo,

Oewpovpue ta tpiyova ABIT kot A'B'T’ (0y%.4) €101, dote

A=A"xmu B AL Xwpig PAaPn ™G yevikoTTag Oem
povpe 0Tt A'B’' < AB, emopévag Oa vdpyet onpeio B” oty
AB, ne AB”" =A'B’. An6 10 B” pépovpe mapdAinin wpog
BI" mov téuver v Al oto I'"'. Emopévac, ta tptyova AB T
kot ABI givan opota. Eneidn ABT = AB'T" givan

ABH: Al"” i A!Bl: AI—‘II
AB AT | AB AT
Ouwmc, amd v vtdbeon 1oyveL Ot AB_ AT
,omo T ndOeon 1o T = .
nwge n n 16y AB AL
AT AT’
Enonévoc katainyooue 01t = 1AL =A'T".
HEVMG TYOLLL AT AT n

Tehkd ta tpiyova AB"T" kot A'BT' eivan {ca, kabng £xovv
000 mAevpéc ioeg pio mpog pia Kot TIC TEPLEYOUEVES GTIG
TAELPEG AVTEG YOViES 10EC.

OEQPHMA Il (30 Kpithpio Opoidtntas)

Av 000 Tplyva £XoVV TIg TAEVPES TOVG CVAAOYEG HidL TTPOG
pia, tOTE €lvan dpota.

Ocwpovpe ta Tpiyovo ABI kot A'BT (oy.4), ®ote
A'B’ _ AT’ _ BT’
AB Al B

Xopic PAaPN g yevikoTTag Bewpovpe A'B' <AB , emopé-

vog Ba vapyet onpeio B” otnv AB, e AB” = A'B’. An6 10

B" pépovpe mapaiinin mpog t BI' mov téuver v Al oo

I'", ondte ta tpiyova AB'T" xow ABIT givon 6pota.

Eneidn ABI' = AB"T" givan
ABH _ Al"!l _ BNFH
AB A Bl

A!BI _ AI—‘II _ BH]"H
AB AI' BI'



E®APMOTIH 1n

KEOAAAIO 8. OMOIOTHTA

Ouwg amd v vodeon Eyovpe 0T
A'B" AT’ _ BT’
AB Al BI

Enopévac mpokdmrtetl 611

Ar‘l! _ All_" L B!Il_‘ll _ Bll_"
Al' AT BI' BI'

>

omote AI'" = AT xou B'T" = B'T".

Apa ta ptyova AB'T" kot A'B'T” givan ioa yiati £xovv kot

TIC TPELS TAEVPEG TOVG 10EC.

Ag Oswpnoovpe 6v0 opora Tpiyove ABI, A’'B'T' pe Adyo opordtnrog A ko on-
BM B'M'
MI MT'’

peia M g BIL M’ g B'T' 1étou0, ®oTe

, , ., AM BM IM
Tote woyveL 6TL = = =\
A'M' B'M' I'M'

Anoédei€n

‘Eoto 6011 A'B’ < AB, ondte Oa vdpyet onueio B” g AB 1éto10, dote AB” = A'B’

kot onpeio I' g AT 1é€to10, dote AT = A'T”, ue B"T"//BI."Ect® onueio M" g
B"T" 1ét010, ®ote B"M"” = B'M".

[Ipoextetvoupe v AM” ®ote va tunoet m Bl og onpeio E. Tote ta tpiyova AB"M”
kot ABE givon 6pota, ondte

ABH _ BHMH _ AMN _ B!Ml _ AIM!
AB BE AE BE  AE
A A’
B” M T B’ I
/ :
B M=E T
Yy xhua 5
Ouota &yooue OTLA = MT' = AM
HO EXOVH ElC AE

BM'  BE BM
Onote = = , ovvenmg ta. E ka1 M tavtiCovtat.
MT" EI' Ml
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MOPIZMATA

1) O Adyog opotdtnTag 00O OUOI®V TPLYOVOV gival {G0g
pe to Adyo 600 OUOAOY®V VYDV TOVG,.
ii) O Adyog opoldtnTog 600 OOV TPLYOV®V gival 160G
He To Ady0 600 OUOAOY®V SLYOTOUMV TOVG.
ii1) O Adyog opotdTNTOG OVO OUOI®V TPLYOVAV Eival {60g
He To Adyo 600 OHOAOY®V OLOUECDV TOVG.

IIéc0 Vyog £xel To oyoleio cac;

AUon

E®APMOTIH 2n

A'— 6cm— B’ A’

' 3
A

12m B

"Evag pabntg BAErer tnv kopven I' tov oyoAeiov amd 600 onpeio A kot B 6to £60¢pog
(GX 6) Xpnowomouwvtag Evay eEavta (BA. emdpevn napowp(x(po) LLETPAEL TIC YOVIES
A, B LLE TIC OToleC paivetal To oyoreio, my. A = 19° kat B =43°.

Kotomy petpdel tnv amdctaon and to onueio A og 1o B, m.y. AB =12 pérpa. H
UETPNOT TOV YOVIOV EYIVE OO KATOL0 0TOGTOCT) 00 TO £601POG 101 LLE TO VYOG TOL
pant, ag vroBécovue 6T Exer vyog 1,8 pétpa. o va vrodoyicovpe 10 Hyyog TOL
oyoieiov kataokevalovpe oe pio kKOAAL xapti TO avticToryo LovTéro. Ocmpovpe
éva evBoypappo tunpa A'B’ = 6 cm. Ilpoekteivoope v A'B’ mpog to pépog tov
B’ kat oynuortifovpe oto id10 nueninedo 500 yoviec xA'y = 19° kat xB'z = 43°.
Ounpevbeiec A'y ko B'z tépvovtot 6to onueio I'. Ao 1o onpeio I'" pépovpe v
kédBetn ['A" otnv A'B’ Kt €xovpe KATOOKEVAGEL TO LOVTEAD pac. MeTpdape OTL TO
["A"woobton pe 3,3 cm.

O Loyog opoldNTag Eivat

Emopévag to mpaypatikd punkog tov I'A givar TA =AI"A" = 6,6 pétpa. [IpocBétovtag
KOl TO VYOG TOV HalNT), EYOVLE OTL TO TPAYUATIKO VYOS TOV GYoAgiov efvan 8,4 pétpa.

IXOAIO

Me 1 ypron e opoIOTHTOS UTOPODUE VO. UETPHTOVUE UiTKN e0OD-
YPOLUDV TUNUCTWV TOV EIVAL ATPOTITA.
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O EXANTAL

To oimdavo oynuo ekppadlel T Aeitovpyia = 4
00 e€avra, onAadn pog mapovalalel Evoy g
OTAO UNYOVIGUO YIO. VO UETPOUE TIS YOVIES
V7O TIG OTOIES paiveTar Evo. oynfuo. Lo vo.
kotaokevaolel yperaletol éva ioio Eolo, évo,
HOLPOYVOUOVIO, Lio. Yopdn (kifapag) 1 meto- A

vid, éva fapaxt (vijuo. the otafung) kot 6vo

avlpamwovg, évav yio va. fAémel to avtikei- rxnua/
UEVO KoL Evaw 1o, vo, d1ofalel T LETpnon.

Zntovpevn yovia

ZXOAIO

Talic o1 paBnuatixoi ovveidntomwoinooy ot
YLOL VO, ETLADOVY TETOLOV EL00VS TPofAnuaTa
HTOV GPKETO VO. EYOVY EVALY TIIVOKO, e TPTY®-
Vo, KOl TIG OLOOTACELS TOVG, 0T0TE o, opKovoe Yxnua 8
VO, UEAETODY TOV TIVAKQ, TTOPC. VO, KATO.OKED -

{OVV UOVTEAD, TV TPIYDOVOV TOD TPOEKDTTOY

OO PUOIKG TPOPfANUATA.

Hapotipnoay 6t1 apkel o wivakxas avtog va Eyel uovo opBoywvia tpiywve. opod kdbe tpiywvo
orouepiCetar ae 000 ophoyavio. (cy.8). Evag 610106 TVOKOS VoL 01 TYES TV TPIYWVOUETPIKDV
OVVOPTHOEWV. TO, HUITOVA KO1 GOVHUITOVO, TWV YOVIWV EVOS 0pBoymVIOD TpIYdVOD UE DTOTEIVODOO.
1. Ilpoxtikd, To. 0moTEAETUATO. ATO TV TPLYWVOUETPIO. EIVOL AKPIFETTEPO. OATO OVTA. TTOV TPOKVTTOVY
OTCO UETPNON KOL KATOOKEDT] UOVTEAOD, OTLS TPOTYOVUEVWS. L0TOGO 01 TPIYWVOUETPIKOL TIVOKES OEV
elvai tirote dAAo, TOPA. TIVOKES OUOIMY TPIYDOVDV.

Na amodeiere 6T 600 Opoa evOHYpap-
pa oyfqpota yopilovral og weaprdpa
opowa Tpiyova.

Anoébdei§n
®a amodeifovpe ™V epappoyn yio dHo
nevtayova ABI'AE kot A'BT'A’E’, ka-
B¢ n amddeln elvor avaroyn yio kaOe
TOAOYWVO.

E®OAPMOTIH 3n

Agvmobécovpe 6TL Ta 600 TEVTAY®VO £i-

vat 6pota pe Adyo opotdTNToG A. ATO TIG KOPLYES A, A’ TV TEVTAYOVOV PEPOVLE
T1Gg dywviovg AT, AA kan AT, A'A" avtictorya, ondte Kabe mevtdymvo yopicOnke
o€ tpia tptywvo ABI, AT'A, AAE kot A'BT, AT'A’, A'A'E" avtictoyo.

Tote égovpe 61t ABI =~ A'BT' ko AAE =~ A'A'E'. Emopéva, Ba sivar kou I, =T ko
. A A I'A
—— =\ Tote dpwg Ba Eyovpe 6t I, =T (apov I'=T1") ko =LA
AT’ Hog KOV 2 2 ( ) ) T'A/

Emopévac kot ta tpityova ATA kot A'T'A’ Oa gfvan 6pota.
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EYKAEIAEIA TEQMETPIA

E®APMOTIH 4n

AXIKHZEIX A AYZH

38

"Eoto tpiymvo ABI kat To Yyog Tov v,=AH. Na A

amoocitere 6011 By = 2Ry, 6mov R 1 aktiva Tov
TEPLYEYPUPPEVOV KOKAOV TOV TPLydvov ABI.

Anoé6ei€n 0 Ve
Bewpovpe ™ dbpetpo AA. Ta tpiyova AHI ko

ABA givat opota, apov B=H=1LxmI=A (O]a B H r
gyyeypoppéveg mov Paivovy oto 1610 16&o.

Emopévmg elvat A
AH Al | Yxhua 10
——=— 1 PBy=2Rv,.
AB AA
NMAPATHPHXZH
Av 10 tpiywvo ABI eivar oploydvio ue A = 1 L, téte eivou
Sy =av,=2Rv,.
Epwthoeis Katavéonons 4. 270 mopoxdzw oynue vo. fpelel to prog
1. i) Av 6bo tpiywva sivar ioa, 161E eivou wov AE.
ouota,

ii) Av dvo tpiywva givar ouoLa. [ Eva, Tpi-

70 TPiywVo, TOTE glval Kkal uetald Tovg
ouoio,

2. Ado 10ookeln Tpiywve. eival TavTa opoio,

3. 270 mopoxorw oynuo eivor AB = 3AE. No.

EZ
Oci 0 A0
Ppebei 0 Loyos —— B

A 5. O1 wlevpég evog tpiywvoo givor 3cm, 4cm
xar Sem. Eva tpiywvo opolo (e avto Eyel
wepiuetpo 24cem. lowo givor ta unrn twv
40° TAEVPAV TOV,

A 6. Av ot0 TOPAKATW YU TO TETPOTAEVPO
BKAI eivou eyypayiuo, ta tpiyova ABI
xar AKA etvou opora, Tloieg eivor o1 ouo-

110° Aoyeg mhevpég Tovg,

B I E z A




7. 2to mopoxdta ayfua o1 evbeies AB kou 1A

eivar wopaiinies; Aitiodoynare v and-
VInon cog.

A

Aoknoels Epnédwons
1. divetor opQoywvio tpiywvo ABI

(A = IL). A6 royaio onueio A e AT’
pépovue AELBI! Na arodsilere ot1:

i) o iywvo ABI ko1 AEI givou ouora,
ii) AI"EA =AB- EI”
. 2ig whevpég AB wou AL tprycdvov ABI G-

wpovue onueio A kou E avtiotoryo, mote

AA = éAB xou I'E = %AF. No owodei-

Eete ot1:

i) 1o wiywvo ABI ka1 AAE givor ouoia,
ii) BI'=34E.
. Mia petodixn whaxo el aynua opBoyw-
VIOV TPIYOVOD e TAEVPES a, P, . H mAdka
Oepuoivetor kot amo T 01a0oTtoln ovédve-
Ta1 KGOe TAEVPA THS KOTA TO 75 TS Oa
rapaueiver oploymvio Ipiywvo to oy
¢ TAGKOG;
. Eva 6évtpo piyvel kamolo. aTiyul] o€ opl-
{ovtio édagpog akid unrovg 24m. 2o idio
ONUELD, TNV 1010, GTIYUI], ULO KOTAKOPVPH
Pafoog unrovg 2m piyvel okio UNKovg
3m. No, fpebei to Dyog tov dévipou.

. Aivetar to opBoywvio tpiywvo ABI kot 1o
Oyog tov AA. Na amodeiete oti:

i) AL =AB - AL

ii) AB’ = BA - BI]
iii) AB-AI'=AA - BI!
. Aivetor tpiywvo ABI eyyeypouuévo o€ ko-
xAo (O, R) kou o1 evbeieg Ax kor Ay wov
oynuatilovy ioeg ywvies ue tic AB kor AI’
Ko téuvooy ™ Bl kou tov kdxlo aviicrol-

xo. oto. A kor E. No amodeibete ot AA -
AE = AB - Al

KE®DOAAAIO 8. OMOIOTHT

Anodeiktikés AoKNOEIS

1. O mapatnpntig AB fAémel To pwg Tov La-

urtnpo. I uéoo omo tov kabpéntny K. No
vroloyioete To Dywog Tov povoordty Al
otav eivar AK=3m, AK=2m ko1 1o dyog
tov mwopotnpnty 1,70m. (Eivar yvwoto
oo ) Dooikl 0Tl ) YWVIo TPOCTTWTHS
eivaut lon ue ) yovia ovaxioong).

r

. No amodeilete ot1:

i) 0vo mapaiinloypouua givar ouoia,
v 000 01000 IKES TAEVPES TOV EVOS
elval avaloyes mpog 000 OLAOOYIKES
TAEVPES TOD GALOV Kai 01 YWVIES TV
TAELPOV ATV EIVal 10€G,

ii) ovo opBoywvia ue ion ™ ywvio Twv
1oy @VIWV TOVE EIVal OUOLA.

. Ocwpodue tovg kvxlovs (0O, R,) kot
(O,, R,) mov téuvovrar ota anueio A xat
B. Av o1 epantiueves aro A téuvovy tovg
KorAovg ota A, kot A, avtiotoiya, vo, amo-
deilete 011 AB° = BA, - BA,.

. Av A4, BE ko1 I'Z givar ta dyn kou H t0
opBokevipo tprywvov ABI v arwodeilete
ot

HA-HA =HB -HE = HI'- HZ.

. An6 0 péco M tov t6éov AB pépovue Tic
xopoés MA ka1 MZ, wov téuvovy ) yopon
AB ota A' ko1 Z' avtiotorya. Na amwodel-
x0O¢t o1

MA - MA'=MZ - MZ".

. Ze opboycivio tpamélio (A = A= I1L) o1
owaywvior givor kabBetes. No amooeiete
0Tl T0 YOS TOV EIVAL UEGO AVAAOYO TV
facewv.

A
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EYKANEIAEIA

rEQMETPIA

LUvOeta Bépata

1.

Na amodeilete ot1 dvo Tpoméfio pe ava-
Aoyeg PAceIS Kot TIS TPOTKEUEVES GE ODO
ouoroyeg faoeic Tovg ywvieg ioeg pia
Tpog uia, eivar ouoia.

. Eotw doouévy yovia xOy kar onusio M.

O toyaiog kOKAoG OV dIEpyETal Omo Ta
O ka1 M téuver g mlevpés Ox, Oy ara

B ko1 I avticroryo. No amoderybei ot
MB d

Mrod
oeig ov M oo tig Ox, Oy, avtiotoryo.

omov d, d' eivair o1 awoota-

. Aivetar opQoycvio wpiywvo ABI (4 = 11)

Ko 70 Vyog Tov AA. H diyotouog g yow-
viag I téuver to A4 oo Z kai n dryotouog
¢ AAB téuver wy Bl oto E. Now amodei-
Eete on1 ZE//AB.

. Aivetai tpiyowvo ABI ue B — =1L

Ka1 1o Dyog tov AA. No amodeilete ot
AN =AB - AI

. H oyotouog A4 evog tpiycrvov ABI té-

LVEL TOV TEPLYEypouuévo koklo oto E. No
amooegifets OtL:

i) AB-AI'=AA - AE,
ii) EB’ =EA-EA.

2N 1. Eorw doouévog kvklog (O, R) kot on- TAEVPES QVTEG.

Lu , , , ,

N ueio A aro eéwtepikod tov kOKLOV. ATO . Av M toyaio onueio kokiov (O, R), va
§ 10 A pépovue v epantousvny AT kai amodeilete OTL:

E mv té,uvovzaa ABI’ Na amoderybei ot i) n aréotacny d tov M amd yopdii AB
W AB TB MA-MB

1 Vel 700 KOKAOV €lvon d = ————,

N A T 2R

=

L

-

2. Amo onueio A pépovue TIC EPATTOUEVES ii) n axéoracy d' too M and v egpa-
AB ko1 AI" kbxiov (O, R) kot toyoio té- wrouévn e toyaio anueio A tov Kb-
wvovoo. AAE. Na omoderybel ot1 BA - ) . MA’

I'E = BE - I Klov givou d ZW’

. Av E, Z givai o1 mpoflolég twv kopopwy

B, I" evog tpiyaovov ABI (ue f # y) otn o1-
xotouo tov AA va arodeilete ot o E, Z
eivar ovloyn apuovika twv A, A.

. 2e kale mapalindoypouuo ABIA vo, aro-

oetybOel 0TI 01 OTOTTATEIS TVYOLOD GHUELOD
¢ oroywviov Al oo tig mlevpés AB ko
AA efvor avriotpopms aviaroyes Tpog Tic

iii) avd,d,d, o1 amooraoceis tov M amo
uio yopon I tov kboxlov koi awo Tic

epomroueveg ota I, A avtiotoiya,
14 2
T0T¢8 d = d] 'dz .

. Ocopnua Ilrolepaiov: 2¢c kdls eyypa-

WO TETPOATAEDPO TO GOPOIGUO. TWV YIVO-
HEVOV TV OTEVOVTL TAEVPWV EIVOL 100 UE
TO YIVOUEVO TV JLAY VIV TO.

APAXTHPIOTHTEZ

1. No xataokevacody oo tetpdmAevpo 1wV 0moiwY 01 TAEVPES Eival ToPalinAes pio Tpog uia,
0AAG dev glvou duoia.

2. Aivetor opOoyawvio ABIA. No, kotaokevaobei tetpamievpo A'B'TA’ to omoio vo, amotedeitar amod
Wiywva. 100, 1E T IPLymwVve, ota omolo. xwpilel 1 dwaywviog Al o opOoywvio étot, taote 10 A'B'T'A’
vo, unv gtvar opoio e to ABIA.

Epyaoia

Karookevaore éEvay elavro kot vroloyioTe T0 VYOS UioS TOADKOTOIKIAS OTH YEITOVIG GOG 0KOAODOW-
VTOG TH O100IKAGLO THS EPOPUOYHGS 2.



KE®OPAAAIO 8. OMOIOTHTA

* Avihoyeg mhevpés

*Togg yovieg

* O AOY0G ToV TEPETPOV dVO0 OOV EVOVYPOUUU®V GYNUATOV IGOVTOL LLE TO
AOYO OpOOTNTAG TOVC.

ANAKEOAAAIQXH

* Avo iogg yovieg

* AV0 TAEVPES AVAAOYES KOL TIG
nepLeoneEveg Yovieg ioeg

* Tpewg mhevpéc avaroyeg

* Xg d00 6pota Tpiywva 0 A0Yog 600 opdAOY®V GToYEl®V TOVS 160VTAL LLE TO
AOY0 opoldTNTag TOLC.
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KEOAAAIO

METPIKEZ ZXEXZEIZ

To Ke@AAOLO OVTO ACYOAEITOL OVGLUGTIKG LLE TOV TPOGIIOPIGHO TMV GTOLYEI®V TOV TPLYDHVOV
av glval YvooTéG 01 TAELPES, KOOMG Kot LE LETPIKES GYEGELG GTOV KUKAO. XTIG UETPIKEG OYECELS
010 Tpiywvo mapovctdletorl to [Tubayodpelo Bedpnua Kot 1) YEVIKELOT) TOV LE AUEST] EPAPUOYN
GTOV TPOGOLOPIGUO TOV £I00VG TOV TPIYDVOL MG TPOG TIG YMVIEG TOV —OKOLLOL KOl GTOV TPOGOL-
0pIoUO TV YOVIDV TOV, OV YPTGLLOTOUGOVLE TOV 1IG0GVVALO VOLO TMV GUVIUITOVOV— KOOMG
Kol T®V VYOV T0L Tptydvov. Katomy vroroyilovtot ot dtdpecot pe ta 000 Bempnpoto Twv
SlopécmV.

To kePdAalo OAOKANPOVETUL [LE TO BE@PN LA TELVOLVGDV OO TO OTTOI0 TPOKVTTOVY Ol LETPIKES
oyéoelg € KOKAO.

Kalyup MoAéfirg (Pwoog, 1878 - 1935), «Ymeptazor, mpiv to 1915.
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Metpikés ox€oe€ls OTO TPiywvo

EXH 0p6és npoBoilés

Acg Bswpncovpie pia gvbeia € kot éva onpeio A mov dgv avn-
kel og avtn. To {yvog A’ g kabétov mov pépovue and to
A mpog ™V € 10 AépE 0pOf mpofoin V| anhmdg Tpofolif TOV
A otV gvbeia €. Av to onpeio givarl onueio g gvbeiacg,
1. 10 B, 1618 ¢ mpofoin tov B’ mhvw oty € Bewpolpe
10 1010 10 B. TéAhog opbO1| mpofoin tov tunpatog A mavem
otV gubeia € Aépe To TpuMpa I'A’ mov €xet g dxpa Tig 0pOEC
mpoPorég I, A" twv dxkpowv I, A, avtictorya, Tov TUMHOTOG
I'A tévo oy €.

EF] To Nubayépeio Bedpnpa

©EQPHMA |

Ye kdOe opboydvio Tpiywvo, To TETPdymvo oG KAOeTng
TAELPAG TOL €ival {60 [LE TO YIVOUEVO TNG LTTOTEIVOLGOG
ent v TPoPoAN TG TAELPAG ALTHG GTNV VIOTEIVOVGAL.

"Eoctm Aowmdv éva opBoymvio tpiymvo ABI kot A mpofoin

™G Kopueng A otnv vroteivovoa BI. ®élovpe vo amodei-

Eovpe 6Tt AB? = BI' - BA kot AT’ = BI' - TA.

o v Tpo oxéon apkel va amodeifovpe Oti AB _BL ,
BA AB

onAadn ot ta tpiyove ABIT kot ABA eivorl 6powa, 1o omoio

16y0€t apod A = A= 1L xat n B sivar kown. Opota amodet-
KVOETOL KOl 1| GXECN AT?=BI - TA.

Awupdvrog Tig AB® = BI' - BA kot AT = BT - TA kartd péin
TPOKVTTEL TO £ENG TOPIGHAL:

Ye k6Oe opboydvio Tpiywvo, 0 AGY0S TV TETPAYDVOV TOV
KkdBeTmV mAevpdV TOL givar 160G e T0 AdY0 TV TPofo-
AV TOLG TAV® GTNV VITOTEIVOVGO.

OEQPHMA 1l (MuBayopeio)

e k6Be opBoydvio Tpiywvo, 10 dBpolcua TOV TETPAY®-
VOV TOV KADETOV TAEVP®Y TOL £lvat 160 LE TO TETPAY®OVO
G VToTEIVOLGAG.
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KE®DOAANAAIO 9. METPIKEXL IXEZXEIZX

®élovpe Omradn (oy.2) va amodeifovpe OTL
AB’+AT?=BI’ qo’=p>+v°
ZOHQoVa e TO TPONYoLUEVO Bedpnpa Exovpe:
AB?=BI'-BA xu AI'’=BI - TA.
Me npdcheon TV 160TNTOV KOTA LEAT TPOKUTTTEL OTL:
AB’+AT? =BTl - BA+ BTl - TA=
BI'(BA+TA)=BI- B[ =BI'".

©OEQPHMA 1l (Avtiotpogo tou NMuBayopeiou)

Av og tpiyovo ABT oyt AB” + AT =BI™, t6te A =1L,

[ave otig mhevpéc Ox, Oy opdic yaviag xOy Bsmpovye
avtiotoya tunpato OA = AB kot OFE = AT Eneion 1o tpi-
yovo OAE egivat opBoydvio coppova pe to Ivbayopeto
Bedpnua Kot v vtobeo, Exovpe

AE’=O0A’+ OE’=AB’ +AI"* = BI'".
Apa AE = BI'. Enopéveg ta tpiyova ABI' kot OAE etval

oo, YTl éxovv Kot TIC TpElg TAEVPEC 1oeg, omoTe Oa eivan
A =0 =1L, mov givor T0 {ntovpevo.

OEQPHMA IV

Ye kaBe opBoydvio Tpiymvo, TO TETPAY®VO TOV VYOLG
TOVL TOL AVTIGTOLXEL 6TNV VToTEivovsa eivan 160 e TO
YWOUEVO T®V TPOPOADY TV KAOETWV TAELPOV TOL GTNV
vrotetvovsa.

‘Eotom AA to vYyog tov opBoydviov tprydvov ABI (oy.4),

oV avTioToKEl oty vroteivovsa. Aa amodeiovpe OTL
2
AA"=BA- A

Ta piyova ABA kot TAA givon 6powa, apod givatl opBoyo-
via kot A, =T o¢ copninpopatikéc e B. Enopévac, ot

TAeLPEC TOVG elvan avaioyeg, OMAad —— = —— , OmoOTE
AA’=BA- AT BA - AA
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EYKANEIAEIA TEQMETPIA

= Av to Tpiymvo ABI givar 0pfoy®vio kot 1606KELEG, r
= ToTE 0= \/5[3.
g .
= Anoédei€n B a
g [pdaypartt, pe epappoyn tov [Mubayodpeiov Bewpnpatog
= 510 ABT naipvovpe o> = B2 +v>=2p% 1 o =+/2. A
B
Y
IXOAIO

H epapuoyn ovti amodetkvoer v dmoplén qunuaty e dppnto Aoyo. Eivar alloonueionto ot eva givor adv-
VOT 1 WETPNGN UE TO DTOOEKGUETPO TUNUGTWOV GPPHTOD UNKODGS, WOTOCO EIVAL OKPIPHS O TPOGOLOPLOUOS TOVG
ULE YEDUETPIKES KATO.TKEVEG.

'S Av AA givan To Dyog 0pBoydviov Tpry@vou A?F 11:0{) ovTL- r

= | OTOYEl 6TV VTOTEIVOVGA, TOTE 1oYDEL —5 + —5 = —5 .

o B~ v v,

E Anodeign B

< 11 By o 1

=4 Eneidn o, = By, &xovpe 61— +— = Yz = s=—5 . A

= B Y (B’Y) (al)a) Vg Vo
MMoapatipnon: YrevOopilovpe 611 og opboydvio Tpiywvo A B
ABT (A=90°) 1oy0e1: AB-AT =AA-Bl < B-y=a-v,. Y
(BL. Epappoyn 4, oek. 178)

E Epwthoeis Katavonons a.l0cm p.12cm y. 13cm 6. 14 cm.

z 1. Eva opboydvio tpiywvo ABI (4 = 11) Kvkxlaate 10 ypduuo wov avuororyel oty

< éret AB = 6 kou A" = 8. Iloio 1o wijkog oWaTH OTOVTHON KOL OITIOLOYHOTE TNV

o ¢ drouécov AM; OTAVTHOY 00G.

28 2. Av o Abyoc twv kGBstwv misvpdv evée | 4. 210 mapaxdrw oyijua vo vroloyioete Ta.x

H opboywviov tprywvou eivor 4, 10te 0 10- Kot y.

§ YOG TV TPOPOLDY TOVS TTHY DTOTEIVOVO.

E ehvai:

] A
a2 p4pl6 o “v

Korlaware to ypoppo mov ovtigroryel omn
oWaTH OTAVTHON KOl O1TIOLOYHOTE TNV

GOVl 00s. Aoknhoeis Eunédwons

3. Eva ophoyivio tpiywvo éxer kdbetec | 1. Ze ophoydvio tpiywvo ABI (A = IL) pé-

mhevpég loes e 9 cm kou 12 cm. H whev- povue 1o dyog AA. Av givar AB = 3 kau
PO IGOTAEVPOD TPIYHOVOD TOV EXEL 10N TE- Al = 4, vo vwoloyiarodv ta unkn twv
piueTpo e 1o opBoymvio tpiywvo givor: wunuazwv BIT BA, Al kot AA.
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KE®DAAAIO 9.

. Av og opBoycvio tpiywvo ABI (A = 1L)

eivar B = 21" 161 0 Adyog = elvau ioog pe:
4
1
p.1 7. J3

a. —
2

Kvrxldaote 10 ypouua oo aviiotoyei oty

oWOTH OTAVTHON KOL OLTIOLOYHOTE TNV

OTAVTNOT 00G.

0.2 e 3

. e opBoycvio tpiywvo ABI (A = 1L) pé-

povue to vyog AA. Av givor AB = 5 kou
BA = 25 )
13

oelpd, uikovg ta unuara: Al Bl 1A kau
AA.

va. oratalete kotd ovéovoa

Anodeiktikés ACKNOEIS

1.

Na amodeiybei ot1 10 TPiywVO, MOV
éyel mhevpéc o = k'+A°, B = 2Kh K
y=K’—1°, émov k, ) Oetikol axcépator ue
K > A, eivar opBoyavio.

. Av AE, AZ eivar avtioroiya o1 mpofoléc

000 yopowv Al kar AA evo¢ kdKkAov oe
uio 016uetpo tov AB, vo. amodeilete ot
AZ - AT? = AE - AX°.

. Av A eivou péoo s kabetns mhevpag AI

evéc opBoydviov prycrvov ABI (A = 1L)
xar E n mpoflors; tov ot BI, tte vo, amo-
Seilete 6m1 EI” + AB” = EB’. St ovvé-
XELOL O10TOLTE KOTA 0DEO0VO0 TEIPA LKODS
0. qunuota AB, EB, EIT

. Abo opboyaovia tpiywvo ABI kor A'B'T'

A=4"=1L) EYOVVY Wy = Uy KOL W, = (L.
Na anodeilere ot1:

i) p=p

Ti ovumepaivete yio to ABI kor A'B'T™;

o=a'

. 2e 1000keléC piywvo ABI (AB = Al) pé-

pouvue 10 Dwog tov BE. Na omodeilete ot
a’+p’+y’=3BE’+24E°+TE”.

METPIKEZ

LUvOeta Bépata

1. Ocwpoduc oploywvio tpiywvo ABI”
(A = IL) kau 7o dyoc tov AA. AV E, Z ¢i-
vour o1 mpofolrés tov A mavw onig AB, A’
oVTIoTOLY0, VO, OT00EIETE OTL!

. AB’  BE
l) 3~
A 17

2. Aivovrai dvo koxior (K, R) kai (A, p) mov
eparnrovral ewtepira oo A. Av BI ei-
VOIL TO KOIVO ECOTEPIKO EPATTOUEVO TUTLLO.
tov¢ kot (O, 6) 0 KbKAoC Tov epdnTeTal
otovg (K, R), (A, p) koux otn Bl va amo-
ociete ot1:

ii) AA’ = Bl AE - AZ.

1 1

1
i) Br =2\/Rp i) ﬁJrﬁ:ﬁ‘

3. Oswpoiyue poméiio ABIA ue A =B = IL.
Av M, N o péoa twv dioywviowv BA, AI”
ovtiororyo. ko1 K to onueio touns s AM
ue ™ Bl vo, amodeilere ot1:

i) 10 ABKA eivar opBoyavio,
i) A"~ AB’ = 4MN’.

4. X¢ kibe ophoycivio wiyewvo ABI (A = 90°)
va amodeicete 6t 2u° > fy.

5. Ozwpovue koklo (O, R), diuetpoé tov AB
Kal pia yopon tov 1A wov téuver v AB
oto E kou aynuotiCer ue ooty yovia 45°.
No arooeilete ot

El? + EA° = 2R’

6. Ocwpodue opboywvio tpiywvo ABI”
(A = 1L) xau 1o dyoc tov AA. Av X, y K
W VOl OVTIOTOLYO TO LTKY OTTOIWVONTOTE
OUOLOYWV YPOLUIKWDV TTOLYEIWV TWV TPI-
YOV (TT.). OIOUECY, DYDYV, OKTIVOY E)-
yeypouUEVV kOrAwY Ktl.) AAB, AAL ko
ABI] t0te x’ +y2 =w’.

IXEZEIZX
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m FewUETPIKES KATAOKEUES

Me epappoyn tov [Tubayodpeiov Bempnpotoc kot Tov Oew-
pnuatog IV avtipetonilovpe ta mapoakdto Pacicd TpoPar-
LOTO YEOUETPIKAOV KOTACKEVMV EVOVYPOUU®V TUNUATOV.

Av a, B eivon yvootd TUROTO, VO KOTOOKEVAGETE TO TR RO K, TOV opileTar amd
mvieémre: i) k =/a’ +p*, ii) k =/a* - p*.

Auon

i) H doopévn woomta ypaoetot twodvvapa k> = a’ + B, ond-
te 10 {nrovuevo tunpa k eivar vroteivovoa opfoydviov
TPLY®VOL [ KABeTEC TAELPEG a1, [B.
Enopévmg, av méve otig kabeteg mhevpéc (oy.7) Ox, Oy
piag opOic yoviag xOy mépovpe avtiotoyo to onpeia A, B k
B, ®ote OA = a ka1 OB = f3, t01¢

AB’=0A’+O0B’=a’+p’

Kol ETopEVmg to Tunpe AB givar to {ntodpevo tpumpa k. Oj a N X

Eivar pavepd 611 10 tunpa k katackevdletat yio omotodn-
TOTE TUNULOTA O, .

.. . . . . 2_ 2 2 , , .

i1) H docpévn 1ootnta ypaeetot icodvvapa k™ = a”— B~ 1 omolo onuaivel 611 to
nrodpuevo Tunpa k givan n pia kGBetn Thevpd 0pHOY®OVIOL TPLYDOVOL LE VITOTEL-
vouoo o Kot GAAN kaBetn mAevpd o B. H kataockevn elvat dpota g 1).

Av a, B €lvol YvOGTA TUNNROTO, VO KOTOOKEVAGETE TO TUIA X , TOV 0pileTon amd
™mv weotto X =4/ ap. To Tpfpe x givor | uéon avdioyos ToV a, .

Auon
. J ’ . 2 _
H doopévn weotnta ypdoetor 1codbvopa X = af 1
omoia onuoaivel 6Tt To X givat To VYOS Tov opHoyd- A
V10V TPLY®VOL, TToL Y®pilel TNV voteivovsa ce dVO
Tufpota ioo pe o Kot B avtictoya.

X

A r
[Taipvovpe emouévme oe pia gvbeio dradoykd Ta a B B

tufuoata AB = a kot BI' = 8 (6y.8). I'pdeovpe nut-
KUKAL0 Otapétpov Al kat oto B vydvovpue kdbeto
otV AT, mov tépuvet to nukvkAo oto A. Zynuatilovpe 1o tpiymvo AAT 10 omoio
eivat opBoydvio (A = 1L).

Enopévmg &ovpe AB*=AB - BT = of} kot katd cvvénewo To Tunpa AB givan to On-
tovpevo. Etvat @avepd 0Tt To TUNHOL X KOTOGKEVALETOL Y10, OTTOL0ONTOTE TUNMATA O, 3.
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AUon

m
<
=
T
<
o
o
o.
(=

{nroduevo tunua.

r 2 2 2 2 2 2
Av y=+fBa, tey’ =30’ =a’+ 20’ = o’ + x” mov

Av x = ﬁa, 1018 X° =20 = o’ + a’, 1 omoia on-
paiver 0t 10 X pmopel va kataokevacset (oy.9) g
vroteivovoa opBoydviov Kot 160GKEAODS TPLYDVOL
pe kéBeteg mhevpég ioeg pe a. 'Etor to OB givat 10

Av 0 givon YveoTé TUNNO, VO KoTOoKELOGOEL TR PO 00 pe J2 o, V3 o, \/goc, ooy Jva
RE V QUOIKO peyaldTEPO 1 160 TOL V0.

onpaivel 611 10 y eivat vroteivovso ophoymdVIOL TPIYdVOL pE KABETEC TAELPES O KOl
X. Av Aowov pépovpe kébeto otnv OB 610 B kot mdve oe avti népovpe onpeio

I, Gote BI = q, 161t¢ O = f3a, oniadn y = OI. Zvveyilovtag pe avtd tov Tpdmo
KataoKeLAlovpe SLod0YIKA TO TUNLOTO \/Eoc, x/goc, \/goc, oo va.

IXTOPIKO XtHMEIQMA

H avakanuyn tns acuppetpias

Apyka ot [TvBayodpetol Tictevay 4Tl 0 AOYOC
010OVONTOTE (PVOIK®Y N YEOUETPIKOV) HeYEODV
pmopel va ekepootel dG AGYOG PUGIKGY aptdpdy.
Ewwodtepa, Bewpodoay dti dha ta Tppota efvorn
GUUETPO, SNAON Y10l OTTOL0ONTOTE SVO TUNLLOTOL
AB ko1 TA vmépyet tppo EZ mov mepiéyeton akeé-
poio opdpd popdv 1060 610 AB, 660 Kot oTO TA.

Opmg GuVTopo EKovaY Lo 0VOKGALYT] TTOV ELEN-
Ae vo KAovioel v memoibnon| toug ovt. Bprjkav
OTL VAPYOVV LEYEON TOL dEV Eivat GOUUETPOL.
Agv yvopiloope pe Befardotnto mowo akpipmg
TPOPANUa 001 yNoe Toug apyaiovg EAAnveg oty
avakaivyn avt. Ot tetopikoi £xovv mpoteivet
KOTG KopoOG TOMAES EKOOYEC.

H avaxdivyn oot puropei va giye yivel T.y. ot
yeoueTpia, 6T0 TPOPANLA TNG ELPECTG TOV KOL-
VOO HETPOV TNG Oloy®mVIOL TPOG TNV TAELPE TOV
TETPOYDOVOV, N KOTE TN LEAETY] TOV KAVOVIKOD
dmdekaédpov, 1 o1 Bewpla TG LOVGIKNG, GTO
TPOPANpa TG daipeomg ™G okTaPag, Tov ovd-
YETOL GTIV EVPECT] TOV YEOUETPIKOD HECOV TV
opBudv 1 kot 2, 7 oty apduntiKy, oto TpoRAn-
LL0L TOV OPIGHOV TOL AGYOL, TOL TO TETPAYM®VO TOL
glvan oo pe 2.

H mpdtn paptopia yio v anddeién g acvppe-
Tpiog (aAAG OYL KOT™ avayKY Kol 1I0TOPIKG TPMTN
amodelEn) amavtdTol 6To «AVoAVTIKA YoTtepoy
TOV APIGTOTEAT, O OTTOT0G OVALPEPEL OTL 1] ATTOOEL-
&n ¢ acvppeTpiog e dtoy@viov e TV TALLPAa
TOV TETPAYOVOL YIVETUL PLE TNV €15 ATOTO ALY M-
VN, Yt «ov vrotebel OTL M SapeTpog ivar cOU-
UETPT UE TNV TAELPA, TOTE O GPTIOG B0l toov TN e
tov mepttton. H mpdtacn avtn tov Aplototéin
epunveveTal ¢ €ENG:

A B

A r

Av vrobécovpe 6TL 1 Thevpd AB etvon ooppeTpn
mpog T dydvio AT, 10te 0 AdYOG TOVG gfva Ao-
AB o ,

——=—, 6mov
Al B
ot a, B dev etvan kot o1 dvo aptiot. Tote, amod To

v0g axepaiov apOpdv, dniadn

TvBayopeto Oemdpnpa £xovpe AT* = 2AB’. Eno-
2 2
1

o , n?2 2

e i =2a".
AL Bz B np
Avto6 onpaivel 6TL 0 Bz glval 4pTIOC Ko ETopé-
voOg Kot 0 B eival dptiog (dnradn e Lopeng

Hévac,
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B =2L). Tote 0 o mpémel va givor Teprtdg (apov
ot a, B dev givan kat ot dVo dptior). Opwg tote
(207 =20 1 41°=20°, § 207 = a” k1 emopévar
0 o’ givor GpTIog, OMOTE Kot 0 o Eivat GPTIOG, TOL
glvar dromo.

Tlpéner va onueidcovpe 0tL 1 anddeén avtn
éxet kobopd aplOunTikod yapoKImpo Kot oTnpi-
Cetat ot Bewpio TOV GPTIOV KOL TOV TEPLTTOV
(dradn T Bewpia dStoupetdtrag o1 2) mov &i-
yov avartvéet ot [TvBaydpetot.

T'pyopa Bpébnkav kot GAAD AGOUUETPOL TUT L0

TETPpOAYOVOV e euPadov 3, 5, 6, 7, 10, 11, 12,
13, 14, 15 eivor aoOUUETPES LE TN SLYDVIO TOL
TETPOYDOVOVL [E TAEVPEG TN povdda. Eniong, o
Ocaitntog amédelée 6t av to pPaddv evog te-
Tpoydvov ekepdletar pe évov aplfpd N mov dev
glvon TeETpAy®vog, TOTE 1 TAELPA TOV EIval AGUL-
HETPN HE TN povada. Me chyypovn oporoyia, av
N#a’, t6te 0 N 8gv givon pnroc apdpoc. O
OeaitnT0g TPOYDPNCE TUPUTEPQ TIG EPEVVEG TOV
Kot amédel&e Ot ko OAot ot aptBpoi TG LopPNg
IN , 0mov N puowdg apBuog dev eivor téhet-

ot kupot. Eniong e&étrace dppnrovg g Lopeng

VM +N, \/ﬁ+\/ﬁ \/\/ﬁ+\/ﬁ.

to. EWdwotepa, o Ocddwpog o Kupnvaiog (téAn
oL S0v at. 1.X.) ovaKGAVYE OTL 0L TAEVPEG TV

m Fevikeuon tou NMuBayodpeiou
Oswpnpartos

To IMvBayopelo Bedpnpa exppdletl To TETPAy®mVO piog TAEL-
pag TprydvoL mov PpickeTan amévavtt amd opOr| yovia, g
Pog TIS OV0 GAlec TAgLpES. [IpoxkdmTet, Aowmodv, T0 Ep®-
TNUO: TO TETPAY®VO Hiog TAELPAS TPIY®dVOL Tov PBpioKeTal
anmévavtt o€ o&ela 1 apPAeio yovia propel va exppacOet og

A GUVAPTNON TOV AAL®V TAELP®OV; ATAVINGT] GTO EPAOTN LA
avtd dtvouv Ta akdAovBa 6v0 Bempnpara.

A ©EQPHMA |

To teTpdrymvo TAELPAG TPLY®VOL, TTOV PPICKETAL OTEVAVTL
and oeia yovia, elvar ico pe 10 dOpoiopa TV TETPAY®-
VOV TOV 000 GALOV TAEVPOV TOV, ELATTOUEVO KATA TO
OuAdG10 YvOUEVO TG piag amd avutég ent v Tpofoin
™G GAANC TAV® GE OVTH.

Av dnhody oe éva tpiymvo ABI (oy.10) eivar wy. A < 1L
kot AA M Tpofoir) T TAEVPAS Y TAve ot B, TOTE 1o)0EL OTL

® o’ =p +y -2p-AA.

Amo to opBoyavia tpiywva ABI, ABA éyovye, pe epappoyég
tov [TvBayodpetov Bewprpotog avtictoryo:

o’ =AB’+ A"’ kot AB* = y*— AA” .

Enedn eivar A < 1L ta A, T Bpiokovrat mpoc to 1810 pépog

oV A Ko €101KOTEPQL:
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« avI < 1L 10 A givar petad tov A, T (ox.10a), ondte
Al =B - AA.

o avI > 1L 1o I givon peta&d tov A, A (ox.10p), ondte
AT =AA-B.

A6 T1g dV0 TEAEVTOIEG 16OTNTEG TPOKVTTEL OTL
AT’ = (B—AA)’ =B’ +AA* - 2B - AA.

Me avTikaTdoTooT QVTNG TNS GXECTG KOL TNG AB’ = yz —AA?
2 _ 2 2 14 7
omva =AB”+ A" mpoxintel 611

0=y —AAT+ PP+ AA 2B - AA =B  +97 - 2B - AA,
oniadn n gnrodpuevn wdTNTO.

* av T€AOG =1L, 10 A ovumintel pe to I' ko to opBo-
. ’ ’ 2 2 2 r
yovio tpiyovo TAB divert o™ =y — B~ mov ypdoeton
o’ =p>+y = 2B-AA, apod AA = .

OEQPHMA I

To teTpdy®vo TAELPAG TPLYDOVOL OV PpioKeTon AmEVAVTL
omd auPieio yovia givol ico pe to ABpoicua Tov TeTpa-
YOVOV TOV 000 GAL®V TAEVPOV, AVENUEVO KATA TO OL-
TAAG10 YIVOUEVO TNG Miag amd avTéG €l TV TPOPOAN TG
GAANG Thve o€ aVT.

Av dnhody og éva tpiyovo ABT (oy.11) sivon my. A > 1L
kot AA M TpoPorn) TG TAELPAS Y Thve o B, TOTE 15YvEL

o’ =B +y7+2p - AA.

Am6 1o opboydvia tpiywva ABIT kot ABA, maipvoope avti-
oToLY O

o’ =AB*+AI” kot AB* =7y’ —AA”.

Ened A > 1L, 10 A Bpicketon oty mpoéktaon g TA mpog
10 A ko emopéveg Al = B+ AA ondte

AT? = (B +AA)’ =p>+AA*+ 2B - AA.
Me avticotdortacn tov oxéoeov AB” =v° — AA” kat
AT? = (B+AA)’ = B>+ AA” + 2B -AA
61N oYéon o’ =AB’ +AI'’, ipoxdmtet {ntovpuevn 6ot TO
o’ =y — AN+ B7+ AA’ + 2B-AA =B + ¢ + 2B-AA.

Amo 1o [TuBayopeto Bedpnua kot To Tporyovpeva Bempn-

51



EYKANEIAEIA TEQMETPIA

ZXOAIO ]

Eivar povepo ot o moporave
Oecwpnuaza I kot Il awotelody
yevikevan tov [TvBayopeiov
Oewpnuarog, apod otnv we-
pintwon wov eivar A = 1L, ta
Oecwpruozo avtd oivovy wg &i-
o wepintwon to Hvbayopeio
Oecopnuo.

52

pota I ko I tpokdmtetl dueca 6tL o€ kbbe tpiywvo ABI
€xovpe:
. ~ , 2 2 2
i) AvA<llL,tétea <P +77,
o N - 2 2 2
ii) AvA=1L,t6tea =" +7°,
ese ~ - 2 2 2
iii) AvA>1L,16te 0" >p " +y".
ATOJEIKVVETOL OUMG LE ATAY®OYN GE ATOTO OTL IoYVEL Kol
TO aVTioTPOQO TOV 1), i1), 111). [Ipdypatt, av w.y. 1oydel
2 2 2 ’ , A ;A ’
a” <PB°+ vy dev umopel va toyvet A = 1L 1 A > IL, ywati
B , .. , 2 2 2, 2 2 2
tOTE Omo TIG 11) ko ii1) o elyape o =B " +y " na” > P +y
’ ) r ;2 2 2 A
avtiotoya, Tov £tvot dtomo, apov o < B+ vy . Apa A < 1L.
Opota amodecviovtat kot ot GALES TEPIMTMOGELC.

"Etot £yovpe 10 axdAovho mopiopaL:

X ka0 tpiyovo ABI 1oybovv ot 1codvvapiec:
) o’>p>+7y°, avka povo av A > 1L,

ii) o’ =p>+y>, av ko pévo av A =1L,

iii) o’ <p’+7y°, av ko povo av A < 1L.

ZOUQOVO LE TO TOPIGHO. VTO Kot ETELDN 6€ KAOE Tpiywvo M
peyolbtepn mhevpd BpiokeTon omévavtt 6TN HEYAADTEPT Y®-
via, cLYKPIVOVTOG TO TETPAY®VO TNG HEYOAVTEPNS TAELPAG
eVOG TPLY®VOUL LE TO AOPOIGLLO TOV TETPAYDOVOV TOV GAADV
TAELPADV TOV, SOTIGTOVOVLE OV TO TPIY®OVO £ivat 0EuymV1O,
opBoydvio 1 apfruymvio.

Av c¢g éva tptywvo ABI eivan o =8, B =10 kouy =7,
0o &xovpe P° =100, o’ + v =64 + 49 = 113 dnha-
P> <a’+7vy’, omdte B < 1L kot enedn n B eivar
N HEYOADTEPT YOVIR TOV TPLYDVOV, TO Tpiywvo Oa
gtvan o&uymvio.

<
=
L
w
g
<
o
<
c

Téhog and Ta Bewprpata I ko I ekppdlovtac v tpofoin
AA ©¢ Tpog T0 GUVA TPOKVTTEL TO EMOUEVO TOPIGLAL:

NOMOZ TQN rYNHMITONQN
Ye kKG0g Tpiyowvo ABI woyver | oyéon
o= B2 + yz — 2Py - ouvA.




E®APMOTIH 1n

E®APMOTIH 2n

KE®DOAANAAIO 9. METPIKEXL IXEZXEIZX

Av netadd Tov TALvpOv a, B, v evég Tpryovov ABTT

ey vEL ¥ = \/az +B? +~/3ap, Téte:

A

i) vo amodcilere 60T TO TPiy®VO givar apfroyovio,

ii) va vmoloyicere T yovia I'.

Auon

28
A r B

1) Amo TN S0GUEVT IGOTNTO TPOKVTTEL OTL T Y EIVOL 1) LEYAADTEPT TAEVPA KOl ETTL-
. r 2 2 2 r ro ’
AoV OTLY” > a” + B, ondte M yovia [ etvon apPireio.

ii) Emewdn nyovia I eivat apPhreio, coppova pe to Osdpnpa appreioc yoviag

2 2
Y o

Ao Vv vtdbeon dmg Eyovpe

,Y2=a2

+PB%+ 20 - TA (D).

+B7 +3ap (2).

Amo 11¢ (1) ko (2) mpoxvmtel 6t A = ?B. Epappolovrtac to [MTubayodpeto

Bsdpnpo 6To Tpiymvo AAT &yovpe AA® =B° —TA* = R onote AA= 5

p* B _ Al

2

OV GNUaiveL OTL fsé = 30° kot emopEVMG I'=150°.

To vyog v, €vog Tpry®dvov ABI divetan a6 Tov TOTO

v, = éJr(r “ OB,

1
omov T = > (o + B +v) n nuurepipeTpog TOL TPLIYDVOV. AVALOYES EKPPAGELS LoYD-

OVV KO Y10, TO GALQ DY) Uy KOL V,.

Anoédei€n

‘Eocto éva tplyovo ABIT kot AA

70 VYOG ToL v,. AT 10 0pbo-
yovio tpiyovo AAB €xovpe
vo=v"— BA* ().

[Ipénetl emopévag va vwoAoyi-
covpe TV mpofoin BA g vy
TV GTNV 0.

Vg

H
B A o r

« AvB<1L, and 10 tpiyovo ABT &ovpe B =a’ +y> —20-BA 1

BA= 2i @ +y =B Q).
o

« AvB>1L, an6 10 tpiyevo ABI &yovpe
1
B’=a’+y>+20BA 1 BA=—2—(a2+y2— B ().
o
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1
Ao T1¢ (2) kon (3) Tpokvmtel 61t BA” = e (0’ +7° = B*)? pe avrikatdotacn g
omotog otV (1) maipvovpe: “

Vi @ B e [4azyz—<a2+vz—ﬁz)2}=
o 4o

1
=W(2av+a2+vz—l32) Qoy—a’—y* +B%) =

- [(awf—ﬁz} [Bz—(a—v)z} -
o

24%2 atPpry)(aty-B)Bra-y)B-aty) ().
Eneon a + B + vy =21, Oa eivon
aty-—Pp=2t-P-P=2(t-P), a+tP-y=2(t-y) xu B+y-a=2(t-w),

omote 1 (4) yiverou:

V2, = % 202(t— B)2(t—y) 2t — o) = izr(r —a)(T—B)(rt-v)
o o

oo TNV 0Toio TPOKVATEL TO {NTOVUEVO.
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Epwthoeis Katavéonons

1.

270 TOPOKATW GO, VO, COUTANPDOTE TO.
KEVA.:

i) BI'=..+..+24B..
ii) B[V =.. +.. +2Al..

. Na Bpelei 10 gidog TV yaviaw tprymvov

ABI o6tav:

i) ,BZ =3a + yz,
i)y’ =a’-p
iii) o’ —p°=2y".

CAVBY TAevpa. opfAvyavioo

tprycyvov ABI t6te ... > o’ + ... (Na ov-
UTANPOOETE TO. KEVA,).

. Av ato mapakdtw oynuo eivar AB = AI'

xou A = 120°, va Sikaioloyioete yioti
2 _ 2
o =3p".
A

120°

B r

Aoknoels Epnédwons

1.

Na eéetdoete av vrapyel tpiywvo ABI]
ue o= 6u, f=5u, y =4u, omov u Getixn
rwopouetpos. Na eletaabei to €idog tov
TIPIYOVOD (G TPOGS TIG YW VIES TO.

. Yrdpyer tpiywvo ue wikn mlevpov o = 6,

L =25, y=4; Av vou, va vmoloyioBodv ta
Dyn TOL TPIYDOVOL.

. Aivetor ipiyawvo ABI e o I\/E,,B =+ \/§

y = 2. Na vmoloyioOei i1 yowvio A.

4. Aivetoar olvyawvio tpiywvo ABI ue
AB = 4cem, AT = 5¢m kou ABA = 30°,
omov BA to dyog tov. No vroloyiobei
mwAevpa tov Bl

Anodeiktikés AOKNOEIS

1. O mhevpéc evog pryarvov ABI Eyovv prn
AB = 9cm, BI' = 7cm ko1 AI' = 12cm. No
vroloyiobetl 1o unKog g TPoLorng e
BI' mévaw oty AB.

2. Na amodeilete ot o€ kaOe tpanéfio ABIA
ue Paoeis AB, I 1oyver ont

AT? + BA” = AA” + BI + 24B - TA.

3. Av BB, I'T" eivai dyn evog olvyamvi-
ov Tp1ywvov ABI, vo amodeidete Ot
o’ =BIB' + yBI"

4. Aiveror opQoycwio tpiywvo ABI (A = IL).
Ilpoexteivovue tnv whevpa Al kotd,
IA = BI” Na.amodeicere 61 BA® = 2BI™AA.

5. 2e000xeléc iywvo ABI (AB = Al') pé-
povue wopdiinlo e Bl mov téuver tig
AB xo1 Al ota A kou E avtiotorya. No
amodeiéere 6t BE® = EI” + BIAE.

6. Aiverar opBoycivio tpiywvo ABI (A = 1L)
ue whevpég a, P, v. Yrapyer tpiywvo ue
whevpes Sa, 4f, 3y,

LUvOeta ©épata

1. Adivetar 100okeréc tpiywvo ABI ue
AB = Al kou A = 30°. Na. amodeiete omi

a=ﬂ\/2—\/§.

2. Aivetar kdkAog droustpov AB rai uia
xopon tov [A//AB. Av M eivai tv-
xoio onueio s AB, vo amodeilete ot
MI? + MA® = MA® + MB”.

3. Adiveraur tpiycwvo ABI ue o’= ﬁ3+ y3. No.
omodeilete 01 TO TIYWVO Ivar olvymvio.
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EX] eswpnpata Siapéowv

Ot emdpeveg PETPIKEG GYEGELS TOL OOl LEAETI|COVLE QLPO-
POLV TOV VITOAOYIGHO TOV SIAUEGMV EVOG TPLYDVOV KOl TOV
TPOPOADV TOVS GTIC TAEVPES, MG GUVAPTOT TV TAEVPDOV
TOV TPLYM®VOV.

OEQPHMA | (10 ©swpnpua Alapécwv)

To dBpoiopa TV TETPAYDOVOY 000 TAELPAOV EVOG TPLY®-
VOU 1600TOL [LE TO JITAAGLO TOV TETPOUYDVOV TG SLUUEGOV
OV TEPLEYETAL LETAED TOV TAELPDOV OVTAOV, AVENUEVO
KOTO TO GO TOL TETPUYDVOL TNG TPITNG TAEVPAG.

‘Eoto tpiywvo ABT, 1 didpesoc AM = p, ko o vyog AA.

Av AT > AB, 101¢ 10 {)}v0G A TOV V, PpickeTar HETAED TOV
B, M (0%.14) kot AMT > 1L, evéh AMB < 1L. Eguppdlovpe
10 Bedpnua apfreiog yoviag oto Tpiywvo AMI kot to Oed-
pnua o&elag yoviog oto tpiymvo AMB. Tote Ba £xovpe 0TL:

i) AI'’=AM’+MI”+2MI"MA

ii) AB*=AM’+ MB’-2MB-MA
[TpocBétovtag katd PEAN avTég TIg oYEELS Kot AapPvovTog
voyn 01t MB = MI €yovpe:

2
BI
AT?+ AB*=2AM’ + 2MB*=2AM" + 2(7] =

2 2

—oam+ Bl g per=amie L

Avaroyo Exovpe Kot TOLg okdAovHovg TOTOVG:
2 2
@+ pi=2pi+ a2+yz=2p§+B—.
2 2
A7 T0VG TOTOVS AVTOVG UTOPOVLLE VOL VTOAOYIGOVLLE TOL TE-
TPAY®OVA TOV SUUECOV MG GLVAPTNOT TOV TAELPDOV TOV
TPLYDOVOUL:
, 2+ 2y' -0’ , 207 +2y° -
ud 4 2 l‘lﬁ 4 ?
2 207 +2p 7’
lly - 4 .
['o Tov vToAoYIG O TV TPOPOAGY T®V SIUUECHOV GTIC TTAED-
PEC TOV TPLYOVOV EYOVLE TO 0kOAOLOO BemdpnpiaL.




KE®DOAANAAIO 9. METPIKEXL IXEZXEIZX

OEQPHMA 1l (20 ©swpnpa Alapéowv)

H dropopd 1oV teTpaydveov 600 TAEVPOV EVOG TPLYDOVOL
1000TAL 1€ TO SUTAGGLO YIVOUEVO TNG TPITNG TAEVPAG £l
™V TPOoPOAT TG avTiGTOLYNG OLOUEGOV VM GTNV TAELPA

‘Ecto M éva onueio tov yempetpikon tOTOL. ZOUQmVa,

2 2 2 2
AM’ +BM’ =2MO’ +A%@k2 =2MO’ +A'%<:>MO:21{#AB 2).
Ao v 1ot ovth PAémovpe 6t To TURpe MO €yet otabepd punkoc.
: : , . : C ) 2k* - AB’
Etot 10 M améyet and to otabepd onueio O otabepn andotaon ion pe — S

aLTN.
NMAPATHPHZIH T
Av o zpiywvo ABI eivai 100- ‘Ecto 01t AT > AB. Agaipdvtog kotd péAn tig oxéoeig (PA.
okelég (A = AB) y 100mlevpo, . ;
1612 10 M tawtiletan e to A kou Amodedn empiparog I):
70 20 Oedpuo d1ouécwv 10yvEL i) AT?=AM?+ MTI? + 2MT - MA
TOVTOTIKG. . 5 ) )
- — iil) AB"=AM"+MB™-2MB - MA
Bpiokovpue 6Tt
BT
AT’ —~AB”*=4MB -MA=4T-MA i B*—v'=2a-MA.
EXd Baoikoi YEWHETPIKOi TONOI
XPpNGUYOTOUDVTOG TIG TPONYOVUEVES LETPIKES OYECELS Ot pLe-
AETNCOVLE TO TAPAKATO TPOPANUATO YEOUETPIKDOV TOT®V.
' 'Eoto A, B 600 6taBepd onpeia ko k éva doopévo M
<§t Tpo. No Bpeite To YeEOUETPIKO TOTO TOV onueimv,
E TOV 0TOLOV TO GOPOLGHE TOV TETPUYDVOV TOV UTO-
1| etdosov oo Ta A, B wsodTar pe k. A
o o B
a
= Alon

pe 1o mpoPAnua Oa givar: 2xnua 15

AM’+BM’=k* (1).

Av O givau to pécso tov AB, t6t€ 06 10 10 Bedpnuo Tov dtopéocmv Ba Exovpe

2 2
dpo Ppioketar otov KHKLO LO, MJ

2k* — AB’
AvtioTpo@a. Qo anodeicovpe 0Tt kaBe onueio M Tov khkAov {O, f} gtvon
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EYKANEIAEIA TEQMETPIA

Kt oMEI0 TOL (TOVHEVOL YEOUETPIKOD TOTOL, SAadH OTt toydet AM” + MB* =k’
[Mpdypartt, ond 10 1o Bedpnua dStopécwv Exovpe

2
Jak? —Asz LAB

2 2

k.

2
MA? +MB? =2MO? + Af =2(

Emopévog o intodpevog yempeTpikdg TOTOC eival o KOKAOG mov £xet kévrpo O 1o
: : o 2k* - AB’
péco tov Tunpatog AB kot axtiva ion pg —8—.
Agpevvnon. Armopaitntn tpoimdOeon yio va VTEPYEL YEOUETPIKOC TOTOG Eivot
2k* — AB? ZO@kZﬁ.

N

Ortav £yovple 160TNTO, 0 YEOUETPIKOG TOTOG amoteAeiton pdvo amd to onpeio O.

NMPOBAHMA 2

‘Eoto M éva onpeio tov yeopetpucod tomov. Xop-

"Eotm A, B 600 ot00gpd onpeio kot k éva 6ta0epo Tufqpo. No Bpeite To yempe-

TPIKO TOTO TOV GNUEIOV, VLU TO OO 1] SLAPOPE TOV TETPAYADVAOV TOV UTOCTA-

oe@V TOVG a6 To. A, B 1oovTon pe k2. e
M
N\uon

eova pe o TpdPfAnua (yio AM > BM) givat
AM’-BM’=k> (1).

‘Eoto O 10 péco tov AB kot € | evbBeio MHLAB A H B
omov H n wpofoin tov M mtave otnv AB. And 10 0 —

20 Bedpnpa TV SIOUEGHOV EYOVLE OTL
AM’ - BM’=2AB - OH < k*=2AB - OH < OH =

2

2).

2AB @
H 106t ta avtn delyvet 6Tt to tpumqpor OH givar otabepo. [apatmpodpe 6L n Tpofo-
M tov M méve oto AB agvou otabepn, dpa to M Bpioketon oty evbeia e LAB oT0

kot Bpiokeron petald tov onueiov O, B.
k2
2AB

Amd 1o H @épovpe v kabem gubeia € otnv AB Kot £éotw M tuyaio onpeio g €. Oa

arodeiovpe 0tL To M givar onpeio Tov nroduevov yempetpucov témov. Ipdypott
2

k
omd 10 20 Bedpnua dwaptcwv éxovpe AM® — BM>=2AB - OH =2AB - —— =k’.

. , . . 2AB
Emopévac o {ntovpevog yempetptkodg tomog ivat 1 €.

k
onueio H, 6mov OH =
s 2AB

Avtiotpo@a. Eoto onueio H peta&y tov O, B t€1010, dote OH =

Agpegdvon. Av k = 0 givart MA® — MB” = 0 | MA = MB, ontdte 10 M 16améyet and
ta onueia A, B. Tote o {nrtovpevog yempetpikdg TOTOG €ivat 1 LECOKAOETOG TOV
tunpoatoc AB.




AIKHZEIX A AYZH

KE®DAAAIO 9.

METPIKEZXZ ZIXEZXE

Iz

Epwthoeis Katavéonons
1. Xto mopoxdarw oynua n AM eivor didue-
oo¢ ka1 AA dyog. [lowa ayéon eivor ow-
o,
A

]
B M A I
i) AB’ + A" = 2AM’ + 2BM’
ii) AB® + A" = 2AM’ + 244°
iii) AB® + A"’ = 2BI" - MA
iv) AB’—AI" = 2AM’ + 2BM’
Artioloynote v amevtyon cog.

2. X710 TOPOKGTW GYNUO VO COUTANPDOTETE
0. KEVO,

i) MA>+MB’ = ... F o
i) MI" +MA” = ... o,
Na eényioete yati MA+MB’=MI+MA’.

3. Av oe wiywvo ABI eivar 7+ y° = 5a°
T0TE!

_a _3a

o py = B u, y
3a 2a.

oy =22 o.u =24
V- Ha = =

Korlware to ypoppo mov avtiororyel oty
oWaTH OTAVTHON KOL OITIOLOYHOTE TNV
OTaVTHON O0G.

Aoknoels Epnédwons

1. Xe tpiywvo ABI éyovue p =7,y = 6 kou
U, = 7/2. No. voloyioQodv: i) n mhevpd. a,
ii) n mpofoin ¢ drauéoov u, oty Bl

2. No amooeilete ot o€ kGO Tpiywvo 1oy del
2

24y >
w, + By 4

3. Adiverou koxlog (O, R), uio d16uetpog to
AB kou éotw I A o uéoo twv OA kar OB
avtioToryo.

Av MI”> + MA® = 5, émov M toyaio onueio
700 KOKAOV, Vo, vodoy1obel 1 axtivo, R.

4. Aiverou wpiywvo ABIT ka1 éotw O t0 fa-

POKEVTPO Tov. Now arodeilete oti:

D) pot g +ﬂ5=%(a2 5+,
ii) O4°+OB +0r = é(az + B+,

Anodeiktkés AOKNOEIS
1. Aivertar tpiywvo ABF,ug/f =060° p =3,
y = 3. Na vmoroyiaOei 11 d16uea0¢ 00 U,
2. Atverou 10ookerés tpiywvo ABIT (AB=AT)
Ko toyoio onueio A e AB. No. arodeile-
7€ 0Tl
BI"A4
AB
3. i) Av ABIA opBoywvio ka1 M toyaio on-
ueto vo, amodeilete ot MA® + MI™ =
MB’ + MA’.
ii) Av ABIA tetpdywvo kot onueio M oto
E0WTEPLKO TOV, Wote MA = 1, MB =
2 Kkou M = \/§ va ppebei n whevpa
TOV TETPAYADOVOD.

Al —AB’ =

4. Av M, N eivou uéoo twv oiaywviov AL
BA evog tetpanietpov ABIA, vo amodei-
Eete o1
AB’+BI+IN +A4°=A+BA*+4MN’
(Oeapnua Euler).

5. Xy vmoteivovaa Bl opboywviov tpiyw-

vov ABI” Ocwpodue to. onueio A ko E té-
ro10, wote BA = AE = EI’
5

No. arodeilete 611 AL + AE® = 3 BI”.

6. Av oe tpiywvo ABI 1yder f° + v° = 2au,
vo, vmodoyiobei 1 ywvia A.

LUvOeta ©épata

1. Adbo adérpia kinpovounoay aypoteudyio
aynuatog pameliov Kol aropacloay vo. 1o
HOIPATOvY avoiyovtog dpouo mov Go. eva-
VEL TO. LETT TV TTOPIMNAWV TAEVPDY TOV.
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rTrEQMETPIA

Av o1 faceig eivor Skm kar 6km, eved o1 un
wapaiinies mlevpés Skm kol 6km, wooo
Oo. aroryioer n diavorln tov dpouov, av 1
HIALOUETPO Opouov Kootiler 500 svpo;

IA = AB. Na arodeiete o1 1o abpoioua
MA’+MB*+MI+MA” eivau otalepo.

. Aivetar poufog ABIA wievpds a, O 1o Ké-

vIpo tov kol koriog (O, La), 1 > 0. Av

2. Aivetar tpiywvo ABIT ue AI'> AB kou M, , , , ,
, , , yia toyaio onueio M tov koxlov 1oydel
N ta péoa twv rthevpwv AB kou AL avti- MA’+MB’+MI*+MA’=180°, va Ppelei
ororya. Av O 10 uéoo tov MN, vo amodel- ; , ’ P
Sete 6 0 TPOYUATIKOS op1OUOGS A.
2 2
or’—oB’ = Al" —AB" . Aivetar poufoc ABIA nlevpas a, ue dra-
2 yavio BA = a. Eatw toyoio anueio P. Na
3. 2e nuikdxiio dropétpov AB = 20 Oew- omodeiéete 611

podue toyoio onueio M. Xwpilovue
owauetpo AB oe tpio ioo tunuata AT =

o’ = (P4’ = PB’) + (P — PAY).

Metpikés oxéoels og KUKAO

(9.7 Téuvouoses kUkiou

Ac Bempnoovpie Evav kOikAo (O, R) kot éva eEmtepikd 1 eow-
tepcd onpeio Tov P. Ao to P pépovpe dvo tuyaieg evbeieg
OV TEUVOLV TOV KUKAO oTa onueia A, B ko I, A avticTtoyo.

To akdrovbo Bempnua ekppalel 6Tt PA - PB = PT" - PA.

©EQPHMA |

Av 300 yopdég AB, T'A 1| 01 TPOEKTAGELS TOVG TEUVOVTOL
o¢ éva onueio P, 10te 10y0¢e1
PA - PB =PI - PA.

Ta tpiyova PAT kot PBA sivot dpota, agod PAT = PAB
kot PI'A = PBA (210 oy.170 éyovpe 61t PAT = PAB yuti
70 TETpAmAEVPO eivan syypayipo kou 1 PAT eivar sEotepikh

A A A
A tov yovia. 1o o). 17 PAT = PAB wc eyyeypappéveg yovieg
mov Batvovv 610 1010 T6LO).
Emopévac, 1oybdet 6t
PA PI
P —=—+ 1N PA-PB=PI'-PA.

PA PB
B [Tapatnpodpe Aomdv OTL TaL YIVOUEVO TOV TUNHATOV TOV
r opilovv o1 téuvovoeg evog kbkAov PA, - PA,, PB, - PB,,

PI', - PT,, ... mapapévouv otabepd. To yeyovog avtd pog
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00MYel 6TO CLUTEPAGHA OTL T YIVOUEVO QLTH EEQPTAOVTOL
povo amd tig 0€ceig Tov onueiov P kot tov kukiov (O, R).

2NV €01KY| TEPIMTMOOT TNG EPATTOUEVNG, OOV T dVO O1)-
peto toung tavtifovat, To Bedpnuoa toydeL.

Yxnua 18

OEQPHMA I

Av ano éva eEmtepiko onpeio P kdxklov (O, R) pépovpe
10 gpantopevo Tpunqpo PE kot pia evbeio mov tépvel tov
KOKAO ota onueio A, B, tOte 10y0€1 0TL

PE’=PA - PB.

Ddépovpe v gubeio PO 1 omola tépvet tov kbkAo ota on-
peto I kot A. @étovpe OP = §, ondte and 1o Oedpnua |
Eyovpe Ot
PA-PB=PI'-PA=(3-R)(3+R)=5"-R’.

Am6 to [TvBayopelo Bempnua oto tpiywvo POE wpokidmtel
ot

PE’=PO’-OE’=4"-R* Apa PE’=PA-PB.
2ty mponyovpevn anddeiln eldape 0t av pie gvbeio diép-
yeton and éva eEmtepkd onueio P koxiov (O, R) kot tépvet
oV K0KAO o€ onpeia A, B tote PA - PB =8’ — R*. Opow
amodeucvoetar 61t PA - PB = R% — 82, ov 1o P givon ecote-
pkd onpeio Tov KHKAOV.

H Swopopd 8° — R* Aéyeton dbvaun tov equciov P w¢ mpoc
Tov kvkio (0, R) xor copPorileton

Ato.ry =9’ —R*=OP’-R’.
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Ag e€etdoovpe Tt cupPaivel Otav To P givor ecotepikd on-
peto Tov KOKAOL 1 6Ty avikeLl o€ avtov. Tote ) dHvapn ToV
onueiov P wg mpog tov kvkho (O, R) eivar apyntikn 1 ion
LE To PNV avTioToryo.

AT TOV 0pIGHO TG OVVOLNG OTUEIOV G TPOG KUKAO KOTO-
Aafaivovpe 0Tt ovclacTiKG EKPPALEL TN GYETIKN BEoM TOL
onueiov P wg mpog tov kvrho (O, R), kabdg eaptdton povo
amd 1o O, ONAadN v andotacn Tov P and to kévipo tov
KOKAov. Emopévamg, éxovpe 0t

* 10 P givan e€mtepikd onpeio Tov kvkrov (O, R) av ko

povo av

P
Ao,y >0

* 10 P givon ecmtepkd onpeio Tov kvkiov (O, R) av ko

povo av

P
Ao.ry <0

* 70 P givar onpeio Tov kvkrov (O, R) av ko povo av

P —
A(0, R) 0

Mndevikn
dvvaun

Yxnua 20
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E®APMOTIH 1n

E®APMOTIH 2n

E®APMOIH 3n

KE®OAANAIO 9. METPIKEZXZL XTXEZILE

Iz

Av 000 Tppata AB kon I'A 1] o1 mpogktdoels Tovg Tépvovtal o€ £va onueio P
é¢tor @wote PA - PB = PI' - PA, 167¢ 10 TETpdmAgvpo pe Kopveég Ta onueia A, B,
I A givon gyypaypo.

Anoédei€n

Ag Bewpnoovpe 10 onueio topng P tov tunudtov AB, I'A 1 tov npogktdcedv
PA PA

toug (). 17). H doopévn oyéon PA - PB = PI" - PA ypdoetat or = B KoL opov

APT = BPA, ta tpiyova APT kot BPA Oa givon dpoto.

Emopévamg PBA = PI'A, ondte 10 TETPATAELPO Elvan €yypayiLO.

MAPATHPHZH H cpapuoyi exppiler to aviiotpopo tov Oewpiipazog 1.

Ag Osmpnioovpe gvleia € ko Tpio onpeio g P, A, B, pe 10 A peta&d Tov P ko B.

"‘Eoto onpeio E ektog g sv0ciag € TéT010, Dote PE* = PA - PB. Téte To THijpo

PE &ivor epantopevo 6tov Kukro, Tov opilovv Ta onpeia A, B, E.

Anoédei€n

"Eoto (O, R) 0 kiKhoc mov Siépyetan and ta onueia A, B, E (o).19). Tote PE*=PA - PB =

OP’-R’=0P’-OE’ 1 PE’+ OE’ = OP’, ondte 10 tpiyovo OEP givor opBoydvio
kot 1 PE gpdmtetan otov kvkro (O, R).

MAPATHPHZH H cpappoyi avtii exppéler to avtiorpopo tov Oswpriuarog I1.

AIAIPEZH TMHMATOX ZE MEXO KAI AKPO AOIO (XPYZH TOMH)

No dwpedei éva Tupa AB, o€ 6v0 dvica Tpfqpoata AL I'B @cte To peyorvtepo
070 0VTA Vo €ival nEGo avaAioyo TOV PIKPOTEPOV KOl TOV aPYLKoV EVOVYpapOV

TUNLATOG.

Anodeign

‘Eotw AB = a xon A" =X 10 peyaAdtepo and to Tun-

pata oto onoia ywpileton to AB and to I' (oy.21). A 0

Tote I'B = o — x kot O mpémet va 1oyveL | oyéon:

AT?=AB-TB7x’=a(0—=x) (1). Hoxgon (1) A=—"— =L
ypagston x” +ox — o’ =01 x (x + a) = o’ (2).

‘Eto1, Y100 vo KOTOGKEVAGOVUE TO X YPAPOV-

pe kokio |O, % oL epdntetol oto evOVYpappo Tuue AB oto onueio B kot

eépovpe v AO, 1 omoia téuvel Tov kOkAo ota onueia A, E. Tote woyvet 611
AB’=AA-AE =AA(AA+AE)=AA(AA+AB) 1 o’ = AA(AA + o) omdte 10 AA €xet
10 {nrovpevo pnkog kot to I efvan 1) topn tov kHkdov (A, AA) kot tov Tpuqpotog AB.
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rTrEQMETPIA

ZXOAIO

To mpofinua e d1aipeons evog evOVYPaUILOD TUNUOTOS O UEGO KOL GKPO AOYO EIVAL YVWOTO CHUEPO. KO

w¢ mpoPinue e Xpoeiic Toutic. Me to mpdfinua avté emdvetor yewuetpixd n eflowon x° = afa —x) i
2

X toax—a =0.

H Oetuarj pito e eliowone x” + ax—a’ = 0 eivau x =
OV EIVAL 1] AVOAOYIO. TS «YPVOHS TOUNGH.

a(\/g—]) a
2

\/§+1_ X

2 a-—x

, OO OTTOV TPOKVTTEL OTI — =
X

5

\/§+I

O mopomova Aoyos aoufoliletor d1ebvag ue to ypauuo @, oniodn @ = .

2

O ovuflorionog mpoépyetor omo to ovouo tov YAOTTH TS KAAOIKNS apyaidtntag Petdio 0 0moiog KaTooKeLATE
tov [lapBevarva. Ot apyoaior EJinveg pilocopot diamiotmaooy 0Tt 0mov eupavietal 0 A0yog ¢ (opyITEKTOVIKI],
ylomuikn Kth.), onuiovpyel v aicOnon tyg apuovios.

AXKHZEIX TA AYZH

64

E

pwtnoeis Katavonons

1. No mpoacodiopicBodv ot Tiuég Twv X, y, ota.

[

w

TOPOKATOD TYNUOTA:

e A4 N

. oo n dvvaun enueiov P w¢ mpog kdkio
(O,R) otav P=0;

. Av o710 dimhavo aynuo.
elval A%, g = =3, va A

vroloyioete TNV oKTi-
vo. R o0 kdKl.00.

Aoknoels Epnédwons

1.

Aivetar koklog (K, 6) ko onueio A, wote
AK = 14cm. Av amd to onueio A pépovue
téuvovoa ABI” mov téuvel tov kokAo kot
xopon BI' = 6¢cm, va vwoloyioete to AB.
. Av o¢ tpiywvo ABI 0 kdklog, mov diép-
xetor oo to A kai to. uéeo. M, N twv AB
xar A" avtiotoya, epomreron s Bl ato
A, va. amodeilete ot AA* = AB - AT,

3. Ocwpodue kvoxio (O, R) kat tig yopdég

700 AB, I/ mov téuvovral oto P. Av ioydet

., P4 _PA
ot —="—

PB Pl
0éc AB, I/ civau ioec.

vo. amodeilete 0Tl 01 yop-

. Na amodeiete 011 11 mposkTaon e KOWNg

JOPONGS OVO TEUVOUEV@Y KOKAWY OLyoToUET
Ka0e KO1VO ECWOTEPIKO EYOTTOUEVO TUNUO.
TOVG.

Anobeikuikés AGKNOEIS
1. Terpdywvo ABIA wlevpdg a eivar eyye-

ypopuévo oc koxio (O, R). Av E givou to
uéoo s AA kou n BE mpoekrervouevy té-
LVEL TOV KUKAO 0T0 Z, VO, ATOOEICETE OTL:
i) BE =2

: ii) BE = 5EZ.

. Amo onueio A extog kvriov (O, R) pépov-

ue reuvovoo. ABI kou epormrouevo tunuo.
AA. Av iy diyotdpoc e yoviac A téuver
7i¢ BA, I/ ota E kot Z avtictoya, va
omoogiete ot1 EB-ZI" = EA-ZA.

. Av 5 drauecoc AM tprywvov ABI” téuver

TOV TEPLYEYPOULEVO KOKLO aTo E, vo. omo-

ocilete omi: ,
i) AM - ME = 35 ,

ii) AB’ + AI” = 24M - AE.

. Adivetar koxlog (O, R) kou evbecia & mov

eV TéUVEL TOV KUKA0. ATto onueio M tng ¢
pépovye to. epomrouevo. tunuoto MA, MB
xor Ol Le . Av n AB téuver v Ol oto N,
va. amoocilere ot1 ON - O = R’.




FENIKEX AXKHZEIX

KE®DAAAIO 9.

. Aivetar opBoydvio tpiywvo ABI (A =IL),

eyyeypouuevo oe koklo (O, R) kat to
dwog o0 AA. Av petafinty evbeia mov
o1épyetoun oo to I téuvetl o dyog ato M
Kol tov kvkAo oto H, va amodeilete ot
I'M-TH=TA".

LUuvOeta Bépata

1.

Av n dryorouog AA tprywvov ABI téuver
T0V TEPLYEYPOUUEVO KDOKAO 010 E Kou &i-
vai AA” = AB - AT va amodeciete 011
AE’=2EI",

. Aiverar piyawvo ABI ue ﬂ2 + y2 =20’ Av

n o1aueooc AM téuver Tov TepLyEypouUEVO

METPIKEZ

KOKAo oto A vo. amodeilete 0t1

2

6

MA

3
3. 2e tpiywvo ABI eivou |, = g B.Av M

70 fopdrevipo tov tpryavov ABI] va amo-
Oeilete 0TI 0 TEPIYEYPOUUEVOS KDKAOS TOD
p1yvov ABM epdnreton t¢ Bl oto B.

4. Aiverar tpiywvo ABI] i diyotouog tov A4,

n o16ueaos 100 AM Kot 0 TEPIYEYPOLUEVOS
xvklog (K) tov tpiyodovov AAM. Av E, Z
eival ta onueio toung twv AB koi AL ue
0V kvKlo (K) avtiotoyo, va amodeilete
otuBE =17.

IXEZEIZX

. Eotw AB, 1A dbo evb@dypauua tunuo-

0. [kavny kor avaykoio oovOnkn, wote
ABLIA givar vo 1oyber 6t AT — AA° =
BI” - BA®,

. Aivetau tpiywvo ABI! Av AA eivar n d1-

K0Té10¢ TN Ywviac A, va amodeilete b
AB - Al = AA’ + BA - AL

. Av M etvou 1o uéoco e mhevpads Bl ovya-

viov tpiryavov ABI kou BA to dyog tov, vo.
amodeilete 6t AM® = BM® + AA - AT

. Ocopnua Stewart

i) Eotw A onueio ¢ nhsvpag Bl tpryc-
vov ABI No amodsilete ot

BA-AI” + AT"AB’ = BI(AA° + BA-AI).

ii) No diorvradoete to Gewpnua Stewart
oo 10 ABI eivou 10ooxeléc (AB = AI).

. diverar olvyavio tpiywvo ABI pe p L,

Na amodeilete ot1:
) By =5,
ii) av A4 dwog ka1 H 0 opBokevipo tov
wprydwvov ABI téte AH - AA = 20

. 2e olvyavio tpiywvo ABI pépovue

odueoo AM. Av A i wpofori oo M wéve
otv AB va omodgilete ot
BI? = 34B’ + AI”” — 44B - AA.

. Aivetou koxlog (O, R) o axtiva OA kau

xopon Bl wapaoiinin mpog v OA. Na
arodeiéete ot o GOpoioua AB® + AL ei-
vou a1afepo.

. Aivetou koxdog (O, R), uia diduetpog AB

xar I, A ta péco twv OA, OB avtiotoiyo.

Av uia yopon EH mov diépyetar amo to

I eivau EH =£R, va arodeifete Ot

EAH =1L.
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APAXTHPIOTHTEZ

1. Adivetar opBoydvio kar 10ookeléc tpiywvo ABI (A = 1) ue ioec mievpéc a. Sro nuisminedo ox-
¢ Bl wov dev mepiéyel 1o A Oeawpodue to opboyavio BIAE ue BE = a. Eotw Z, H o1 mpofolés
v B, A avticroyo oty EI [Ipooradnare vo. ovoKoADWETE EROTTIKG T GYETH TWV TUNUATDOV
T'H, HZ ko1 ZE ko1 ot o0VEYELR V. OTOOEILETE TOV 10YVPLOUO OOG.

2. Me kotdlinin yewuetpikn katackevy mpoaoiopiate thv “oxpifn’” Oéan twv apiBunv J3,
N \75 , TAVW aTOV GLOVA TWV TPAYUATIKDV optOumy.

EPTFAZIA (P1Qikos a€ovas 600 KUKAwV)

Na. fpebei 0 yemustpikos TOTOS TWV GRUELWY TOD EYOVY TV [O10. OOVOUT WG TPOS 000 KdKAOVS (K,
R) ka1 (4, p) oTow:

i) O1 kdrlor éuvovrou (Yroderén: pépte tnv korvij yopon tovg),

ii)
iii)  O1 koKlot givou o évog eéwtepiros tov drlov (Yroderén: ypnoiuoroinote to mpofiinuo 2 e

O1 kvrcdor epamrovron (YrOOEIEn: pépte Ty Koy epamtouév),

§9.6).

IXTOPIKO XtHMEIQMA

To npéPAnpa tns Siaipeons os péco

Kal dkpo Adyo

H mpoéievon tov mpoPAnpotog g dtaipeong
€VOG €VBVYPALLOV TUAIATOG GE dVO UEPT, ETCL,
MOOTE TO PEYOADTEPO TUNMO. TOV Vo Elval péom
AVALOYOG OVALEGO GE OAOKANPO TO TUMLO KO
TO LKPOTEPO TUN L TOV, SNAAON X = X (0 — X),
dev glvat wotopikd e&okpifopévn. Optopévol
16TOPIKOL avdyovv TV Tpoérevot tov otny [lv-
Baydpera 6o, CLVOEOVTAG TO LE TN HEAETT TNG
teTpayovikic eéicwong x” + ax = o, dnog ep-
paviletan og yeopetpikn yAwooa 6to Bifiio 11
TV «Ztoryeiwv» Tov EukAieidn 1| pe v ovokd-
Aoyn g acvupetpiog otnv apyoio EALGSa, Kot
GALOL LLE TNV KOTOOKELT TOV TEVTIAYMDVOL OO TO
®¢aimro mepi o 386 w.X.

Yta «Ztoyeioy tov Evkeion 1o mpoPAnua avtd

eupaviCeton ota €ng Biiia:

1. oto Bipiio II (ITpotdocelg 5, 6 kot 11), mov
ovvdéetal pe TV «mapafoin xopiovy Kot
Katé cvvéneln pe v e&icwon X +ax=d,

2. oto BiMo IV (TIpotdoerg 10-11), katd v
KOTOGKELT TOV KAVOVIKOD TEVTOYDVO,

3. oto Bipfiio VI (Opiopdg 3 kot [Ipotdoetg

29-30), 6mov o EvkAeidng ypnoyonotel &v-
voigg amd TN yevikn Bempia Tov avaloyidv
tov Evdo&ov mov extifeton ato Bipiio V (PA.
Mézpnon).

4. o710 Bipiio XIII (ITpotdoeig 16 kan 17), Kotd
TNV KOTAGKELT TOV KOVOVIKOD EIKOGUEIPOV
Kot SWOEKAEOPOV, GTNV OTOL0L EVEYETOL TO TE-
VIOy®vo.

Metd tov EviAeion to Tpofinpa g draipeonc
o€ PHéGo Kol kpo Adyo ppavifetal 6To omo-
KaAlovpevo «XZvpriipopoy 1 Biprio XIV tov
«Ztoyeimvy, Tov amodidetor 6tov Yy (206
at. 1.X.). 10 épyo tov ‘Hpova eppovifetor o
GY£0T] LLE TOV TPOGOIOPIGUO TG EMUPAVELNG TOV
TEVTOYMVOL KOl TOV SEKOLYMVOL, KOl 6T «ZVVol-
yoyn» tov Idnmov 6NV KATOAGKELT TOL £1KO-
GOESPOV Kol TOV dWOEKAEDPOV, KOOMS KOl 6TOL
BemPNLLOTO GOYKPLOTG TOV OYKMOV TOVG.

Y Apofikn mapddoon dev vadpyovv evoeitelg
EL0AYOYNG TNG EVVOLUG TNG JLAIPEST|G EVOS TN L0
TOG G€ UEGO Kal AKPo AGYO, OV KOl 6TO £PYO0 TOV
aA-Xovapiliu (repimov 780-850), Tov Apmod Ka-
piA (mepimov 850-930), tov ApmovA-Ovdea (940-
997/8) k.4. e&etdlovtal cuvaen TPOPA AT
Ymv Evponaikn mapddoon ot amapyég g pe-
AETNG TOV 1010THTOV TNG dl0ipecNC 6€ HEGO Kot




KE®DAAAIO 9.

axpo Adyo avayovtatl otov Agovdipdo g IiCoc
N dymovdatot (mepinov 1180-1250), mov e&etd-
Cel petpikd TpofANUOTO TOV TEVIAYDOVOL Kol
TOV JEKUYDOVOV, KaOMOG Kot TpoPAnpata Tpoc-
S10p1o ol TOV OYKOL TOL EIKOGUEIPOL KOl TOV
dwdekaédpov. O Oyunovatot elvar mePoodTEPO
YVOOTOG OO TO «TPOPANLLOL TOV KOLVEAMDVY, TOV
extifeton oto «BipAio tov afaxoy (Liber abaci):
«IT6ca (ehyn KovveMdV pumopovv va yevvnovv
péoa og éva xpdvo amd éva Ceuydpt KOUVEALX,;
... 0TAV 1 PHON TOV KOVVEMOV glvar TETOL0 TOV
KG0e pva yevvohv évo drrio (evydpt Kot opyi-
Covv Vv avamapay®yn 1o dHTEPO LUNVOL PLETE TN
YEVVIGT] TOLGY.

O Owymovatot deiyvel 0Tt To TPORANU AVTO 0dN-
vet ot yéveon g axolovbiog

1,1,2,3,5,8, 13,21, 34, 55, 89, 144, 233,377, ...
7oV ovopdotnke akoAovdia (apiBpol) Tov Piumo-
vatot and Tov .E.A. Aovkog (Frangois Edouard
Anatole Lucas, 1848-1891) ka1 oynpatileton
GUUOM®VO [LE TOV KOVOVOL:

Uy = 1)

U, = Uy t U,
H oyéon g akorovbiog avtng pe to TpoOPAN Lo
g daipeong oe pHéco kat dkpo Adyo eivon 0Tt
TO OP10 TOL AOYOL TOL ETOLEVOV TPOG TOV TPOT|-
yoOpEVO 0po TG akolovbiog 1GovToL Pe TV TN
TOV HEGOL Kal AKpov AdYov, dnhadn| pe ™ pila

ulzla

METPIKEZ

m¢ e&lowong x* + ax = a’, ko givar dppnTog
apOpog. Aev vdpyovv evoei&elg 6t o Dumovai-
101 yvopile ) oxéon avtn, N oroio amavTiTot
apyotepa o€ padnpatikonvg tov 16ov-170v at.
(Kémkep, Zipap, Zipnoov). H yevikn popon tov
v-00T00 6pov T1g akorovbiog Dymovdatot

) ] 1+\/§ v+l 1_\/3 v+l
ST T2 2

dnpooctevtnke to 1843 and tov Z. Mmwvé.

To 130 ot 0 HETOPPOAGTNG KOl GYOMOAGTNG TOL
Evkdeion Kapmoavog tg NoBdpa mpocshétel oto
BipAio XIII tov «Ztoyeiovy (1482) pia mpdtoon
OV TEPLEYEL LIt optOUNTIKY] AOSEEN TG OOV~
petpiog evog eLBVYPOUOD TUMIOTOG Kot TV 600
UEPDOV TOL TTOV AapBAvovTo omd T S1ipecT Tov
G€ HECO Kot GKpo AOYO.

To 150-160 at. avalwoyoveital 1o volapEpovV
TPOG TN dlaipecT 6€ PHEGO KOl AKPO AOYO GE
oyEoN UE TIG QapuoYEg g ot empetpio kot
TNV PYLITEKTOVIKT]. XTO TANIGI0 0VTO EGAYETOL
0 0pOg «YPLGT TOUN» amd Tov AgovApvTo VIO
Bivtot. To 1509 gkdideton «H Oeixn avoroyion
(Divina proportione) tov Aovkd ITotcoi (L.
Pacioli, 1445-nep. 1514), mov av Kot ivort €101-
K6 aplepopévn oto TpdPANLa g daipeong o
LéGo Kot GKkpo AGYO0, 1 LOONUATIKY S10TporyLd-
tevon Tov Bépartog ivar paAiov addvar.

IXEZEIZX
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ANAKEOAAAIQXH
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METPIKEZ ZXEZEIX XTO TPITQNO

: :

MMvBayépero Osopnpo Ozopnua dwpicov
o =p+y s A=1L lo®.A.: Bz+y2=2ui+%
200.A.: B7—y>=20MA

l

I'evikevon MvOayopeiov Ymnohloyiopog
A<1L:a>=p*+y" - 2B-AA 1OV Srepécev TprydveV
A>1L: o’ =B+ +2B-AA

|

l ' '

[Ipocdiopiopdg Nopog cuvnutoveov Y TOAOYIGHOG T®V VYDV
0V €100VG TPIYOVOL o2 = B2 + v2 — 2By- 2
! > HOIOD @l =Py =2ByowA 2 - a) - B)e-)
G TPOG TIG YOVIiES a

METPIKEXZ ZXEXZEIX ZE KYKAO

PA-PB=PI'-PA

AT e R el Ay d PE’=PA-PB

Auvapn onpeiou ws npos KUkNo: ILYNET ) o8 &

’ , , /. - P
* To P civin e€mTepiké onpeio Tov kokAov (O, R), av kau poévo av A g gy > 0.
’ 4 , 7 y P
* To P givon eomTepiko onueio Tov kOKAov (O, R), av kor pévo av A g ¢y <0.
* To P givar onpeio Tov kvkiov (O, R), av kar pévo av Al(’o, r = 0.




KEOAAAIO 1

EMBAAA

Eivot amodektd 6t1 1 évvola tov epPadod evoc evBOYpApIOL GYLOTOG TPOEKLYE OO TNV
aVAYKN OVTILETOTIONG TPOoPANpdTemV ™¢ kadnuepvng Long, apketd ypodvia mpiv. Ilpdypa-
T1 elvat 1otopikd emPePatopévo 6t n Feopetpio epEAvicTNKE, TOLAAYIGTOV TPELS YIAETIES
.X., ©G T€XVN VIOAOYIGHOD UNKAOV, ELRAIDV Kot GYK®OV GTOVG AAOVG TTOV KOTOIKOVGHY KOVTA
otovg motapovg Netro, Tiypn kot Evppdtn. Zmmv Atyvnto pdota frav téxvn yio pétpnon
MG Apydtepa 1 évvola Tov gpfadov BepeMdOnke avotnpd Kot yevikevdnke e cHVOAQ O
TOAOTAOKO atd TO, EVOVYPOULLL GYNLOTAL.

270 KEQAAULO OVTO ACYOAOVUAGTE LLE TNV Evvola TOV eRPadoD vOc evBVYPALLIOL GYNLOTOC.
Apykd giodyovpe TV évvola Tov gpfadov evog TOAVY®VIKOD Y®piov 1 LG TOAVYMVIKNG
emoeavelng. Katomy, divovpe 10movg vmoroyiopuov tov pfadod Tov TeTpay®vov, ToV op-
Boywviov, TOV TOPAAANAOYPALLLOV, TOV TPLYDOVOL Kot TOV Tpamelion. TN GuVEXELD, OIVOLUE
T oxéon TV euPfad®mv 000 OLolwY EVOVYPAULOY CYNUATOV Kol TEAOG AVTILETOTILOVLE TO
TPOPAN O TOV TETPAYOVIGUOD EVOG TOADYDVO.

Piet Mondrian (OAovoog, 1872 - 1944),
Hivaxog I, Aaor oe koufa, 1921 - 1925
2vlioyn Max Bill, Zvpiyn.
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r
A

NoAuywvika xwpia - MoAuywvVikés enipaveies

(10.1 | NoAuywvika xwpia

Ag Bewpnoovpie Eva TOAY®VO, Yo TopAoELy Lo £va TEVTA-
yovo ABI'AE (oy.1). To moAbyovo pali pe to ecotepikd
TOV ornpeio amoTeEAOVV Eva Ywpilo, TOV AEYETOL TOAVYWVIKO
xwpio ov opileton amd to ABT'AE.

‘Eva moAvyovikd yopio mwov opiletar and tpiymvo, teTpd-
TAEVPO, ... , V-YOVO AEYETOL OVTIOTOLYO TPIYWVIKO, TETPA-
TAEVPIKO, ... , V-YOVIKO.

Eniong, 600 molvywvikd yopio Aéyovtal ica dtav ta avti-
oTolya ToAvywva glvar ioa (oy.2).

Téhog €va oynpa Tov amoteLeiTol 0md TETEPAGUEVO TANO0G
TOAVYOVIKOV YOPI®V, TOV avd dVO JEV £XOVV KOWA EGMOTE-
Pk onueio, AEYETOL TOADYWVIKY ERIPAVELQ.

INo mapdadetypa, to oynuo ABIAEZ (oy.3) sivor pio toiv-
YOVIKY| ETQAVELQ.

EI'¥] Eppadév euBGypappou oxnpartos -
loodUvapa eubUypaupa oxnpata

210 70 ke@AAOLO avagepOnKaEe 6T LETPNOT TOV VOV-
ypoupmv tunpdtov. Edo 6o aoyoinbovue pe ™ pétpnon
TOAYOVIKOV YOPI®V KOl ETLPAVELDV.

‘Eotw, Lowmdv Eva molvymvikd yopio S (oy.4). Onmg kot
6T €VOVYPOUL TUNHOTA, LETPNOT TOV YOpiov S Aéue
oVYKPLoN Tov pe éva dAAo eminedo ympio G, TO 0TOi0 EML-
Aéyovpe ¢ povada. H chykpion avty odnyel oe pia oyéon
™G HopeNnc: S = A - o, 6mov A BeTikdg apOpog. (v mepi-
o tov oy.4 gtvar A =7,5). O Beticdg apBpuog A Aéyeton
ufadov T1ov ToOAVYOVIKOD Yowpiov S Kot cupPforiletal pe
(S). [ToAréC popég To epPaddv evOg ToOAVY®VIKOD Ywpiov N
U106 TOADYOVIKIG empavelag Bo to cupPoiilovpe amid pe
10 ypappa E. Eniong, ota endpeva, Ba Aépe epfadov tpryod-
VoL, TETPATAELPOV KO YEVIKG TOAVY®DVOL Kot Bo Evvoovpie
70 UPadOV TOL AVTIGTOLYOL TOAVYWOVIKOL YwpPiov.

"o 10 epPadov dexopacTe OTLIGYVOLY Ot ELOUEVES 1O1OTNTES

(a&iopota):

* ‘Toa molvymvika ympio £xovv ica eppadd.

* Av éva ToAVYOVIKO yopio (1] puo TOAYOVIKY EMQE-
velr) yopileton o€ TenepaouEvov TA000g ToAYOVIKA



T []

1 E=1

1 ]
T []

al E=o?
L] []

KE®DOAAAIO 10. EMBAAA

YOPLd, TOV OEV £YOVV KOIVE ECOTEPIKA GNUEiN, TOTE
70 guPadov Tov 1oV Tor pe To GOportopa TV epPad®Ov
TOV ETPEPOVS TOAVYOVIKOV yopimv. ['o mopaderyua,
v to UPaddv Tov morvywvikov ywpiov ABITAEZ tov
(oy%.5) éxovpe:
(ABTAEZ) = (ABI') + (ATAZ) + (ZAE)

Eniong deyopaocte ot

* To gpfadov evog TeTpaymvov migvpdg 1 givan 1.

Ao To Tapamdve aSldUaTo TPOKLITEL OTL:

*  Av éva molymvo P mepiéyetal 610 ecmTEPIKO £VOC GA-
Aov morvydvov IT (oy.6a), Tdte TO gPPadov Tov P eivan
pikpotePO tov gpPadov Tov I1.

Yxnua 6

Eidape mapamdvm ott av 6o Tolvywvikd yopia ival ioca,
to1€ £Yovv ioa epPadd. To aviioTpoeo eivar pavepd (oy.
6pB) 611 dev 1oyvEL

Avo oynpota Tov Exovv To 1d10 pPpadov Adyovrtal icodvva-
Mo N 1oeufadikd.

"Etot oynuota mov dgv givat ico umopovv va cuykpivovton
G TPOG TO EUPAdOV TOVG.

Me ) oo TV mopamdve 1010THTOV TOL EUPadoD pro-
pel va amoderyOei 1o emdpevo Bedpno.

©EQPHMA

To epfodov E evoc tetpaydvov mhevpds o eivar a’, dn-
Aadn:
E=d".

ETE] Eppadov Bacikdv eubiypappmv
oxnpartwv

Me Bdaon 1o guPadov tov tetpaymdvov Bo amodeifovpe to
enopeVo Bedprua.
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OEQPHMA |

To gppadov evoc opBoywviov 16o0TOL UE TO YIVOUEVO TMV
TAELPOV TOV.

Aniadn av a, B, ot mhevpéc kot E 1o gpPadodv eivai:
E=0-p

‘Eocto éva opBoydvio ABIA, pe AB = a kot AA = B (oy.7).
[Tpoekteivoupe v mievpd AA xatd Tppa AE = o, tnv AB
katd Bl = B ko oynparifovpe to tetpdywvo AIHE, to onoio
gltvar eavepd 0Tt £xel TAgvpd o + P ko emopuévag etvar:
(ATHE) = (0 + B)*  (1).
[Ipoekrteivovrog Tig Al ko BI' oynpatiCovton ta tetpdymva
AT'ZE, BIOI" pe mievpég a, B avtictorya kot 1o opfoydvio
I'®HZ mov sivan ico pe to ABTA. "Etot £xovpe
(ATZE) = o’, (BIOI') = p* ka1 (TOHZ) = (ABI'A) (2)

Etvor pavepod opmg ot

(AIHE) = (ABTA) + (I'®HZ) + (BI®I') + (A'ZE),
amo v onoia pe ™ Pondeta twv (1) kot (2) TpokdmTel OTL:

(0+ B)°=2(ABIA) + o’ + B~
Ao ovt petd Tig TPAEELS KOTAAYOVLLE GTN GYXEGN
(ABTA) = - B.

OEQPHMA I

To euPfadov E evog maparAnAoypapon 16ovTal (e TO Y1-
VOLEVO oG TAELPAG TOV €Tl TO VYOG TTOL OVTIGTOLYEL OE
ooT.

AnAadn E =av, = pv;,

Omov a, B o1 TAELPEG KOl v, Vy TOL AVTIGTOLLOL VY.

Ag Bempnoovpe éva maparinroypoppo ABIA (oy.8) kot ag
eépovpe T0 Vyog AZ mov avtictotyel otn BIL Oa amodei-
Eovpe 0TL (ABI'A) =BI' - AZ.

Ao 1o A pépovpe AH kaBetn oty npoalcmcm ¢ BI. Tote
Ta tpwmva ZBA xat HTA givon {oa (Z = H=90°, AB = AT
ko B, = 1), omote: (ZBA) = (HIA) (1).

Amo to oynua opwg £xovpe 0Tt (ABIA) = (ABZ) + (AZI'A),
omote cvpmva pe v (1) Tpoxvmtet 6T
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(ABTA) = (AZI'A) + (ATH) = (AZHA).
Emopévoc soppwva pe to Osopnua I éxovpe
(ABTA)=(AZHA)=AA-AZ=BI' - AZ,
7oV gtvat 1o {NTOLUEVO.

Me ) Bonbeia tov gpfadod Tov maparlinroypdppov Oa
vrohoyicovpe Tov THTO TOV EUPASOD TPLYDVOUL.

©EQPHMA lII

To eppaddv E evoc tprydvou eivat i6o pe To nuyvopevo
pog TAEVPAS €Ml TO OVTIGTOLXO VYOG,

1 1 1
Ankodn E=?a-na=zﬂ-np=fy-ny.

Me mievpéc AB kau BI' (6%.9) oymuartiovpe 1o moporlinio-
vpappo ABTA, to epfaddv tov omoiov givat

(ABI'A)=av, (1).
Opog ta tpiyova ABI kot AAT givan ica, ondrte:

(ABT) = (AAT) (2).
And to oynqua £xovpe 6t (ABI'A) = (ABT') + (AT'A)  omota,
ocvpeova pe T (1) ko (2), petatpéneton otnv

1
a-v,=2(ABI) 7 (ABF)=?(X RV

Té\og, Tov TOTO ToV EUPadoD Tpry®VoL Ba Tov a&lomTocov-
He yuo. va vtoAoyicovpe to epuPaddov tov tpameliov.

©EQPHMA IV

To gupaddv tpameliov 1GovTAL PE TO YIVOLEVO TOV MO~
Opoicpatog v Bacemdv Tov enl To VYOG TOV.

B+
_®B+p
2
omov B, B o1 Bdceig tov tpaneliov Kot v To VYOS TOL.

Andodn E

Ocwpovpue tpanéfio ABTA (BI'//AA) (o%.10), pe Baoeig
BI' =B, AA = ko1 Oyog v. Dépovpe ™) dwymvio Al Tote
&xovpe

E = (ABI'A) = (ABI') + (ATA) (1).
A o 000 Tpiymva ABIT ko ATA €yovv to 1610 Dyog v kot
Baoeic B, B avtiotoryo kot emopévad:
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(ABF)=%B'D Kot (ABA)=%B'D (2).

Me avtikatdotoon tov oyxécenv (2) oty (1) mpoxintet 6Tt
B+p
E =

-, ONAadn To {nrovduevo.

APAXTHPIOTHTA

Xawpilovras to tpamélio ae oo opboywvia tpiywve kot Eva op-
Boywvio (PA. 10 TOPOKATW TYHRUA), VO ATOOEIEETE TOV TOTTO TOD
gufadod tov pomeliov.

Fp----D
-

= To gupadov E £vig 166mhevpov Tprydvov Thevpdg o givol ico pe

= £ o3

(@) - 4 A

= .

& I

< i |

=Y Anobéein AN

Ll 1
Ddépovpe 0 VyWog AA (oy.11) 10 omoio sivar Kot S1dpesOG. D:
Am6 to opBoymvio tpiywvo AAT, soppwva pe to TTvba- L
yopeto Bedpnuio, Exovpe B A r

2 392

4 9

1 o3 o3

dnaon U=a—3, onote E:lom:—a—:
2 2 2 2 4

V=AAN =0’ A" =0a’ - (%J =
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E®APMOTIH 2n

NMAPATHPHXH A
O mponyoduevog tomogs (3) 1oyvel Kol oTnY TEPITTWON OTOIOVONTOTE KUPTOD
7 1N KopTov, TETPATAEVPOL e KAOETES O10)ywVIOVG. B j81 A
Ipéyuoar (oy.13, 14) O 5,
(ABIA) = (ABA) + (BIA) =
1 1 1 1 r
=EBA-AO+EBA‘OI"=7BA(AO+OI')=3B’A-AI".

Mia yevikevon tov tomov (3), yio. TV TEPITTWAN TOL TETPOTAEVPOV OTOTEAEL
1 doknon 7 1wV amodEIKTIKOV OOKNGEDV.

E®OAPMOTIH 3n

KE®DOAAAIO 10. EMBAAA

To eppadov popfov 16o0VTOL PE TO NUIYIVOPEVO TOV SLAYOVIMV TOV. A
Anoédei€n 5
Eivon pavepo (oy.12) 611 3, '

B 0 A

(ABTA) = (ABA) + (BI'A) (1).
Emedn ot daydviotr tov popfou stvor kabeteg ko dryyotopovval
€Yovpe:

18 1 I .
(ABA)=—-BA-AO=—8, —1=—-8 8,k (BIA) =53, (2)

1
Me avtikatdotaon tov (2) oty (1) tpoxvntel 6T E = > 0,°0, (3).

"Eoto tpiyovo ABI. I

i) Av AM 014pu€60G TOV TPLYMDVOVL VO, 0T0OEIEETE OTL
(ABM) = (AMI).

ii) A7mé ™V KopvOPN A va pépeTe TPELS £V0&iEg TOL Va Y®Pi- L N

Covv TO TPiy®VO 6€ TéGGEPA 160OVVANA TPLY®VO. B AK A 15

Auon
1) Dépovpe to Hiyog AA tov Tprydvov ABI (oy.15). To AA givon ko Hyog 6Ta Tpiywva
ABM a1 AMI, ondte €xovpe
1 1
(ABM)ZEBM -AAZEMF -AA= (AMI)

a@oL to M givon péco tov BI
i1) A6 10 TPONYOUUEVO EPATNLO TPOKLTTEL OTL 01 {NTOLHEVES VOETIES Elva O POpEig
tov owpécov AM, AK kot AA tov tprydvev ABT, ABM kot AMI avtictotyo.
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EYKAEIAEIA

APAXTHPIOTHTA

rTrEQMETPIA

Na. ywpioete éva tpiywvo ABI o€ pio 1c000voua tpiywva ue evbeies amo v kopopn A.

AXKHZEIX IA AYZH

76

Epwtnoeis Katavénons

1.

Na. ypaete T0vg TOTOVS VIOLOYIGUOD TOD
eufoood:

i) TeTpoywvon

ii) opBoywviov

iii) mopalinloypiuuon

iv) tpryovov

v) tpameliov

. Eva tetpaywvo éyer mepiuetpo 16. [1oco

eivai 1o eufladov tov;

. Eva opOoywvio éyer diaotaoeis o = 9,

S = 4 ka1 €ivor 16000vouo UE TETPAYmVOo
mhevpac x. Na ppebei to x.

. 2& éva tpiyavo ABI eivor o < . Me moia,

AVIGOTIKI] OYE01] GUVOEOVTAL TOL D, KOL Uy ;

. Av évag poufog Eyer unkn oraywviwv 4

Kol 5 avtioToLya, UE T1 L.oODTOL TO YIVOUEVO
HLOG TTAEVPAS TOV ETL TO AVTIOTOLYO DYOS;

. Evog ywpixoc avrallale évav aypo, o

elye oynuo. TETPAYOVov TAELPAS 60 m,
ue Evay dALo aypo (ue v idia mo1oTnTo.
XOUATOS) IOV ElYE oy ophoywviov ue
mAdzog 40 m ka1 wepiueTpo ion e ™y we-
piuetpo tov mpwtov. Eyooce 11 képdioe o
AOPIKOS OO TNV ovTaAdayn ovth, Aitio-
Aoynote Ty omavInon oag.

Aoknoeis Eunédwons

1.

270 eowtepiro terpoywvov ABIA mlevpdg
0. = 4 koTooKEVOLOVIUE TO 160TAEVPO TPIY®-
vo AAZ. Na vwoloyiolet 1o eufadov twv
ABIA, AAZ, ABZ kou BZI'

. Av M woyaio onueio g whevpdg A4 = 10

tetpaywvov ABIA, tote to dbpoioua
(AMB) + (AMT) eivou:

a.25 L.40 .50 06.75 & 100
Kvkdwote 1o ypouuo te owotns amaven-
ONG KO OITIOAOYHOTE TV OTOVTHOH GOG.

. Aivetar tpiywvo ABI e AB = 6, AI' =8

ko1 A = 60°. Na fpefoiv: i) to dyog Vg
ii) o gufooov (ABI), iii) o dyog v,

4.

5.

Eva opBoyavio Eyer mepiuetpo 14 kou dio-
yaovio 5. Na fpeite 10 eufadov too.
Atvetor mopailinloypoupo ABIA ue
BI" = 10 kou avtioroiyo mpog ovtiy dyog
v = 5. llavw otig mlevpéc AA koa BI'
raipvoovue o onueio E kou Z avtiotoryo,
wote AE = ZI
i) Na ppeite 1o gufodov tov ABIA.
it) Apod mpwro cvyKkpivete TO EUPOIE,
twv tporeliov AEZB ko1 EZIA vo
Ppeite 10 ufodov kabevog omo ovta.
Evo. otxcomedo Exer oynuo. pomeliov ABIA
(AA//BI) ue A = B =1L, A4 = 15m,
BI' = 20m ko1 AB = 12m. Evag kouvovp-
YLOG OPOUOC TEPVAEL TOPCAANAC TEPOS TH
Al ko arwokomrel pio. Awpido TAdtovg 3m.
1looa tetpoywvika pEgpa. €ivor To 01KOTENO
OV ATOUEVEL,

Anodeiktikés AOKNOEIS

1.

Av X eivou onueio piog mAevpdag mopai-
Andoypaupov ABIA, va arodeilete 011
(ZAT) + (XBA) = (ABI).

. Av o1 diduecor AA ko BE tpiyadvov ABI”

éuvovtal ato O va amodeilete ot
i) (ABE) = (BET), ii) (A®B) = (A'E®)
Kot iii) (BOA) = (AOFE).

. Aivetai tpiywvo ABI kou to fopdrevipo

700 O. Ano onueio X ¢ droapéoov A4
pépovue tic kabetes LE, X7 onig Al AB
avtiotoryo. Na amodeilete ot

i) (ABZ) = (AS),

ii) ABXZ=AI"2FE Ko
iii) (ABO) = (BOI) = é (ABT).

. divetou tpomélio ABIA (BI7/AA). Av M o

uéoo e whevpag tov AB, va amwodeilete
ot (ABIA) = 2(MIA).

. No. amodeilete 01 10 eUfa.00V €VOS TpA-

weCiov givai 100 Ue TO YIVOUEVO THS UIOG
00 TIG U] TOPOIANAES TAEVPES TOV eTL THY
OTOTTOON TOV UEGOD THS AANG OTTO aVTH.




KE®DOAAAIO 10. EMBAAA

6. Aiveror piywvo ABI ue AB = 1, AI' =2 AO = IA kou AI=AA. No. arodeilete ot
ko A = 120°. Me mhsvpéc tic AB xou AT i) (104) = (404) = (AI),
KoTaoKEDLALOVUE ECOTEPIKA. TOD TPIYADVOD N
ABI to. tetpaywvo, ABAE kou AI'ZO avti- ii) (164) + (ZHB) = 2(ABIX) xou
aroryo. Tote: iii) (IZH®) = 5(4ABIA).

i) va vmoloyioete to Tufua EO, 2. Xe tpiywvo ABI maipvovue 1o péco M
ii) va amooeilete ot to. 4, E, O eivau ov- ¢ orauéoov A4, to uéoo N tov I'M xau
vevBelard kal 70 néoo P tov BN. Na amodeilete ot
iii) vo amodeiete 0TI 10 EUPAOOV THS TTO- (MNP) = K (ABI).
Avyovikng empaveiog BIZOEA eivaa 8, :
5+ 43 3. 2ug whevpég Bl kou IA tetpaywvov ABIA
' TAevpas o waipvooue to. onueio Z kor H

7. Av w eivau 1 yovio twv diaywviov Al kot i . o

BA kvprod tetparievpov ABIA, va amo- avtiotoya, wote ZI'=HA = Ve

Seiéere o (ABIA) = 1 AT - BA" quo. i) No amodeilete ot o qunuoTo AZ kou
2 BH téuvovrai kéleta o onueio K.
8. O 1d10KTTHG EVOS 01KOTEIOD TYNUATOS

opBoywviov, Tov omoiov TO UNKOS Eival
rxata 18 m ueyolvtepo tov wAdrovg, Oé-

ii) No vroloyioBodv ta unkn twv tun-
uazwv.: AK, AH ko1 KH.

el vo oynuotioel yopw omo To 01KOTENO iii) Nao vroloyiolei to eufadov tov te-
Kot eEwTEPIKA. ODTOD UI0, OEVOPOTTOLYIO, wparieipov AKHA.
midzovg 2,5 m. Eto1 avaykdletar va ayo- | 4. Ocwpoiue mapolinidypapuo ABIA kou
paceL amo ToVg YeITovES Tov 695 m’. Na onueio O 0710 E0WTEPIKO TOV TPIYDVOD
ppebodv o1 draotaoers Tov 01KOTEIOD. ABI No. amodeiere 611

Y0vOsta Oépata i) (OAB) + (OI4) = (4BI) xou

1. Ocwpodue kopto terpamicvpo ABIA. X i) (OAI) + (OBI) = (OI).
mpoektacels twv nuevberwv AB, BI IA | 5. Av ABIA xou KAMN eivar poufog mhev-
xa1r AA waipvovue avtiotoryo ta onueio. PAS & KOl TETPEY@VO TAEVPAS 0. aVTioTol-
Z, H, O ko1 I, wore BZ = AB, I'H = Bl o, va omodeiéete ott (ABIA) < (KAMN).

KX AAdol tonoi yia to epfaboév tpiy®dvou

Me 1t Ponbeta tov Pactkod TOToL Yia To epPaddv evog Tpt-
yovov ABT, pe unkn mievpov a, B, v, tpokdTTouY Kot ot
EMOUEVOL TOTTOL:

i) E=t(t—a)t-B)(t—7) (tomog tov Hpwva), 6mov
T 1 NUTEPIUETPOS TOL TPLYDVOV.

i1) E =1p, 6mov p n aktiva 1oV £YYEYPAUUEVOD KUKAOL
TOL TPLY®VOV.

i) E= (:—l:, omov R 1 axtiva tov mepryeypoppévon KHkAov

TOV TPLYMOVOV.
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EYKANEIAEIA TEQMETPIA

1) Zmv §9.4 (Epappoyn 2) amodeilape 6T

2
v, = —JTH(t—a)(t—P)(T—7), ombTE ExovpE:
o

E=tav, =202 Jdt—a)(t-P)1-7) =
2 2 o

=Jtt—a)(x-P)(t-7).

ii) 'Eoto tpiywvo ABI (oy.16) Kot 0 eyyeypoappévog K-
kAog tov (I, p). ®épovpe ta tuqpata [A, IB kot IT
Kat €101 o Tpiyovo yopiletar ota tpiyova IBI ITA
kot IAB mov £xovv 1o 1810 Hyog p kot dev £govv Kovd
E0MTEPIKA onpeia, OTOTE EYOVLE:

E = (ABI') = (IBT") + (ITA) + (IAB) =

Yxnua 16
—La +LB L —i(a+[3+ ) —izr =1
2P292sz YP2PP-
!-IAPATHPHZF,I ) ) iii) Eivat yvooto 6t By = 2Rv, (Epappoyn 5 §8.2), ondte
0#010[ aﬂOéﬁlKVDSTO(l OTl O TV~ B,Y
o (2) 1oydber yia omoi0dnmote gxovpe OTLV, = —— KO L€ AVTIKATACTOON GTOV TOTTO
TEPIYEYPOLUEVO OE KOKA.O TOLD- 1 ,2R .
YOVO UE NIUTEPIUETPO T. E= ?(X’l)a TIPOKVTTEL TO C,T]TOUIJSVO.

Térog, To epPadodv E evog tprydvov ABI diveton ko
amd Tov (TPLy®VOUETPIKO) TOTO:

1 1 1
== A=— B=— I.
> Bynp 5 YoMuB =~ afnp

Av A < 1L, and o opBoydvio tpiymvo ABA (oy.17a) mpo-
KOTTTEL OTL Uy = Y NUA.

Av A > 1L, mé\ and o opboydvio tpiyovo ABA (oy.17B)
TPOKVTTEL OTL:

V5 =7 - MHA, = v - nu(180° —A)=1v - nuA.

‘Eto1 ko 611G 600 TEPIMTMOGELS EYOVUE v = ¥ - NUA OmdTE

1 1
E == Bvy == By mpA.
Otav A = 1L, t61¢ L = Y, EMOUEVG TAAL O TUTOG 1GYVEL.

Opota amodetkviovtal Kot 01 VTOAOUTOL TOTTOL.
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E®APMOTIH 1n

E®APMOTIH 2n

AXKHZEIX IA AYZH

KE®AAAIO 10.

EMBAAA

NOMOZ TQON HMITONQN

Yg ka0g Tpiyovo ABI va amwodey0ei ot o _ P _ v _ 2R.
npA  quB I’

Anoédeign

1 1
Ao Tig 106t 1ec E = — PynuA o E = oby TPOKOTTEL OTL — PynuA = oby 1

o " 2 4R B 2 4R
NUA =—— 1 —— = 2R. Opowa tpokdmter —— = 2R, S 2R, amd T1c omoieg
2R nrA nuB nul’

ocvumnepaivovpe To {nrovuevo.

Aiveton Tpiyovo ABI pe a =13, f = 14 ko y = 15 (0y.18).
Na vroloyicers:
i) 7o gppadov Tov,
ii) Ta vyn 1oV,
iii) TG akTiveS TOL EYYEYPOAUNEVOV KOL TOV TTEPLYEYPOU-
pévov KVkAov,

B

iv) 7o gufadov Tov TPIYOVOL NE KOPLPES T péG TOV TAEVP®OV Tov ABI.
Auon
. 1
1) 'Eyovpe 1= e (a+ B +7v)=21 ondTe pE AVTIKATACTAON TOV dESOUEVOV GTOV
tomo tov ‘Hpowva naipvoope: E = \/’C(‘C —a)(t-B)(t—y) = J21-8-7-6 =84,

. 1 1 168
ii) ‘Exovpe E=-—oav, 1 84 =-—13v, 1 v,=—— . Opoto Bpickovue 6t1 v, = 12
56 2 2 13

Koo, =—.
: opy
Amnd tovg tomovg E=1- pxar E=——
_ 65
8 13 15
‘Eyoope MA = 7 , MK =7, xat KA = 7 , omote amod Tov TOTo Tov Hpowva

TPOKVTTOLY avTicTotya OTL p = 4 Kol

nmpokHmtel oA 0Tt (KAM) = 21.

Epwthosis Katavéonons Aoknoels Epnédwons

1. Xe mapaiinioypaupo ABIA eivai

1. Me wn fonbeia tov tomov E = éﬂy-n,uA

, , 1 , ,
vo. arooeiéete ot E < 5 By. [lote 1oyver n
1o0tnTOL,

. 2 éva tpiywvo ABI givor (ABI) = 9 kou

p = 1,5. Hoia eivar 11 mepiuetpog tov;

. Tloiot eivai o1 tomot vwoloyiouod Tov gu-

fadod evog tprywvon,

AB =18, BI' = 20 ko1 A" = 34. No. fpei-
7€ T0 EUP A0V TOD.

. Aivetar tpanélio ABIA (AA//BI) ue

BI'=25,A4 =11, AB=13kou Al = 15.
No. fpeite to gufodov tov kot to DYog
T00.

. Aivetar tpiywvo ABI e AB =4, AI'=7

kou A = 60°. Na fpeite 0 sufadov tov.
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4.

rTrEQMETPIA

Aivetoa opBoyavio tpiywvo ABI (A = IL)
ue AB = 6 kou AI' = 8. Na ppeite:
i) t0 guPodov,
ii) to dyogv,,
iii) Vv axtiva p 0V EYYEYPOLUEVOD KD-
KAov.

Aoknogis AnodeIKTUKES

1.

Av o€ tpiywvo ABI 1oyder fy = av, va
anodeilere ot A = IL.

. Av E 1o gufodov tov tpiyaryvov ABI ue

Thevpéc a, P, v, va amodeilete oti:

LUvOeta Béparta
1. i) divetar yovia xOy ka1 otabepo onueio

K 010 eowtepino avtng. Ano o K pépoo-
e petafinty evleia & mov Vel Ti¢ TAED-
péc Ox, Oy ota onueio. M, N ovtictorya.

Na amodeilere ot 10 aOpoioua

! +
(OKM)

(OKN) eivai otafepo.

ii) Ocwpodue tpiywvo ABI, onueio K
07O E0MTEPIKO TOV Kol Ta. TunuoTo AA',
BB' ko1 I'T" mwov diépyovror omo to K. Av
E.E,...E; elvar avtiororyo to eufladd,

v tpryovov AKT, BKI", BA'K, I'KA',
i) E=tlt—a) = d=IL, I KB] Ko 114KB ] va a]noéel]fsre (;rl.‘
iii) E>1(t—a)<A> IL. EJFEJFE:EJFEJFE{

3. Av dvo iywva ABI kou A'BT" eivar eyye- | 2. dvp,, p 4, P, EIVOIL 01 GKTIVES TV Tape)-
YPOUUEVO. GTOV 1010 KOKAO Va. amodeilete yeypouuivay kikiov tprydvov ABI va
ot (ABI) _ _afy ) 0OmooElleTe 0TI

(ABL) alpy” (ABD) = (1~ a)p, = (= BIpy = (t— p,.

4. Xe tpiywvo ABI ue A+ 1L pépovue to. | 3. Eotw tetpanlevpo ABIA eyypayiuo

oyn BZ kou I'H. No. amodeilete o (AZH) o¢ kvrro. Av Oéoovue AB = a, BI' = J5,

i) E<tt—a)=A<IL,

= (ABI)ovv’A. IA =y kot 44 = 0 va amodeilete ot1
5. Xe wpiywvo ABI va omodeilere ot1: Al _ ad +fy
L+L+L=L B4 af +yo

v, Vg v, p (2° Ocopnua ITroieuaiov).

EpPadov kai opoidtnta

KX NA6yos epBadiv 6poiwv tpiy®dveyV -
noduy®vwyv

Ag Bempnoovpe 0vo tpiyova ABIT kow A'BT pe epPasd E

o ’ ) ’
kot E" avtictoya. Tote eivar E = ? ov, ko E' = ? a'v, ,
Va Ve onoTE — = — ~ . Ao TNV 160TNTO OWTH TPOKVTTEL AecH OTL:
a'v,
., , E )
B * Avo=a,10te — = — (oy.19a).
A E' v,
. E o
* Avy,=v,, 101 v = v (ox.19B).
o o

Aniadn: av 0vo Tpiymva £xovv ioeg facerc, TOTE 0 AOYOG
TOV gPPad®OV TOVS 160VTAL PE TO AOY0 TOV avTicToy®V
VYAV, EVO av £(0VV i6a VY1, TOTE 0 AOY0g TOV EPPad@v
TOVG 160VTUL PUE TO AOYO0 TOV avTioTOL @V Pacemv.

Xmv nepintwon mov ta. tpiywve ABIT kan A'B'T” givon dpoua,
1oYVEL TO EMOUEVO BEDPN QL.
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OEQPHMA |

A
vy
B A o B A o I

A
£y
r A A
€y
I’ A

Av dvo Tpiyova gival opota T0te 0 AdY0g TV eUfadmv
TOVG 1GOVTOL LLE TO TETPAYM®VO TOL AGYOL OLOIOTNTOG.

‘Eoctm 600 opota tpiyova ABI kot A'B'T (6y.20) e

A=A’ ko1 B=B".

Tote i, =Dy, (1), 6mov A 0 Adyog opotdOTNTOG. AAAGL,
, “ o Ve ., E a v,
OTMG KOl TOPATAVE, Elvor v =—-— (2.

A

o vy
E
Ao g (1) xon (2) mpokvmTel 6Tt v ="
To mopamave CUUTEPAGHLO IGYVEL YEVIKOTEPO, KOIL Y10l OLLOL0L
ToAOy®Va, 6Twg pog PePatdvel To emoOpEVO Bedpna.
O©EQPHMA I

O Aoyoc TV epPaddv dV0 OOV TOAYDOVAOV Eivat 160G
LLE TO TETPAY®VO TOV AOYOL OLOLOTNTAG TOVG.

Ag Bewpnoovpe dvo OLOO TOADY®VA TT.). TO TEVTAY®VA
ABTAE xat A'BT'A’E’ (oy.21) pe Adyo opotdtrag:

AB _BI' TA AE _y (.

A'B" BT T'A" AE
Dépovuye TIG d1YOVIOVG TOV TOAYDOVOV OO TIG KOPLPEG A
kat A’, ondte avtd yopiloviar og wapdua tpiymva dpota
peta&d Toug.

Av E,, E,, E; xa1 E|, E}, E} eivat ta epfodd tov avtictoryov
TPLYOVOV, COLPOVA LE TO TPOTNYOVUEVO Bedpn o KoL T
oyxéon (1), Ba &povpe:

2 2
EL_(ABY_ . B _(TAY_., o
E  (AB E, A

E, [ AE 2=x2,
E, |AE

E, E, _E, E,+E,+E,  (ABIAE)

Ef B E{ E/+E+E (ABTAE)’

oniadn to {nrodpuevo.
['a 10 A0Y0 TV euPaddv Tpryd®VEVY pe 000 YOVieg 106G 1|
TOPOTANPOUOATIKES IGYVEL TO EMOUEVO BedpLaL.



EYKANEIAEIA TEQMETPIA

©EQPHMA 11|

Av pio yovia vog Tpry®vou gival ion 1 TopomAnpouott-
KN pe pe yovia evog GAAOL TpLy®dvov, TOTe 0 AOYOS TMV
euPad®dv TV 300 TPLYOdVOV gival i6og e To Adyo TV
YWOLEV®V TV TAELPOV TOL TEPEYOVV TIG YOVIES OVTEG.

Ocwpodpe ta tpiywva ABT kot ABT' pe A = A’ (6322 0,p)
A A+ A’=180° (6%.22 a, y). Tote kat oTic §00 MEPMTOGELS
Ba 1oyvel NUA = A, oTtdTE Ao TIC IGOTNTEG

A
AN
7 r
r
r

fiBas)
B

A!
(o) 1 R
™) E=?[3‘Y11MA Kat E=EB TYMUA
B , o . E_ By ,
, pe dtaipeon katé PEAN TPOKLTTTEL OTL e =———, oV givan
10 {NTOvHEVO. Py
=l Aiveton tpiyovo ABI kou £v0gia € wov SiEpyeTon amd A M
o TO A xau givor Tapaiinin wpog TV whgvpd BI. Av &
@) M onpeio ¢ &, va amodeitete 6L (MBIY) = (ABI).
= .
2 Anoédei€n
3 Ddépovpe ta VYN AA kot MZ tov tprydvev ABT kot 5 Z ; -

MBI avtictoya. Emeldn n € eivon tapdAinin mpog
BI, mpoxintel 011 AA = MZ Ko emopeveg ta tpiyova
ABT kot MBI givat iogppadikd, eneidn éxovv kowvn Baon BIT kot ica dym.

s Ozopovpue Tpamélio ABI'A pe fdosic BI' kot AA ko £éotm
T O to onpeio Topns TOV drymviov Tov. Na ?noéal’f;sra ot
AOA) AA
o i) (OAB) = (OTIA), ii) ( ) _ 5 Kol
= (OBI) BT
< (OAB) _ AA
o (OBI) BI' "’
An66eiEn

1) Eivar (OAB) = (BAA) — (OAA) = (ATA) — (OAA) = (OTA).
ii) Ta tpiyova OAA ko OBT givar dpow (O, = O,, I, = A,) pe Aoyo opodmtag
(OAA) _ AN
(OBI') BI? '
ii1) Ta tptyovoa OAB kot OBIT éxovv kowvn kopven B kat kowvd 1o Dyog and avtny,
(OAB) _0A Amo v opotdtTa OUMG TOV Tpry@vev OAA Kot
(OBI) _ Or NV OHO0TNTO OHMG pvy

OA AA .. (OAB) _ AA

OBI éyovpe 011 ——=—-, 0omOTE .
or BrI (OBI) BI

ﬂ KOl ETOUEVD
Bl UEVQ

EMOUEVOG
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KE®OPAAAIO 10. EMBAAA

Epwthoeis Katavéonons

1.

Avo tpiywva ABI ko1 A'B'T" égovv vy = vy

Kai (ABI) =i. To'rsolo'yogﬁeival
(A'BT") 2 '
2 3 3 9 4
L L 0. L
“5 Py 1 "9

Kvklaote t0 ypauuo e owatis axavey-
ONG KOl OITIOLOYNOTE THY OTAVTHOH GOG.

. Avo poufor ABIA kar A'B'T"'A" Eyovv

A =A"ko AB i Na vroloyialei o
AB" 5
Aéyos M
(A'BT"A")

Eva 10ookeléc tpiywvo ABI (AB = AI')
eivat 10000vayo e v, iywvo A'B'T" oo
&xe1 A'B"A'T'=36. Av eivau A+ A" =21,
TOL0 EIVAL TO UNKOS TWV 10WV TAEVPDV
700 1000KEAODG;

Aoknoels Epnédwons

1.

Avo tpiywvo ABI ko1 A'B'T" Epovv o = o'
Kar v, = % v, . Av 10 gufadov oo ABI”

eivau 30m’, va. fpeize 1o uPadov oo A'BT.

. Aivetor wopodinioypopuo ABIA e eufo-

86v 20m’. Av M onueio oty mpoékraon
¢ AB této10 wore AB = 2BM, va fpeite
70 gufiadov tov tprywvov MBI

. Aivetou tpiywvo ABI kot ta onueio A kou

Z twv mpoektaoewy twv BA kai IA avti-
ototya, mpog 10 A, wate A4 = %AB Kol
AZ = éAF. Av 0 eufladov tov tprydvon

ABI givaa 30m”, vo. Bpeite 10 gufadov tov
AAZ.

Evo tpiywvo ABL éyer eufadov 75m”.

Eotw A onueio s mhevpog Bl kou M on-
, , ., AM _ 3

ueio tov A4 téroio, wote —— = —.
mMA 2

Amo 1o M pépovue mopaiinto mpog v

mhevpa. B, wov téuver tigc AB kou Al ota

E ka1 Z avtiotoiya. No. fpeite 1o ufodov

00 tparetiov BEZI!

. Abo tpiywve ABI a1 A'B'T éyovv A = A’

kai B + B' = 2L. Na amodcilete 6t

of' =a'p.

Anobeikukés AOKNOEIS

1. Adiverou tpiywvo ABI kai eowtepikd tov
onueio P. Av o1 AP, BP ko1 I'P téuvovy tig
BI, A" kou AB ota A, E, Z avticroiya, vo.
amoosiéete OtL:

) PA _ (BPD)
AA (ABI“)’

ii) ﬂ+E+E=I Kot
A4 BE TIZ

i) PA L PB  PI_
AA  BE IZ

2. Aivetou piywvo ABI ue B, < IL xau 10
vwog tov AA. Xro nueninedo (Bl A) pé-
povue Bx 1Bl kou I'y1 BI Ilavew otig Bx,
Ty maipvovue avtiotorya to. onueio E kou
Z, wote vo.givar BE =17 = 244. Av M, N
eivaa 1o, péoo. twv AB ka1 AL ovtiororyo,
va amodeicere ot (EBM)+(ZI'N) = (ABI).

3. Aivetou kvxdog kévipov O kat ovo kabe-
16¢ yopoés AB kai IA. No. amodeiete ot
(BOA) = (AOT).

4. Aiverar tpiywvo ABI. EvOeia mopdl-
Anin wpog  BI, téuver tqy AB oo A
xo1 tnv Al oto E. Na amodeidete ot
(ABE)’ = (AAE)(ABI).

5. llavw otic mhevpéS KvpTOoD TETPOTAED-
pov ABIA katookevalovue eCwtepi-
Ka. avtod ta tetpaywva ABEZ, BITHO,
TAIK kot AAAM. No arwodeilete o011
(AMZ) + (T'HK) = (BOE) + (AIA).

6. Ocwpodue opboywvio tpiywvo ABI
(4 = 1L) ko1 wpio. modbycwva P, P, ko Py
ouoLa. ettt TOVG, IOV EYOVY WG OUOAO-
yeg mhevpéc i Bl TA ka1 AB ovtiororyo.
No. arodeilete ot (P,)+(P;)=(P,), omov
(P,),(P-) ko1 (P;) ta eufada tovg.

LUuvOeta Bépata

1. Ocwpodue tetpamievpo ABIA kot éotw
O 10 onueio Touns Twv JLaYWVIWY T00.
Av E, E,, E; ko1 E, eivoi to. gufodd twv
iyovwv AOB, BOI, I'OA ka1 AOA ovti-
oroyya, vo amoocicete on E; - E; = E, - E,
Av vrobéoovue ot n AA eivar wapdlinin
npog ) BI, tote vo. amodeilete ot

i) E=E, ii) E;=E,-E,,
iii) E, S&E, omov E = (ABIA).
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rTrEQMETPIA

2. Amo eowtepiko onueio X tprywvov ABIT
PEPOVUE TOPAAINAES TPOG TIC TAEVPES
o0. Av E,, E,, E; eivau o, gufladd. twv pi-
WOV PLYOVOV TOD CYNUATILOVTOL VO, OTTO-
ocilete 0Tl

i) Kkabévo amo o tpiywva eufadwv E,
E,, E; eivou ouoio ue o ABI,

i) JE, +E, +\[E, =E,
omov E = (ABI).
3. 2e wpiywvo ABI pépovue T diyotouovs

AA, BE ko1 I'Z. No. orodeilete ot

2aBr _ upr),
(B B+ 0+

i) (AEZ) < % (4BI).

i) (1EZ) =

4. Aiveror to tiywvo ABI kou onueio K, A
TV Tevpav AB, A" ovtiorotya. Amo ta
K, A va pépete 0bo evbeies mov vo. ywpi-
{ovv 10 TPIYyWVo O€ TPLa 1600DVaUA UEPT].

To npéBAnpa tou tetpaywvicpou
KuptoU nofuywvou

(10.6 | Metaoxnpatiopés noduywvou
o€ 10060vapuod tou

2€ TOAAEC TEPIMTMOELG, Y10 TOV VIOAOYIGUO TOL EUPadov
€VOC EVOVYPULLOV GYNUOTOG ETOUMKOVIE TOV LETAGYNMUOATL-
oud o€ éval 16000VapOo TeETpAy®vo. H Kataokeun evog tetpa-
YOVOL 1G0OVVALOV LE £VO TOAIYWOVO AEYETAL TETPAYWVIGUOS
avtov. H Avom tov endpevov d0o mpofAnudrtov amotedel ™
HEB0S0 KATAGKELNC TOV 1GOSVVALOV TETPAYDVOU.
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AT ot0 Z. Ta tpiyova ABT kot AZT éxovv kown Baon Al ko

: No petaoynpoticdei 1oAy®vo o€ GAA0 16000VapR6 TOV pe o TAELPA AyoTep).
E Auon R
g Ac Bempnoovpie Eva ToAdywvo, T.y. £va mevtdymvo ABTAE (oy. E
8 25). A v xopven) A pépovpe T dtaydvio AT mov aprver g
= TPOG TO €va PEPOG TNG HOVO o Kopven, T B. And 10 B @é- »

povpe TV TapdAinio mpog v AL, 1 omoia tépvet v gvbeia Z:L" X 1

T AvTicTolYO TPOG vt VYT ioa, agod BZ // AT, Eropévag

(ABI) = (AZI), onote (ABI'AE) = (ABT) + (ATAE) = (AZT') + (ATAE) = (AZAE)
oniaon to mevidywvo ABIAE givat icodvvapo pe 1o tetpdnievpo AZAE ko emopéveg
TO OPYIKO Lo TOADY®VO EIVOL IGOOHVALO LLE TOADY®VO OV £)EL Lol TAELPE ArydTep).

Av gmoavoardfoope v Tapoandve dadikacio oto tetpanievpo AZAE, Bo petaoyn-
patioBel oe 10o0dvvapo tpiywvo. Etot, o apyikd pog ToAdywmvo HTopet vo, LeTacyn-

poaticbel og 16odvvapo Tpiywvo.




KE®DOAANAAIO 10. EMBAA

A

AlUon

NMPOBAHMA 2

I'E= % KoL YPAQOLE NUKOKALO dtapétpov BE. @épovpe

No peraoynpoticdsi Tpiy®vo 6€ 16000vVapo TETPay®VO.

‘Ecto tpiyovo ABI kot 10 Oyog mov avtictolyel o1n
BI'. Xmv npoéktaon g BT mpog to I maipvovue tuniua

v kaBeto ¢ BI' o710 T, 1 omoia tépvel To nuikdKALlo og
onueio Z. Ano to opboymvio tpiywvo ZBE €xovpe:

FZZ=BF-FE=a-%=%omu=(ABF),

onote cvpmepaivovpe 6t o T I'Z givot  mievpd X 10V (TOVUEVOL TETPAYMDVOUL,

mov gtvat 1odvvapo e To Tpiymvo ABI.

ZXOAIO

Ao o mapardve npokvmrel 0t kKAl kvpto moAbywvo tetpaywviletal, apod e merepaouEvon tinbovg exo-
VOIRYELS THE OLadikaoiog Tov Tpofliuatog 1 kai t€Aog TS 01001K0Tiog T00 TPOLANIeTOS 2 KOTOOKEDGLETOL TE-
PAYDVO 1600DVOLO TPOS TO OPYIKO TOADYwvo. loyiel To (010 coumépaaiio yia un ev00YPoLLO. ETITEI TYHUATA,

H amévinon Oa 6obei oro emduevo kepdlaio (§11.8).

Epwtnhoeis Katavonons

1. Ti Aéyetou tetpaywvicuos evog moAvym-
Vov,

2. [log petaoynuoziletor éva opoyavio oe
16000VOLLO TPIYmVO,;

3. lwg petaoynuotifetor éva mopaiinl.o-
YPOLLLO TE 1600DVOLO TPIYymVO,

4. lwc puetaoynuotiletor évo tpanélio oe
16000VOLO TETPYWVO,

AIKHZEIX A AYZH

Aoknoels Epnédwons

1. No katoocrevaolel tetpdywvo 16000vauo
e doougvo opBoywvio wevpwv a, b.

2. No kotaokevaobel TeTpdymvo 16000vauo

L€ TO GBPOIGUA. ODO TETPOYDVDV TAEVPWDOV
a, f avtiotorya.

. doouévo kopto tetpamAevpo vo. Sroapelet

o€ 000 16000voua uépn ue evbeio Tov va
OLEPYETOL OATO UIG. KOPVPH] TO.

. Aivetou kopto tetpanievpo ABIA kai on-

ueto K g mlevpag tov AA.

i) No uetooynuotiobei 1o ABIA o€ 100-
0DVOUO TOV TPIYWVO TOV OTTOIOD Ui
Kopoen va eivar o K kot o1 dAleg va
Ppioroviar move oty evbeio BI!

ii) No oy0Oct aro to K o evbeio woo vo,
O10UPEL TO TETPATAELPO GE ODO 1600V~

Voo, HEp.
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rTrEQMETPIA

1. Ocwpovue wiywvo ABI ko svbeio //BI;

7ov téuvel Tig mAevpés AB ko Al ota A kou
E avtiotoryo. No arodeiete o

i) (BAE) = (T4E),

ii) (BAE) = (TA4),
iii) (BAE) + (IA4) = (ABI),
ue my emmiéov vmobeon ot o A, E eivou
uéoo twv AB, AI” avticrorya.

. Ocwpodue tpiywvo ABI ka1 onueio A g

’+4
A > 0. No anoész’fats ot:

) (4B4) = (4BD),
ii) (AB4) Sj(ABF),

iii) (A1) z% (ABD).

. Eotw tpiywvo ABI ka1 n dyyotouos tov

AA. Me t Oswpia tov ufadod va amwo-

ogiete Ol B4 _ 4B (Ocwpnpa dryo-
TOUOD). Ar

. Aivetar tpiywvo ABI ue = 3y, A4 uio

oryotouog tov ka1 BE pio d16uecog tov.
Na anodeilete oti:

i) (ABA) = (44D),
ii) (ABA)-(AET) = (AAT)-(BEA),
iii) (AET) = % (ABI).

. Aivetou laoovcglgg wiywvo ABI ue AB =

AT = 6cm koa A = 120°,
i) Na ppebei to eufiadov tou,
ii) Av E givar onueio tns Al tétoio,

wote AE = éAF xai1 A4 to dyog

700 TP1y@vov ABI, va fpebei to gu-
padov tov piywvov AEI]

iii) Av n wopdnin awo 1o A wpog ™ BI”
téuvel vy mpoéktaon s AE ato Z, va
Ppebei o gufladov tov tprywvov AEZ.

. Ocawpodue tpomelio ABIA (A4 \\ BI') kou

10 uéoa K, A twv A4, BI ovtiototyo. No.
amooeilete OtL:

i) (ABAK) = (KAIA),
ii) (MAB) = (MIA), yio. omoroonmote
onueio M tov KA.

7.

10.

11.

Ocawpoiue opboyavio kai 16000KeIES TI-
yawvo ABI (A = L) ue AB = y. A1aapoi-
ue v wlevpa AB oe v ioa tunuozo (v
PLOIKOG, vV > 2) Kol 00 To. onugia o1ai-
PETNS PEPOVUE TOPAIAINLES Tpog Ty Al

i) No vmoloyieBodv w¢ cvvaptnon tov
Y 10 EUPAdG TV V CYNUGTOV OTa
omoia orpébnke to tpiywvo ABI!

i) Xpnowomoiovrog 1o i) va amodsicete
oul+3+5+..+@2v—1)=v"

Avo tetpaywvo ABIA kou AEZH &yovv
xowvi v kopopn A kat ufiadov 36 to
xabéva. Av o1 thevpés Bl kou EZ Eyovv
Koo uéao M, va fpebei o ufadov tov
oynuotos ABMZHA.

Tpio tetpdywvo. TV omoimy To, UKy TV
TAEVPAV EIVOL aKEPaiol op1Ouol, Exovy
xovy kopopn A kar - A
elvail tomobetnue-

VoL T0 v TaVw 010 g
dlho, omwg deiyvel
70 oYU

Av BI' = IA ka1 i
YPOUUOCKIOGUEVI] TTEPLOYN EXEL EUPAOOV
17, va fpebei 10 gufadov tov pikpote-
POV KL TOD UEYAADTEPOD TETPAYDVOD.

r
A

Aiverar tpiywvo ABI kau tpeig Oetikol
op1Buoi A, u, v. Na. pépete 0vo evbeieg
rwopaiiniec mpog t Bl mov va ywpi-
{ovv 10 Tpiymwvo oe tpia uépn avaloya
TV op1Quwv A, u, v.

i) Eotw tpiywvo ABI kot eowtepixo tov
onueiov M. Av n AM téuver tyy BI”
oto A, va, arodeilete 0ti:

‘AMB
w B4 - M) - ) M
AF (AMT)’ A

- BMI)
(ABI)

ii) Eote tpiywvo ABI ko1 eowtepino tov
onuetio M. Av o1 evbeieg AM, BM kou
I'M téuvovv tig mhevpés BI, TA kau
AB oro. A, E kou Z avtiotoyyo. vo. omo-
ociete ot

AE AZ AM
EF ZB  MA’




IXTOPIKO XtHMEIQMA

To HvBayopero Oewpnua ota
«2roryeioy tov EvkAeion amodet-
KVOETOL TNV TPOTEAEVTALO TTPO-
taon (Ilpdtaon 47) tov Biriov
1."Ecto opboydwvio tpiywvo ABI
ne A op0y. To TeTpdy®VO OV
kotookevaleton emi g Bl eivon
16030VapO e TO GOpolGHa TOV

TETPAYHOVOVY TOV Katackevalo- o MTvbaydpeto Oecrpyua 6to VO O napodinAoypayo BMZA
vIol eml ™mg AB won AT (DépOI)- Btﬂjjo I Ty «Zrotlgiwv» sivo IGOSﬁVU,HO He to TS‘Ep(i’Y(DVO

pe v AZ napdAinin otig B4,

T'E xan 11 evbeiec A4 xor OI. Aol ot yovieg
BAT, BAI givon opbéc, mpokdntet OTL ToL TULaL-
ta [4, AI" Bpiokovtar oty 181 evbeio. To 1010
Kot to tpfpote BA, AH. Agov ot yovisg 4B,
OBA givai opBéc, éxovpe 6t ABI = OBA, omo-

KE®OPAAAIO 10. EMBAAA

te: ABI + ABT" = @BA + ABT
W ABI" = @BI". Agob 4B = BI,
OB = BA xo1 ABA = OBI',
Baon A4 1oovtor pe ™ Pdon
OI kot to ABA 1covtol pe 1o
OBI". Topo 10 TOPoAANAGYPOLL-
pno BMZA givon Stmhdiclo amod to
ABA, xon to teTpdywvo IABO &i-
voi durAdoto and o OBI. Emopié-

14BO. Opow, av eépovpe v AE
kot ™ BK pmopet va amoderydei 611 10 Toporin-
AOYpappo I'MZE etvol 16000UVOUO LE TO TETPAY®-
vo HKTA. Emopévamg, 1o tetpdyovo BAET givor
16000Vapo e TO ABpOIoLO TV 6V0 TETPAYDV®V
14ABO ko HKTA.

Avtikeipevo Tov Kepaiaiov elval n évvola
Tov euPadov. To epPadov evog ToAvymVIKOD
yopiov glvar évog BeTikog aplBuog, Tov k-
opalel To TA00g TV povadiiny TETpay®-
vov (] LEP®Y TOV) TOV ATALTOVVTOL Y10l VL
KOAOYOLV TNV €KTOoT TOV. AgyONAGTE TNV
oAnBela tov e&ng 1T TOV:

ANAKE®OAAAIQZH

* 'loa molvymvikd yopio £xovv oo eufadd.

*  Av éva molvyoviko yopio (1 o ToAv-
YOVIKT eMQAveLn) xopiletal o€ Tenepa-
GUEVOL TANOOVEC TOAVYOVIKA YOPia, TOL
devV £YOVV KOG ECMTEPIKA GNUELN, TOTE
t0 guPaddv Tov 1wovtal pe To0 dfpolcua
TOV UPad®V TOV ETUEPOVS TOAVYDVL-
KOV yopiov.

Evboypoappo oxynuata pe to id10 epuPfadov
Aéyovtal 1I50dVVaLLa.

Me oKomd TV TOPUYOYH TOV TOTOV VTOAO-
Yo poV TOV EUPadoV PacIKOV EVOVYPALLOY
oYNUATOV dexOLOGTE OTL TO EUPAOOV TETPOL-
yovov mhevpdg o sivan E = a’. Tmpidpevor
o' avTo amodekvdove 6Tt T0 eUPaddv E op-
Boywviov pe mhevpég a, P eivar E = af. Zm
cuvExelo, peTacynuatitovtag to mapaAAnio-
vpoupo og opboydvio Bpickovpe Tov TOTO
tov epfadov E evdg mapoariinioypdppov.

Oewpdvtac TAEOV TO TPlYOVO ™G TO HIGO
KaTdAAN LoV TapoAAnioypapov Bpickovpe
TOV TOT0 TOV EUPad0D evog Tptydvov. Tédog
yopilovtag éva tpaméllo oe 6Ho Tpiywva
Bpiokovpe 611 T0 eUPadov E evog tpameliov
dtveta amod tov Tomo:
B+
E ) V.

211 cuvEYELD. SIvovUE KOt AAAOLG TOTTOLG Y10l
70 EUPUSOV TPLYDVOV.

Q¢ ToOpIG O OVTOV KataAnyovue 6to NOpo
TOV NUTOVOV

o
T

MuA  muB ol
21 ovvéyela eEeTalovE TN GYEOT TOV EU-
Baddv 600 OUOI®V TOAVYDVOV.

Eniong, amodetkvoovpe 6Tt yio dvo Tpiymva
ABI ka1 A'BT" pe
A=A"M A+ A" =180° woybdet 611
(ABI) Py

(ABT) By
Téhog, amodeviovpe 0Tt kabe KuPTO TOAV-
YOVO peTaoynUatifeTol 6e 100dVVAUO TOV
TETPAY®VO, OTTOOEIKVOOVTAG TPOTO, OTL TO TTO-
AMyovo petacynuotiletot og 16060VaUd TOV
TPly®Vvo Kot 0VTO GE 160OVVALO TETPAY®VO.
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Holvyovev
Terpayovov:

OpBoymviov:

HMapariinroypdppov: E=a-v,=p - v,

1 1
Tpryovov: E=—ov, =— fuy=—
pry 5 5 Poy

E=a’
E=op

EMBAAON

rTrEQMETPIA

Holvyovikov Em@avei@v

(ILE.) = (I1,) + (I,) + ... + (IL,)

] > E=Jt(t-a)(t-B)(t-7)

‘l) —
2 Y ! —>E=1;p
apy
—» E=——
4R

1 1 1
= E=—"PmuA =" yonuB =~ afinul

Tpaneliov: E = % (B+P)-v

1
PopPov (kon teTpamriedpov pe kaOeteg dSrayowviovg): E = 5 0,9,

Eppadov ko oporotnto

(ABI) _
(A'BT")

(ABT..K)
(A'BT"..K)

o

1Y

VT

— =, ava=a
- %,(WA=A' A A+ A =180°

A A
— A%, av ABI' = A'B'T” ko A 0 AOy0C opotdTrog

=27 av ABI..K = A'BT"...K' ka1 A 0 Adyog opotdtntag

TeTpoyoviopog molymvov
*  Metaoynuatiopdg ToAVYMVOL G€ 1600VVALO TPIY®VO

*  MetaoynUaTIicHOS TPLY®VOL G€ 16000VALO TETPAYMVO




KEOAAAIO 1 1

METPHXZH KYKAOY

H pétpnon tov pnKovg tov kOKAOL Kot Tov eUPadov Tov KVKMKOV dioKov anotéAece Eva
onpovtiko Bépa e 1o omoio acyoAndnkav crovdaiot padnuatikoi g apyoadtrog (Immo-
Kpdtng o Xiog, Apynong). I'a to oxomd avtd YpnoyomTomdnkay To Kovovika ToAdymva, To
omoia [e TN 6P TOVG amacyOANGav Tovg padnpatikovs Yo tepiodo tavem amd 2.000 ypdvia
(Apyootnra - K.F. Gauss).

210 TopOV KEQPAANLO EIGAYOVLE TNV £VVOL0L TV KAVOVIK®V TOAYOVOV KOl LEAETAUE PooTKEG
W0t Tég Tovg. EEetalovpe v eyypapn] OpiopéVOV BOCIKOV KOVOVIKOV TOAVYOVOV GE KOKAO
Ko LITOAOYILOVE T GTOLYELD TOVG. ZTT) GUVEXEL «TTPOGEYYILOVTAG) TOV KUKAO LUE KOVOVIKE TOA-
YOVOL, EYYEYPOLUEVO N TTEPLYEYPOLUUEVO GE OLTOV KOIL YPTCYLOTOIDVTAS TOV OPIGUO TOL aplOpoD T,
Bpiokovpe THTOLE Y100 TO UAKOS KUKAOL Kot TOE0V Kot Yo TO EUPadov KUKAKOD 01GKOL Kot TOUEQ.

Piet Mondrian «X0vBeon»
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Kavovikd noduywva

EEK] Opiopés kavovikot noduydvou

Onwmg tvorl yvmoto, va TeTpaymvo Exel OAEG TIC TAEVPES TOV
{oeg Ko OAeg T1g Yovieg Tov ioeg. To 1010 oyvet kot yia éva
160mAgLPO Tpiywvo. Tétola moAVYwVa AEYoVTaL KOVOVIKAL.

Opiouods
"Eva. 1oA0Y®V0o AEYETOL KaVoVIKO, 0TOV €)1 OLES TIG
TAEVPES TOV 16€G KO OAES TIS YMViES TOV (OEG.

» lFwvia KavovikoU V-ywvou

‘Eotom A A,...A, £éva KovoviKO TOADY®VO HE V TAELPES Ko

éotw A, =A,=..=A =g, (ox.1). Eneidf 10 dOpoiopia tov
YOVIOV KAOE KupToL V-ydvou givar (v — 2)180°, Ba éxovpe
vo, = (v—2) - 180° kot emopévamg
360°

v

¢, =180° -

» Opolétnta KavoviK®V NoAuywmwvwv

Ag Bewpnoovpe tdpa 6V0 kovovikd mTolvyova ABI...T,
A'BT"..T' (oy.2) pe tov id10 apfud mievpav v. Tote 1 yo-

via koBevog givon 180° — , OOTE EYOLLLE:

A=A,B=B,.,T=T ().
Eniong, apod AB=BI'=.=TAxaw A'B'=BT'=..=T'A’
Ba &yxovpe

AB BT’ TA

rr: rr:"': A (2)

A'B" BT TA
Ao 11 (1) ko (2) wpokvmtetl 0Tt Tao ToAvywvo ABT.. T kot
A'BT"...T" elvan 6powa. ‘Etot, €govpe 10 endpevo counépa-
oo

A0 KaVOVIKA TOAVY®VO pE ToV 1610 aprOpod Tievpov &i-
vau opoura.

EEF] 1616tntes kai otoixeia Kavovik@dV
noduy®vwv

Mo GNHOVTIKT 1010TNTO TOV KOVOVIKOV TTOAVYOVOV EKQPE-
Cetat amd 10 emoOUEVO BedpruLa.



Yxnua 3

KE®DAAAIO 11. METPHZIH KYKAOY

OEQPHMA |

KéBe xavovikd moldywvo eyypdoeetal oe Evav KOKAO Kot
epryphoetan oe Evav ailov. Ot dvo avtoi kbkAot givat
OUOKEVTPOL.

‘Eotw ABIA ... T éva kavovikd moAdymvo (oy.3). Oswpovpe
tov KOkA0 (O, R) mov diépyetar and tic kKopvpéc A, B, I’
TOL TOAVYDOVOL. Oa amodeifovpe Ott 0 KOKAOG avTdg diEp-
yeTal Kol amd v kopven A, oniadn 61t OA = R. Engon
OB =O0I' =R, 10 tpiywvo OBI givar 1606KeAES KO ETOE-
VoG I§1 = fl = o, onote ta tpiyova OAB kot OT'A givan ica,
vt Exovv:
OB =0OI, AB =TA (apo0 ABI'A...T xovovikd) Kot
B,=B-c=I-0=T,.

And v ot avt) pokvrtel 0Tt OA = OA = R. Opoia
amodevieTat 6t 0 kKukAog (O, R) diépyetat kot amod T1g
vroloueg kopvég E, Z, ... T ko emopévag 1o ToAvywvo &i-
vau gyypayipo. Ot TAevpég Tov TOAVYDOVOV givar ioeg yopdEg
Tov k0KAoL (O, R), emopévmg kot To. amootpaTd Toug Ha
elvar ioa, éotm pe a. Emopévac, o koxhog (O, o) epdmnteton
otig Thevpég tov ABIA...T, dpa 10 moAdYwvo glvon mept-
yYphwipo og kOkro. Elvatl govepd, and ta mopandve, 0Tt 0
mepryeypoppéVog kokAog (O, R) kot o eyyeypappévog (O, o)
TOV TOAVYMVOL €ivol OLOKEVTPOL.

» Itoixeia kavovikoU nofAuywvou

Amodeiéape mopoamdve 0Tt KABe Kavovikd ToADY®Vo £xel
EVOV TTEPLYEYPAUUEVO KOL VAV EYYEYPOUUUEVO KOKAO TOV
£€YOVV KOO KEVTPO.

To ko6 KEVIPO T®V dV0 AVTOV KOKAWV AEYETOL KEVTPO TOV
molvywvov. H axtiva R tov mepryeypappévon koxkAov Aé-
YETOL AKTIVE TOV TOAVYDOVOL, EVD 1] ATOGTACT) TOV KEVIPOU
amd [ TAELPA TOLV, ONANOT 1) OKTIVA TOV EYYEYPOAUUEVOL
KOKAOL AEYETAL ATOGTHHA TOV TTOAVYDVOV.

Enredn ta to6&a AB,BI, .., TA (oy.3) etvan ioa, o1 emikevTpeg
yoviegc AOB, BOT, ..., TOA eivat ioec. KoOepio and T1¢ yo-
vieg avtég, OmAaodn N yovia vd v omoia @aivetot KaOe
TAELPA TOV TOAVYMDVOL ATO TO KEVIPO TOV, AEYETOUL KEVTIPIKI]
YWVig TOV TOAVYDOVOV.

2t emdueva, o€ éva kavovikd v-yovo Ba cupfoiilovpe pe
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Yxnua 4

R v axtiva tov, pe A, TV TAEVPA TOL, UE O, TO ATOSTNA
TOV, LE @, TNV KEVIPIKT] TOL Yovia, pe P, tnv nepipetpd tov
kot E, To gpfadodv tov.

[ Ta oTolEln TV KAVOVIK®OV TOADYOV®V 16YVEL TO £ENG
Beopnpo.

OEQPHMA |

Y Kabe kovovikd v-yovo axtivag R woydovv ot e&ng oyé-

CEIG: .

i)ﬁ+%:w ii) P,=vA,

360°

i) o,= iv) E,= %PV(XV

‘Ecto ABI'A...T éva kavovikd v-yovo, R n aktiva tov,

AB =, n mkevpa tov kot OH = o, to amdotnud tov (oy.4).

1) Amd 10 opBoymvio tpiyowvo HOA, pe epappoyn tov
TTvuBayopelon Bewphpartog mpokvmtet OH+HA=0A’,

OnAaon 2
(12 + ﬁ — R2
v 2 *
i1) Emeion AB=BI'=...=TA=A, Oa givar P, = VA,.
iii) Emewdn AB=BI =...=TA 0a sivot

AOB=BOI'=..=TOA=w,

Kot apov ot yovieg AOB, BOT, ... kat TOA éxovv
360°

adBpotopa 360°, &yovpe v, = 360°, niadn o, =

iv) To tpiyova OAB, OBI; ..., OTA givon ica (TITIIT), dpa
Kol 1I0EUPAOIKA Ko ETOUEVOC EYOVLLE:

1 1 1
EVZV(OAB):V?AB : OHZEVXVOLVZEPVOLV

apov P, =VA,.

2g dVO KAVOVIKA V-y®VO 0 AOYOS TV TAELPAOV TOVG 1GOV-
Tl LE TO AOYO T®V OKTIVOV TOVG Kol TO AOYO T®V ATO-
GTNUAT®V TOVG.

Ocwpovpue dvo kavovikd morAvywva ABIL..T kot A'BT"... T’



IXOAIO

H diaipeon evog kbklov oe v
loa tola. e TOV Kavovo. Kal To
oofintn dev eivair dvvaty yia
OTOI100NTTOTE TIUN TOV POCLKOD
op18uod v. To wopaddetyuo, dev
elvau dvvarn n draipeon evog Ko-
KAov o€ emTa. loa. TOCa, TO OTOI0
ONUAIVEL OTL OEV KOTO.OKEDOLE-
701 KOVOVIKO 7-ywvo. Awo tov
TPOTO KOATOCKEVIG TV KOVO-
VIKOV TOADYOVWY (UE KOVOVOL
Ko 0101Th) TOL AVATTOGOETOL
oto. atoiyeio tov EvkAeion, wpo-
Kbmrel 0t o1 apyaiol EAAnves
MobOnuatixoi kataockedoalov
KaVovIKG, Tolbywve, ue tAnbog
mievpav 2, v=2,2"-3,2" -5,
2"-3-5 6movv=0,1,2, ..

O Apyiunong (287 n. X. wepi-
mov - 212 w.X.) aoyornOnke ue
70 TPOPANLUA THS KATOOTKEDNG
KaVoVIKOD TOADY@HVOL Kol To-
povaiaoe évo, Bovudoio Epyo e
Oéua v Kotaokevn ToL KOVOVI-
K0V 7-ydvov. Apketo. opyotepa,
70 1796, 0 Gauss (1777 - 1855)
LLE QQOpUN TNV KATAOKED] Ka-
voviko¥ 17-yavov amédeiie Ot
EVa KOVOVIKO TOADYwVO UTopeEl
Vo, KOTOOKEDOOTEL, OTOY TO TAN-
Bog v twv Thevpav Tov eival g
uoppicv =2P, - P, ... - P,_,
omov o pvo1kog op1duog kot P,
P, ..., P, mparoi apibuoi tov
Fermat, onloadn s popong
P=2"+11=102 .k

KE®DAANAIO 11.

METPHZIH KYKAOY

(oy.5) pe 1o 1610 TABog TAevp®V, £otm v (v >3). Av O, O’ 10
KEVTIPO TV TOAVYOVOV, Ta Tpiyove OAB kot O'A'B’ eivan
360°

v

opoto. Yot eivon 1wookel kot £xoov AOB = A'O'B’ =
AB OA OH

KOl EMOUEVDG AR OA O , omov OH, O'H’ ta bym
TOV TPLYOVOV. ATd TV TEAELTOiN 10OTNTA TPOKVTTEL OTL:
AN _R_o
’ ’ r >’
A R a)

omov A, , R, a, Ta cuvnn otoryeia tov ABIL..T kot A, R,
a, to otoryeio Tov A'BT"...T".

NMAPATHPHZH

Amodeivoetar oti, av ta onueia A, ,A,,....A, dtapody évay kbxlo oe v
oo 100, 10t T0 TOADYWVO A ,A,.. A, (0).60) KOOGS Kot T0 TOADYWVO
B,,B,,...B,, Tov aynuotilovy o1 EPATTOUEVES TOV KUKAOD OT0, GIUELN
ovta (oy.6f) eivor Kavovika.
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rEQMETPIA

Epwthoeis Katavéonons

1.

Yrapyovv kavovika wolvywva twv oroi-
WV 01 ECMTEPIKES YWVIES EIVaL OUPAETES;

Loio givou to amdoThua KovovikoD ToAv-
YOVOU TEPLYEYPOLUUEVOD GE KUKAO,
Evo. kopto moldywvo ivor Kovoviko 0toy:
0. €yl LOVov TIC TAEVPES TOD LOEG,
. &yer uovov Tig ywvieg tov (oG,
Y. €Vl eYYpawiuo o€ KOKAO Ko EYEl TIC
TAEVPES TOV [0EG.
Merald ra)zv A, a, kai R oyveL:

a
a./12v+7”=R2 B+ al=4R’

R2
v. A0 =4@R -a) . ii+a5=7
Merald twv w, kot ¢, 1oyder:
o.w,+e=IL pow,+ o, =21
v, + @,=270° 0. w,+¢,=3L

(2t epwnoeis 3, 4, kou 5 kvrAwote To
VYPOLULO TTOD OVTIOTOLYEL OTH GWOTH OG-
VINON KOl QITIOLOYROTE TV ATAVTNOTN

00g).

Aoknoeis Epnédwons

1.

2.

3.

Na. fpebodv n ywvio kar n kKevipikn ywvio,
EVOG KAVOVIKOD: TEVTAYWOVOD, ECAYMDVOU,
OEKOLYOVOD KO OWOEKOYWDVOD.

Av n yovia evog Kovovikod ToAvywvou &i-
voa 108°, tote 10 mAnbog twv Thevp@v tov
glvai:

a.l5 BI12 10 6.5 &8
Korlwaorte to ypduo. the cwoths amavty-
ONG KOl OITIOLOYNOTE THY OTAVTHOH GOG.
2e 000 KOVOVIKG TEVIAYWVA 0 AOYOS TV
wAevpwv tovg eivar A = 2. Iloiog gival o
AOYOC TV OTOGTHUATOV, TOV AKTIVOY
TOVG, TV TEPUETPMY TOVS KO TV EUPa-
0wV TOVG;

To. whnbn v, v, TV TAevpwv 000 Kavo-
VIK®V TOADYOVOV EIVAL avTioToryo, pileg
TV eCl1000EWV:

V-3 v—15=0, 2v-9=\v—4.
No arodeilete o0t1 a0 TOLDYyw VO €lval
ouola.

5.

Na amodeiete 0T1 TO HOVO KOVOVIKO TO-
Abywvo ue ywvia olela sivar To 160TAEVPO
iywvo.

Av &va KovoviKo V-ywvo Kol EVa. KOVOVIKO
U-ywvo (i > v) elvar eyyeypouEve 6tov
1010 KUKAO, va amodeilete 011:
92 a2 2 2
i) Ay—2, = 4o, —a),
i) A, >l < a,<a,

Ocwpodue Evo KAVOVIKO TEVIAYWVO
ABIAE eyyeypouuévo oe korxlo (O, R).
No aooeiéete ot
i) KabOe drayviog ywpilel to TEVIGAYWVO
0€ EVaL 1600KeAES TPATECLO KOl O€ EVO.
100OKELES TPIYWVO,
ii) n diyotéuoc ¢ ywviac BAT siva
kabetn otnv mwhevpa AE,
000 d1ay@Vo1 TOv JEV EYOVV KOIVO
GKpo aYnUatiCovy pe 000 TAEVPES TOV
TEVTOYHOVOD POUSo Kol
iv) av H givor o onueio toung e Al ue
™ BA, téte AH =AI" - HI

Anodeiktuikés AOKNOEIS

1.

To darmedo evog dwuatiov otp@Onke pe
TAAKIOLO GYNUOTOS KAVOVIKOV TOAVYD-
v ue tAnbog thevpawv A, u, v, omov A #
w#v %A No arodeilete o1

1 1 1 1

—t—t—=—

A oou v 2
Av éva, modbywvo eivai eyypawiuo ko mepl-
YOAWIUO OE ODO OUOKEVTPOVS KUKAOVG, Va
OTOOEICETE OTL EIVAL KOVOVIKO.

Av A, B, I, A eivai di1adoyikés kopvpég
EVOS KavoVIKOD v-yaovou (v > 4), va aro-
ociere on1 AI” ’ _AB’ = AB - A.

Av E,, givoi 10 gufodov evog kKavovikod
2v-yavou (v > 4), eyyeypouuévon oe ko-
Ao (O, R), va amodeilere ot

E, = ? PR, omov P, n mepiuetpog tov
KavoviKoD v-yavoo aktivags R.

Av A} eivau TAevpd Kavovikov v-yavou me-
PLYEYPOLUUEVOD O KDKAO Kal A, o, 1] TAED-
PO KO TO OTOGTHUO. GVTIGTOLYO, KOVOVI-
KOD V-ymvoD EYYEYPOUUEVOD TTOV [O10 KO-
KAo, va amodeilete OTL R - A, = a, - A].




KE®DAANAIO 11.

6. AVE, Ey E, eivai 1o, PG KOVoViK®Y

V=)0V TOV EYOVY TAEVPES 10ES OVTIOTOL-
0. e Tig mAevpés a, P, y opboydviov tpi-
yavov ABI (A = IL), va amodeilete ot
E,+E=E,.

LUvOeta Bépata
1. O ITIvBoayoperor 1oyvpilovray ot vrap-

XOVV TPIo. LOVO KOVOVIKG. TOADYWVO. TWV
OTOLWV 01 YWVIES UTOPODY VO. KOLDYOVLY
70 ETITENO YOPW OO Eva, onueio. To ko-
VOVIKG. 00T TOADYWVa. EIVal Ta. loOTAEDPQ.
PIYOVA, TO. TETPAYWVO KO TA KAVOVIKG,

METPHZXIH

elaywva. No omooeiete v alnbeia tov
10yvp1Louod avtod v Hvbayopeiwv.

. Eotw kavoviko v-ywvo ko1 onueio X

010 €0wWTEPLKO TOV. AV d ), d,,....d, €i-
Va1l 01 OTOCTACEIC TOV X amo TIC TAED-
PEC TOV V-y@VOD, VO Om00EILETE 0TI
d, +d,+..+d =va,, émov a, 10 omd-
OTHUO. TOD V-YDVOD.

. 2& kavoviko dexdywvo ABIA...K 1 whevpd,

AB mpocktevouevy TEUVEL THY TPOEKTOON
¢ oxtivag OI oto onueio M. No. omodel-
Eete 011 AM = AA.

KYKAOY

EXE] Eyypagn Baocikdv kavovik®dv
noduy®vwyv og KUKMo

Kdl OTOIXEia Tous

ATO TV TOPOTPNGN TNG TPONYOVLUEVNG TTOPAYPAPOL TPO-
KOTITEL OTL Y10l VO, KOTAGKEVAGOVUE £VOL KOVOVIKO TTOADY®VO
ue v (v > 3) mhevpés, apkel va yopicovpe £vav KOKAO o€
v ioa 16&a. H xatackevn pe kavova kot St oev elval
dvvatn v k4be v. (oxoio §11.2). Zn cvvéyea, Ha acyo-
AnBobpe e TV €Yypaen LEPIKMOV PACIKOV KOVOVIKMOV TTO-
AMYDOVOV 6€ KOKAO Kot Bol bToAOYIGOoLLLE T GTOLYELD TOVG.

» Tetpaywvo

‘Eocto évag kdxiog (O, R) (0y.7). Av (pépovus o000 kéBe-

A
TEg Srapétpoug AT kot BA, Oa eivart AOB = BOT' =TOA =
AOA =90°, omdte AB = BI'=T'A=AA ka emopévag to ABIA
A r etvon TeTpdyvo. AT 10 0pHoydVIO Ko 1IGOCKEAEG TPLYmVO
Ay
B

OAB pe epappoym tov Iubaydpeiov Bewprparog Exovpe
=AB’=0A’+0B’=R’+R*=2R’,
amd TV OToio TPOKLITEL OTL:

A, =RV2.

2
r , . 2 vV _ p?2 _ ; r
Amo6 ™ Paocikn oyéon o, + i R™ pe v =4 npokvntel 611

2
R\2)" R
Oti =R2—% =7,

RV2

dnrodn o, = 3
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» Kavoviko e§aywvo

"Eoto kokhog (O, R) kot AB 1 mAevupd tov KovovikoD eEoyd-

vov tov Bélovpe va eyypayoovpe otov (O, R) (oy.8).

Téte AOB = o, = 60° kot enedr] OA = OB (=R) 10 tpiyevo
OAB &givat 166mhevpo. Apa AB = OA =R, dnradn

% =R

‘Etouyia my eyypagn kavovikod eGaydvov o kOkAo, moip-

VOVLE TAVO 6TOV KUKAO €51 d1000y1Kd TOEN AB, BT, T'A,
AE, EZ ko1 ZA pe avtiotoym xopon R, 1o kabéva, ondte

t0 ABI'AEZ givat kavovikd e&dywvo. Enedn A, = R, and
2
, . 2 2 ’
T Pacikn oyéon o, + 76 = R" pe avtikatdotac Tov A,
TPOKVTTEL OTL:

» .. R* 3R? R\3
(16:R —T —_— .

:—’ a:
g 0 1 %I

» loénfAgupo tpiywvo

Av ta onueia A, B, I, A, E kot Z (6).9) d1o01povv tov KOKAO
oe ¢&1 loa T0&a, 1otE O onpeia A, T, E givan kopupég 166-
TAEVPOL TPLY®VOL, apoy AI'=TE = EA = 120°.

Eneion AT'A = 180°, n AA eivon S1GUETPOC KO ETOUEVOG TO
tpiyovo AT'A givar opBoydvio, ondte

A=Al =AA’~ A’ =(2R)’—R’=3R’
Snhadn A, =RV/3.

7\12
Epoapuolovrog tdpa ) oyéon aé + 73 =R’ TPOKVTTEL OTL

Ta oTowyeio TOV TOPATAVE® TOAVYDOVOV GLUYKEVTPOVOVTOL
GTOV EMOUEVO TIVOIKOL:

Kavoviké | Ieomievpo
eEdyovo TpiyoVvo

‘ Tetpayowvo

Mievpd d, | A, =R+2 A =R A, =R3

Amdompaa, | o, =—— | o, =— o3 = —




E®APMOTIH 1n

KE®OAAAIO 11. METPHZIH KYKAOY

g 00CUEVO KUKAO VO EYYPOUPEL KAVOVIKO OEKAYMVO.

Auon

‘Eotw AB = A, (0%.10) n mAevpd TOV KOVOVIKOD dEKAYDVOL TOV

Béhovpe va gyypayovpe otov kokio (O, R). H xevipikn yovia A
o

AOB givol 360

= 36° kot Kabepio and T1g yovieg g Pdong tov A B

1600KeEL0DC Tprydvov OAB givar A = B = 72°.

"Etot, av pépovpe T d1otopo AA g yaviog OAB ta tpiyova AOA kot ABA eivat

1GOOKEAT, 0oV glvat
AAO=36°=A0B ket AAB=A, + O =36°+36°=72°=B.
Enopévog, OA=AA=AB =1,, kau BA=R —A,,.
Me gpappoyn tov Bempnpatog g d1yotépov oto tpiymvo OAB mpoxvmtet OtTL:
AB AB Mo  R—=Xy

= = = <A =R(R-A
A0 AO R Mg 10 ( 10)

Ko €nedn Ay = AB >AB =R — &, (apod AAB > BAA), 1) tekevtoio wootrta exgpdlel Tt
T0 Ay €IVOIL TO PEYOADTEPO 0TI TOL T LLOLTOL TTOV TTPOKVITTOVY 0LV SIOPEGOVLLE TV aKTive R
o€ €GO Ko Gikpo Adyo. 1100 TV KOTOGKELT] TOL KOVOVIKOD SEKOYMVOL TOV EYYEYPOLLEVOD
o€ KOKAO, OL0UPOVLLE TNV OKTIVOL TOL KOKAOL GE HEGO Ko AKPO AOYO KOl GTN GUVEXELL
opitovpe Ta Stadoykd 1o&u AB, B ..., mov &xovv 10 kaBévo xopdny ion L To peyodiTepo
Tunpo ota omoia ympileton n aktiva pe T dlaipeon g 6 LEGO Kot Gikpo AOGYO.

APAXTHPIOTHTA

h|

No. amoderylei 611 A, = 3( J5-1 ) ka1 va vwoloyiobet To o,

E®APMOTIH 2n

Yg 006PEVO KUKAO, VO EYYPOUPEL KAVOVIKO OKTAYMVO Kol
V0, VT0A0Y16000V 1] TAEVPE TOV KL TO OTOGTNNA TOV.

Auon

Eyypéoovpe otov xoxho (oy.11) to tetpdymvo ABI'A ko

ot ovvéyela maipvoope ta péoa E, Z, H, ® tov t6&mv

oL avtioTolyovv otig TAevpéc AB, BT, TA kot AA. Tote

10 AEB...0 givat to {ntovpevo oktdywvo. Av Bewpncovpe

) ddpetpo EH mov avtictoyel oto E, emedn to tpiywvo

AHE &givau opboymvio kot AB ka0etn oty EH, éyovpe

AE’=EH - EI = 2R (R — OI) kot teMKd, apod AE = A, ka1 OI = o, éyovps:
=2R(R-a,)= 2R(R—£J R2(2-+2) kot emopévag A, = Ry2-+/2.

7\12
Téhoc, amd T oxéon o + T = R* mpokvmtet 61 oy = > 2+42.
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= TYNOZXZ TOY APXIMHAH
= Evo xavovikoé v-yovoe givan eyyeypappévo og kokho (O, R).
CED Na eyypo@ei 6Tov 1010 KUKAO KOVOVIKO 2V-Y(MVO KOl VO, 0TT0- o
| deydi om 22, =2R (R—a,). J
H
| Adon A B
Av hpovpe T HEGH TOV TOEWMV TOL AVTIGTOLYOVV GTIG TAED- M

PEG TOL KAVOVIKOD V-YdVOL, 0 KOKAOG dtatpeitan og 2v ioa
16&a. 'ETo1 TpoKOTTEL TO £YYEYPAUUEVO KOVOVIKO TOADYWVO LE 2V TAEVLPES.

‘Eotw AB = A, (0%.12) kot M to péoo tov 16E0v AB. Tote AM = A,, kot OM_LAB.
Emopévag, and to ITvbayodpeto Bemdpnua oto tpiywvo AHM éyovpe

2 2
AM’=AH’+HM’ A xgv:(gj +(R—av)2:%+R2+a3—2Rav

2

f A3, =2R*-2Ra, (apod 7: +a2=R%) fq A}, =2R(R-a,).

ZXOAIO

A2 R -A? R’ —(2R°-2R 2R’ +2R
2 = R? mpoxbmrel 6 o, = ? y v 4 ( y @) _ y e

R
noal, =3(R+av).

Aro ) oxéon aj, +

é Epwtnosis I,(atavonon:f» , ’ y. (\/5+ \/§)R, 5. (3 +«/§)R.
< L. Xapaxwmpiote wg owotes (2) 1 2avOaoye- Awxoroloynore ™y omavinon oog.
veg (A) TI¢ TopaKaTw 160THTES, IIKAI0AO- , , , ,
< , , 4. 2o moporarw oynua n yovio M eivor:
o YOVTOS TIG OTOVTIOEIS OOG.
" o, s a. 30° f.45° 9.50° 6.60° e 75°
o D At A= Dz DA Aikarodoynote v anavinon oag.
= ii) Ay+A,+A, =3R(1+2++/3) M
” Oz DA
R
iii) a3+a4+a6=—(1+\/§+\/§) 0
2
Or OA L R,
2. Av A, B, I, 4 dradoyixa onueio. koxlov (O, A L 2 B

H
R), dote AB=R~2, Bl =), kou T4 = R,

vo. eénynoete yioti n A4 givar d10ueTpog

700 KUKAOU. § ,
Aoknoels Eunédwons

1. Na vmoloyioete w¢ ovvdption tov R to gu-
Ladov evog 160mAevpov Tprymvon, eVog te-
POYDVOV KAl EVOS KOVOVIKOD £C0ymVOD,

o. (3 + \/§)R, b. 4R, mov eivou eyyeypouéve. oe koklo (O, R).

3. Av A, B, Il 01000)1KC, myp’t\sioc xvkAov (O,
R), wote AB = 120° kou BI" = 60°, n nepi-
UETPOS TOV Tprycwvov ABI eivau:
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2. Kavoviko moldywvo éyet axtivo. R = 10cm
KOl OmOoTHUO. &, = 5 J3 em. Na Ppebdei n
TAevpa. Tov A, kai 10 gufiadov tov E,.

3. Kavoviko moldywvo éyer oxtiva R = Scm
Kol wAevpa, A, = 82 em. Na Ppebei to
OTOTTHUG TOV O, KOL TO EUPAIOV TOD.

4. 2e rvrdo (O, R) maipvovue dradoyixd. ta
0éo. AB = 60°, BI" = 90° xou I'/A = 120°.
Na. vroloyioBody ws ovvdptnon tov R o1

TAEVPES KoL TO EUPOIOV TOD TETPATAEDPOD
ABIA.

Anobeiktikés AoKNOEIS

1. 7o afporouo twv ywviwov evog Kovovikod
rolvyawvoo givar 8 oplég kat to gufadoy

o0 63 cm’. Na Ppebet n axtivo, Tov.

2. e kvrlo (O, R) kai exatépwbev tov Ké-
vIpoo tov, Gewpodue 600 wopdlinles
Xopoéc Tov AB xa1 IA, wore AB = R kau
1 =R3. Na vroloyiaBovv o1 un wo-
porinies mlevpéc Al kou BA tov tpomeli-
ov ABAI 10 vyog tov kai 1o gufiadov tou,
w¢ avvaptnon Tov R.

3. No vroloyiotovv w¢ avvaptnon tov R n
TAEVPG, A}, KO TO OTOGTHUA. @), EVOS KO-

vovikoD 12-yavov eyyeypouuévon o€ Ko-
who (O, R).

. No vwoloyicete w¢ ovvdptnon tov R to

EUPOOOV EVOS KAVOVIKOD dWIEKOYDVOD,
AWPIC VO, DTOAOYITETE TPONYOVUEVIIC TV
TAEVPA. KAl TO OTOOTHUA TOD.

LuvOeta Bépata

1.

Aiverar koxAog (O, R) xor yopon tov
I = 44 llovo oe toyaio evbeio € mov
OLEPYETOL OTO TO KEVIPO KAl EKATEP -
Oev rov O maipvovue onueio A, B, oote
OA = OB = a;. Av M 10 uéoo g IA, vo.
omoociete 0Tl MA’ + MB’ = /lf,.

. A6 1o onueio A extog kvrlov (O, R) pé-

pooue téuvovoa ABI, wote AB = Bl Av
04 =R+J7 va amooeiéere ot BI' = J; kou
OTI] GOVEYELD, VO. DTOAOYITETE TO EUSOOOV
700 tprycyvov AOI!

. 2e kboxdo (O, R) Oewpodue ta dradoyixa

onueia A, B, I, wore AB = A, kou BI" = 1;.
Av M to uéoo ¢ BI ka1 A to onueio mov
téuvel n mpoéxtaon e AM tov kbxlo, va
vroloyloete, w¢ ovvapTHan Tov R, To Tun-
uo MA.

APAXTHPIOTHTEX

I 1 1

1. Epunvevovrog oe “‘yewustpirn yraooo,” v opiQuntikn 160tyTo. ? —— =—, 000TE VOV TPO-

10 15

O KOTO.OKEVNS THS TAEVPAS KOVOVIKOD 15-yddvov eyyeypopuévon o€ KOKAO.

1

1

1

2. Kavovrog o 1010 yio tqv apiOuntixy 160tyTe.— — — = ——, V0. 0WOCETE EVO. OEVTEPO TPOTO KOTOL-

3

4

12

OKEVIS TG TAEVPAS KAVOVIKOD 1 2-y@vov eyyeypouévon oe KoKAo.
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yxnua 13

Yxnua 14

Mnkos KUKAou

EERA npooéyyion tou pikous tou kKUkAou
HE Kavovikad noflvuywva

Me 1 Bondeto T TEPYETPOL KOVOVIKDOV TOAVYDV®OV TPO-
oeyyilovpe 6T cLVEXELD TV EVVOLL TOL UKOVG KUKAOL. A
Bewpnoovpe Evav kokAo (O, R) (oy.13) kot ag eyypayoopue
6€ aVTOV J1AO0YIKA £VOL IGOTAEVPO TPLYWOVO, £VO KAVOVIKO
6-ymvo, éva Kavoviko 12-ymvo kal yeVIKE £vo TOADY®VO pE
duhdo1o kaBe eopd TAN00g TAEVP®OV OO TO TPOTYOVLEVO.
Kafmg 0 aptBpdc tov mAeupdv TV KOVOVIKOV TOAVYOVOV
durhactaletat, amd 10 SN POIVETOL OTL: “TO KOVOVIKO TTO-
Mryovo teiver va tavTticBel pe tov KOk o™,

370 1010 GLUTEPACLLO KATOANYOVLLE KOL OV OVTL EYYEYPOUUUE-
VOV 0e®PNGOVLLE KAVOVIKA TOAYMVO TEPLYEYPAUUEVO, GTOV
Kkokho (O, R) (oy.14) ko duthacialovpe dtopkmg o TAN00¢
TOV TAELP®V TOVG. Av Bemprcovpe Aowdv v akorlovdio
(P,) TV TEPWETPOV TOV KAVOVIKOV TOAYDOV®V TOV EYYE-
ypappévov otov kokio (O, R) kot v akoriovdia (P)) tov
TEPLUETPOV TOV TEPLYEYPUUUEVOV KAVOVIKDOV TOADYDV®V
YOpw amd tov 1010 KOKAO, TOTE mOJEIKVOETAL OTL VITAPYEL
HOVaOTKOG OeTikOg ap1Ouoc L peyaddtepog OA®mV TV Opmv
g akorovbiog (P,) kot pikpdtepog OAmv TV 0pwv g (P))
ue v €€Ng 1010t To: Kabmg 10 v duthactaletal, ot Opot TV
axoArovbidv (P,) kot (P)) mpoceyyilovv 6A0 Kot meptocdTEPO
tov apBud L. O apBuoc L (mov elvor 1o Kowvd 6plo tomv
aKoAoVOLOV Kot aveEdpTnTOg Amd TNV EMAOYT KOVOVIK®DV
TOAYOV®V) Aéyetan ufxos tov kvkiov (O, R).

L
O Inmoxpdng o Xiog améderle TpdTOG OTL 0 AOYOG R OV
L KOLG TOL KVKAOL TTPOG TN Sdpetpd tov ival otabepog,
onAadn elvat o 10106 Yo KaOe koK 0. H otabepn avtn) Tiun
L
OV AOYOL R cupporiletar 01eBvag pe 0 EAAvikd ypdpu-
L
no 7 (apyd g AEENG mepLpépeia) Onrodn R =T, OmOTE
TPoKOITEL OTL TO UNKOG L Tov KOKAOL axtivag R diveton amd
™ oxéon
L =2znR.

O apBpog m etvon évag dppnroc, vepPfatikdc apiuds kot
L0 TPOGEYYIGN TOV, TOV GTNV TPAEN YPNOLoToLEiTaL, Elvart
n=3,14.

, , . 22
O Apyyndng xpnoonotoVce WS TPOGEYYLIGT TOV T TO =
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EEE] Maxkos t6€ou

"Eoto éva 16£0 AB evog koikhov (O, R) (oy,.15). Mia tefhaopé-
v pe akpa ta onpeio A, B ko tig dAleg kopvéc TG onpeia
700 TOEOV Adyetan eypeypappuévy 1o 180 AB. Sty mepintmon
OV 01 TAEVPEG TG elvan ioeg, Aéyetan Kovovikn TeOAacpévn.

Mo tebrhacpévn pe axpa ta A, B kot mAeupéc epomtope-
Ve TOL TOEOL AB Aéyeton mepryeypopuévy 1eOhacUEVT GTO
T0E0 AB. H évvouw NG KOVOVIKNG eptyeypappévng opile-
TaL, OMMG 6TV TEPITTO®ON NG EYYEYPAUUEVNG. To UNKog Tov
TOE0V AB k0KAOV (O, R) opiletar 6mmwg ko T0 PKOG TOV
KUKAOVL. AnAadY| T0 urjKos Tov T6E0D AB givar o Hovadkdg
Oetucdg aplOpdg £ tov omoio mpoceyyilovv oAoéva Kot me-

TXOLG 15 pocodtepo to unkm P, kot P) tov kavovikdv teflacpuévov

E®OAPMOIH

YPOUUADV TOV EYYEYPOUUEVOV KOL TEPLYEYPOUUEVOV AVTi-
oToL o 6T0 TOEO0 AB, KaBmg to v durhacidletal. Enedn o
KOKAOG givat T0&0 360° pe unkog 2nR, 10 t6&o 1° Ba Exet
U1KOG 2R omoTe £va T0E0 U° Ba Exel pnKog
360 R |
=180 ().
Eniong, éva t6&o xouKAov pe pnrog R Aéyeton axtivio (rad).
Apa éva t0Eo a rad €xel pnrog aR, dniaomn
£=aR (2).
n

Ao g (1) ko (2) mpokdmTel 6Tt 2B .
n 180

Ye kokAo (O, R) Ocmpovpe drwapetpo AB kot Tig yopoéc AT ko BIL, oote
AT = 2cm kot BI' =23 cm. No Bpg0sei 10 pijkog 100 KOKLOV Kol TO, pijK1| TOV
10Ev AT ko I'B, mov gival pukpdétepa Tov uIKvKAiOL.

r
Auon m
A B

Enedn n AB sivon Sidpetpoc, n yovia ATB Oa givon opdn, omo-
€ and 10 opboydvio Tpiywvo TAB éyovpe AB* = AT + BT w
i (2R)? =22 +(24/3)* 1 4R* = 16, dnhadf R = 2. To prjkog L

AB
Tov KOKAoL Oa givor L =2nR =41 cm. Eneton AI' =2 =—, UL LS

0o eivon B = 30°, ondte AT = 60° kon EMOUEVMG TO UNKOC TOoL B glvat:
_mRp_ 7w-2-60 2

| =—mcm.
180 180 3
Téhoc, apod A = 60°, Oa eivon BI = 120°, kot 0 unKog tov, Ba elva
n-2-120 4
by=—"——"—=—nqcm.
180 3
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Epwthoeis Katavéonons

1.

Avuororyiote kale uéyebog e otniing A
e TV TYuR T0V oty oTHAN B.

A | B
oR
Mpnxog kdkAov oxtivag R 2R
Mnxog t6ov u’ nRu
(o€ KOKLO axtivos R) 360
20R

Mpnxog toéov arad ¢
(o¢ KOKlo axtivag R) mRu
180

. To unroc L toéov, kdriov axtivog R ue
XOPOR Ag E1vouL:

1 1
o. 6R f. 7R y.?nR 0. 2R 8.?R

Kvkiwore 10 ypdpya te owotis axavy-
ONS KO OITIOLOYHOTE THY OTAVTHOY GOG.

Aoknoels Eunédwons

1.

Tlavw oe evbeia & Oewpoiue dradoyixd. to.
onueto A, B, 'kou A. Av L, L,, L;, ko1 L
elvar To. unKn Twv KOKAWYV 1e OLoUETPODS
AB, BI, I kou A4 ovtiororyo va amodei-
Ceteouul, + L, +L;=L.

. No fpeite to unkog tov eyyeypouéEvon

KOKAOD 08 KavoviKO £COYWVO TAEVPOS
10cm.

. Na Bpebet to unkog tov toéov mov avri-

otoryel oty TAevpd. kavovikod 10-yovov
EYYEYPOUUEVOD TE KDKAO aKTivag Scm.

Orav éva modniazo dravier pia owoéoTo-
o1, 0 EVaS TPOYOS TOL IOV Exel aKTiva R
KAVEL V OTPOPES, EVAD 0 GLAOG, TOD EYEl
okTivo. p kavel 2v otpopés. No. omoodeile-
e ot R = 2p.

. Adivetair kdxlog (O, R) ka1 to diadoyt-

xa tov onueia A, B, I', dote va gival
AB = R2 xou B = R\/_ Na fpebodv
00 UKy twv toéwv AB, BI" kau T4, w¢
ovvaptnan too R.

Anodeiktikés AOKNOEIS

1. Me diduetpo v axtivo. OA evog kdkAov
(O, R) ypapovue korlo (K) kot oxo to O
pépovue Nuievbeia wov TEUVEL TOV KOKAO
(0) oto I kau tov kbKio (K) ot0 4. No
amooeiete 0TI Ta TON AT ko AA &yovv
oo unxy.

2. Na amodeilete 011 10 (KOS TOV KOKAOD,
OV EPATTETOL GE 0DO OUOKEVIPOVS KO-
KAovg, 1oobTou e to nuialpoiouo. 1 Ty
HUIOLOPOPE. TV UKWDY ODTDV, OTAY OVTi-
OTOLYO 0 KDKAOG QOTOG TEPIEYEL OTO E0-
TEPIKO TOV 1] OY1 TO HIKPOTEPO KOKAO.

3. Aivetou iyawvo ABI e 0. = 13cm, § = 14cm
xary = 15cm. No. Ppeite to puikog

) TOV EYYEYPOUUEVOD KDKAOD TOD TPI-
YDVOU,

i) TOV WEPLYEYPOUUEVOD KDKAOD TOD TPI-
YHVOU.

LUvOeta ©épata

1. diveror yuuxvriio (O, R) drouétpov AB.
Me drouérpoog tic AO kor OB ypagovue
070 E0MTEPIKO TOV TPWTOL NuikvKAL0. No,
DITOLOYITETE TO UNKOC TOV KDKAOD, 0 001~
0G EPOTTETAL TWV TPLOV QUTDV NUIKVKAL-
@V, W¢ oVVAPTHAGN TOL R.

2. Aivetou tetoprortiiio O AB. Me diduetpo
v OA ypdpovue 0T0 £00WTEPIKO TOV TE-
TOPTOKVKAIOD, NUIKDKALO KO 0TH GUVEYELQ.
ypagpovue koxlo (K) mov epdmretor oto nui-
KkbKA10, oty Thevpd OB kau oto 160 AB.
No. amooegiéete 011 10 pKog oo kvkiov (K)
1600t01 1€ TO WiKog Tov T0Eov AB.

3. Nao fpeize to unxog e ypouuns ABIAEZ
TOV TOPAKATO CYNUOTOG.
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EpPadov kuknikoU diokou

EEKA npooéyyion tou epBadol kukiou
HE Kavovikad noddywva

"Eocto évag kokhog (O, R). O kixkAog pali pe to esmtepikd
TOL onueio AmOTELOVY TOV KKAIKO dicko e KEVTpo O Kol
axtiva R. Zmv tapdypago 11.4 idape 6t ta eyyeypoppéva
N To TEPLYEYPOAUUEVA GE EVOV KUKAO KOVOVIKE TOADY®Va
TEVOLV VO TOVTIGO0VV e TOV KUKAO, KaBmG To TANB0G TV
TAEVPAOV TOVG dumAactdleTat. O povadikdg Oetikdg apOpdg
E mpog tov onoio mAncidlovv oloéva kot TEPIGGOTEPO, TA
eUPAdA TOV EYYEYPUUUEVOV KOL TOV TEPIYEYPUUUEVOV KO-
VOVIK®V TOAYOVOV, AEYETOL EUPAdOV TOV KOKAIKOD 0icKOoD
N anAovotepa gufiadov tov kvkiov. Eneidon o E npooceyyi-
Ceton amd 1o PPadOV EYYEYPOAUUEVOV 1) TEPTYEYPOUUEVOV
KOVOVIK®V TOAVYOVOV, 0G 0empncovpe Eva Kovoviko v-ym-
vo gyyeypappévo otov kvkAo (O, R). Tote to epufaosov E,
dtvetan amd Tov TOMO
1
E, 2 Pa, (D).

Amo6 10 oy.17 paiveton 6t kaBmg to v duthactaleTot To o,
npoceyyilel v axtiva R kot enedn 1o P, mpooeyyilet to
unkog L tov kdKkiov, amd v (1) tpokdmtet 611 10 E, po-

1 1
oeyyilel to 5 L-R= > 2nR - R = R’ 'Etot £YOovpE TO

enouevo Bedprnpua.

OEQPHMA

To epPadov E evog kukiikov dickov axtivag R divetat
amo TN oxéon
2
E==nR".

EpuBadov kukiikoU topéa
Kal KUKAIKOU THhHAtos

» Kukfikos Topéas

Osmpovpe vav kokho (O, R) kar pio enikevrpn yovia AOB
(o%.18). To ochvoro TV KOOV oMueiwV NG ETIKEVTPNG YO-
viag AOB kot tov KukAkod dickov (O, R) Aéyeton xordikos
topéag kévipov O kot axtivag R. O kukAikog avtdg topéag
ovupoirileton OAB. Av n enikevrpn yovio AOB eivar p°,
Aépe OTL Kot 0 KUKAIKOG TOUENG OAB ¢givat u°. To gpPaddv
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r A

A B
&

TOL KLKALKOV Topéa opiletat avaroya pe 10 euPaddv Tov
KOKAOL Ko svpPoAriletar (OAB).

Eme1dn o kukAikdg diokog eival kukAkog topéag 360° pe

R
epodov TR, o kukhoc Topéag 1° £xet epPadov % Kot
L . . , nRzu
dpa évag topéac p° Oa Exel uPodov 360

. Qote 10 guPadov

€VOG KUKMKOV TOULEN OAB u° ko axtivag R dtveton amd v
16oTNTOL!
nRzu

360
Eniong, eme1dn o xukikodg diokog (O, R) eivar topéag 2m rad
pe epPadov TR, évag topéac o rad 0o éxet epfodov

2
UL o= 1 oR’.
2n 2

Emopévemg, to epfadov evog kukAikoh topéa OAB o rad kot
axtivog R dtvetar amd v 1ot Tl

(OAB) = % oR’

(OAB) =

» KukAiké tphpa

‘Eocto évag kokAog (O, R) kat pia yopon tov AB (6%.20).

H AB yopilet Tov kuKAKO dioko g dvo pépn mov PBpicko-
vton ekatépbev avtng. Kabéva amd avtd to pépn Aéyetan
KUKAIKO Tunfuo. To epfaddv € TOL KUKAMKOD TUNUOTOG TTOV
nepiéxetan otV Kupth yovie AOB vrooyiletar pe tn Pori-
fela TG 1o T TOG
¢=(OAB) — (OAB),

ONAadN apalp®OVTAG omd TO EUPAOOV TOV KUKAKOD TOpéN
OAB 10 gufaddv tov Tprymvov OAB.

E®APMOTIH 1n

Anoédei€n

Zvpporilovpe pe py, W, o eUPadd TV oyNUATICOLEVOV UNVIGK®V, T, T, TO ELPOOA
TOV KUKMKOV Tunpatov pe xopdés AB, Al' avtictotya, 610 NuKdKAo StopéTpov

BI."Exovpe

104

MHNIZKOI TOY INMMOKPATH

Aiveton 0pBoydvio Tpiyeve ABI (A = 90°). Me dwapétpovg BI, AB ko AT ypd-
povpue NuikvkAa oto nuerinedo (BI, A). Na amodcry0ei 611 10 GOpoiocpa TV ep-
Badov TV oynpoTiCOpeveV pnvickov givol ico pe 10 epfadov tov Tprydvov ABI.

(Mnvickog givor To oyfuo Tov «TEPIKAEIETO 0t0 60 TOEN TOV £XOVV KOWVT YOPdN
Kot Bpickovral Tpog to 1510 pPéPog ng).
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AB

2
1
u1=(u1+rl)—rl=5n(7j —r1=—7tAB2—r1 Kol A

1 (ArY -
HZZ(H2+T2)—72:57T 7 —’52=§nAF T,
and T1G 0moieg, YPNOLLOTOLOVTOG KAl TN GXECN
AB”+ AT'* = BI'* Bpiokovpe

r
|
it = gn(ABz +AF2) —(u+1)=

~ L ey @ - Br) +1,) = (ABT
=5 MBI —(n ) =—m )~ (1) = (ABD).

ZXOAIO

Ere1on u; + u,=(ABI) ko1 kB tpiywvo tempaywviletol, mpokdmrel ot 1o afpoioua i, + w1, egpoywviterar. O
Unviokol avtol amotelody to TpwTo un vBdypouo Tyiua, To omoio teTpaywviobnie awod tov Inmokpdty Tov
Xio (yevwnOnxe mepi 1o 470 ©.X.). O Ixmorpatns emions mETv e TOV TETPOYWVIOUO KoL GAADYV ODO TEPITTMOCEDY
UNVICKWV.

Aivetanr kokAog (O, R) kat 6vo yopoég Tov AB = R+/2
ket AT = R+/3 (0%.22). Na vrohoyro0ei 1 mepipeTpog
Kot 7o gpPadov E tov pktoypappov tpry®vov ABIL og
ovvaptnon tov R.

E®APMOTIH 2n

Auon

* Enmeidn AB = R2 kot AT = R\/g , EYOVLLLE avTioTOY
AB =, kat AT = L, ondte AOB = 90° ko AOT" = 120°
ko emopévog BOT™ = 30°. 'Etot 1o pijkoc £ tov t6E0v

— R - 30 R
BI givar £ = = == Apa n mepipeTpog S TOV KTOYPOLLOV TPLYDVOL
ABI gtvan

A - B

180 6
S=R\/§+R\/§+%:R(\/§+ 3+g).

* T 1o gppadov E éyovpe: E = (OAAF) —(OAT) — 1, (1), 6mov 1, 0 €UPadSHV TOV
KUKALKOV TUnpatog e yopdn AB. ‘Exovpe:

— . 7R*120 #R? 1 1 R R*3
OAT) = = . (OA)=—A,0, =—R+3—= Kot
OAD =350 (OAD) 2707 2 2 4
— R? 1 R2 1 R2 R? RZ
t, = (OAB) —(0AB) = R0 _1, o TR 1o pR¥2 7 R
360 2 4 2 2 4 2

R2
omote avtikadiotovtag oy (1) Bpiokovue 6t E = D) (m+6-3 \/5 ).
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EEK] Terpaywviopés kikiou

Tetpaywvicuog kvKLov AEYETOL 1] KATOGKELT, HLE KOVOVA
Kot O T, EVOG TETPAYMDVOV 1GOSVVALOV LE TO SOCUEVO
KOKkAo. Eoto R 1 axtiva evog koxhov kot E to epfadov tov.

1
Eneon E = B L - R, 6mov L to pnkog tov khkrov, Tpokh-

nTEL OTL 0 KOKAOG €lvat 1600VVALOG e TPiywVo, TOL €XEL
Baon L kot vyog R. KéBe tpiywvo opmg etvat 1codvvapo pe
teTpAymvo. Emouévog o tetpaymviopdg tov KOkAov avd-
YETOL GTNV Kataokewn Tov L, apov 10 R givan £va doopévo
tunpa. Enedn opwg L = 2R, n katackevun tov avaystat

1
GTNV KOTAOKELT TUNUATOC UNKovg T (apov Yo R = > el-
vatl L = m). ['a va efvon ) katackeun ooty dvvatn, Ommg

&xel amodeyOel, Oa Empene o T va elvan pilo TOAVOVOIKNG
e&lomong He aKépaovg GVVTEAEGTESG, ONAON OAYERPIKOC
ap19pdg, Baduov 2", 6mov v puoikoc. Opng, o I'eppavoc Mo-
Onpotucog Lindemann, to 1882, (1otopucd onueimpa, ceA.
252) anéderée 0t 0 T dev givan adyePpikoc aptOudg aArd
VIEPPATIKOG KO ETOUEVMG OEV KATAGKELALETOL YEDMUETPIKA.
AmodelyOnke €Tl To AdHVATO TNG YEMUETPIKNG ADGNG TOV
TPOPALLOTOG TOV TETPAYDVIGHOD TOV KUKAOV.

APAXTHPIOTHTA

270 woporaTw cynue, o piywvo ABI eivor opboywvio kot 160-

okelég, to BAI nuukvdxiio douétpov Bl kou to I'EB t6éo tov
KoKAov (A, AB). Na amodeilete 0t 0 aynuotilOpuevos unviokog

TETPAYWVILETOL.
(Amavtnon: (u) = (ABI) r A
-
A B

106



ALKHZEIX A AYZH

KE®OAAAIO 11. METPHZIH KYKAOY

Epwthoeis Katavéonons
1. Avuaororyiore k6Oe uéyebog tne otning A

e TV TLun Tov oty othAn B.

A | B
2R’
Eupfodov koklikod diorov
, 2 M
axtivag R TR —
180
Eufadov koxlikov touéa R’
u° (o€ koxlo axtivag R) I
— aR’
Eufadov kokdikov touéa o 2
rad (oe kbKklo axtivag R) | p2
360

. Me Baon to mopaxdtw cynuo. xopoxty-

piote ws owoth (X) n Aabog (4) kalsuia
00 TIG TOPOKATW 1OTNTES KOL QITIOLOYH -
OTE TNV OTAVTHON 00G.

i) (OAB) = (OI4) O OA
i) (OBI) = (OAA) Oz 0OA
iii) (OBI) = 2(OAB) Oz 0OA
iv) (0OA4) = 2(OAB) Oz OA
v) & =¢ X OA
vi) AB =1 0 0OA

. 2T0 TOPOKATW GYHUO DTGPYOVY ODO OUO-

Kevipol kvklor ue axtives OF = R kai
04 = 2R. Xapoxtnpiote ws owoth (X) 1
AdBog (A) kaOeuid amo Tig ToapPoKdTw 160-
THTES KO OITIOLOYHOTE TV OTAVTHON GOG.

i) L=V O 0OA
ii) g ="V x OA
iii) £,g =207 Oz OA

iv) (ABZE)=Iu0H) [Ox [OA

Aoknoels Epnédwons

1. Aiverou kdrhog (O, R) ko 1c0mhevpo tpi-
Yvo gyyeypouuévo o avtov. No ppelsi
70 EUPAOOV TOD EYYEYPOLUEVOD KDKAOD TOD
IYDOVO.

2. Aivetor ktrhoc (K) kau ©6éo tov AB = 60°,
Av 10 ©6¢0 AB &yel uniog 4w cm, va fpel-
7€ 10 EUPadov Tov koxiov (K).

3. Aiveroi icomhevpo tpiywvo ABI mievpas
o. I'papovue ta 100 twv KdKAWY (A, o),
(B, a) kau (I, a) mov mepiéyoviar otig yow-
viec A, B kau I avtioroiye. No vroloyioe-
7€ WG GUVOPTNGN TOD 0L THYV TEPIUETPO KO
70 EUPOOOV TOV KOUTVAOYPOLULLOD TPIYD-
vov ABI!

4. 210 dimhovo Lo
oxnua Exet A r
oxeoLaoTel
éva nuixo- M
KALo draué-
tpov AB = AUO R B
2R ko1 eéw-

K

2K}

TEPIKA TOV TOL
oo quixdxhia ue orouetpovg OA, AA, AI”
ko I'B. Av (1), (1), (1) eiva to. eufodo.
TV TPIOV CYHUOTILOUEVWY UNVIOKDV KOl
() 10 EUPadov Tov NuIKVKAIOD, Vo OTOJEL-
Cete Ot (1)) + () + (u3) + (k) = (ABIA).
5. Tpeig ioor kbdxAot axtivog R epamtovial
eCwtepird avd 0vo oto. onueio A, B rat
I No. fpeite tnv mepiuetpo kai 1o sufo-
00V TV KaUTLAGYpOoLoD Tp1Ydvov ABI]
w¢ avvaptnon Tov R.

Anodeiktikés AOKNOEIS

1. Aiveron korxlog (O, R) kou axtivo, tov OA.
2y mpoéxtaon s OA mpog to A maip-
vovue anueio B, wote OA = AB. Av BI ¢i-
VO TO EPOTTOUEVO TUNUO TTOV AYETOL OTTO
70 B mpog tov kdKlo, va Ppeite v mepi-
UETPO KOl TO EUPAIOV TOD ULKTOYPOUUOD
piyavov ABI!
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2. Aiverar tetpaywvo ABIA A A
TAevpac a ko ta Toéa. BA
ko A tov kbicdwv (4, o)
Kot (4, a) avtiororya. No.
Ppebei 10 ufadov tov
YPOUUOCKIAGUEVOD é- B r
POVG TOV TETPAYDVOD.

3. 4dvo ioo1 kdrAor axtivag R Eyovv diaxke-

VIpo lon ue R2. Na Ppebei 1o eufadov
70V KOIVOD TODG UEPOVG.

4. Aivetou éva nuikdxiio orouétpov AB Kot
0TO EOMWTEPIKO TOV TO, NUIKOKALAL O1041é-
v Al ko1 I'B, omov I onueio ¢ oio-
uétpov AB. H xabetog g AB oto I té-
et 1o opyixo nuikvxiio oto A. No omo-
oeilete 0t 10 EUPASOV TOV YWPIOv TOV TEE-
piretetar petald twv IOV UIKVKAIWY
(appnios tov Apyyunon) sivor ico ue to
gufadov tov kdrlov drauétpoo I'A.

5. Aiverau kbichoc (O, R) kau w60 tov AB = 60°.
No. fpebet to sufiadov tov eyyeypouuévon
KkbKAOL oTOV KUKAIKG ToUe OAB.

LUuvOeta Bépata

1. Eorw tpiywvo ABI eyyeypouuévo oe ko-
ko (O, R). Ot mhevpéc AB kar BI” sivau
OVTIOTOLYO. TAEVPES KOAVOVIKOD EE0YMDVOD

Kal L0OTAEVPOD TPLYWDOVOD EYYEYPOUUEVOD
otov kvklo. No. vmoroyiohovv:
i) 7o unkog g mwhevpag Al
ii) 0 0yog TV gufodmy Tov TPIYWVOL
ABI ka1 tov kvoxlov (O, R)

iii) 70 EUPAOOV TWV TPIDOV KVKMKDV TiUH]-
HATwV TOov opilovTal amo TIC TAED-
péc Tov tp1yavov ABI kou mepiéyo-
VIOl OTIG OVTIOTOLYES KUPTES YWVIES.

. divetar kdxlog (O, R). Me kévipo toyaio

ONUELO TOV KOl OKTIVO, THY TAEVPA TOV TE-
TPAYDVOV TOV EYYEYPOLUUEVOD GE AVTOV,
ypapovue kvkio. No. fpebei to sufodov
TOV KOIVOU UEPOVS TMWV ODO KVKAIKWV Oi-
OKWV.

. Adbo ioo1 kdxiot aktivag R Eyovv diaxe-

vipo ion pue R J3. Na Ppeite, ws ovvap-
mon tov R, 10 sufladdv tov korvod tovg
UEPOUG.

. Adiverou xvorlog (O, R) kat pio o104eTtpog

00 AB. Me xévipo to uéoo I 100 €vog
nuikvxliov xoi oxtiva T4 ypapooue ko-
KA0, 0 omoiog opilel ue to dAio nuirdrAio
10V unvioko, éotw . No awodeilete ot 10
eUPadov tov u 1600TaL UE TO EUPAIOV TOD
irywvov ABI]

1. Kavoviko elaywvo ABIAEZ eivou eyyeypoy-
uévo oe kKo (O, R) kou éotw K, A, M, N,
P, X ta péoa. twv whevpav tov.
i) Na omooeilete ot1 to KAMNPX eivau
Kavoviko eéaywvo ue kévipo o O.

ii) Na amodeilete ot
3
(KAMNPX) = 7 (ABINEZ).

iii) No ppebei, ws ovvaptnon tov R, o0
HITKOG TOV EYYEYPOLUUEVOD KDKAOV GTO
KAMNPZ.

2. Eotw kdklog (O, R) kar uio yopdon tov
AB = A,. Av o kvkiog (O, a,) téuver tig
oxtivec OA kou OB ot A' kou B' avtiotor-
X0, VO. ATOOEILETE OTL

i) T0 guPadoV € TOL WIKTOYPOLUOD TE-
porievpov ABB'A" (ue 600 mlevpég

10éa) 1000TO1 [E TO EUPAOOV TOV K-
rhiod touéo. OA'B' kau

.. 2

ii) 2ve =mR".

. Me paoeis tic mhevpég evog v-ymvov kot

0710 ECWTEPIKO TOD KOTATKEVALOVUE V Op-
Boywvia pe to idro vyog v. Lovocovue Tig
elwtepirég mlsvpéc Tovg e 10éo KokAwy
TOV YPAPOVUE UE KEVTPA. TIG KOPVPES KAl
oxtivo. v. No. fpebei o dbpoiouo twv gu-
fadov twv v kokdikov Touéwy Tov ayn-
unatilovrar.

. 2T0 E0WTEPIKO TETPOLYWVOD YPAPOVUE TED-

OEPIS [00VS KDKAODG TOD EPATTOVTAL LiE-
70.¢0 TOVS ECOTEPIKG, KO EPOTTOVIOL TV
TAEVPAV TOV TETPAYDVOV. Now VToLoYI-
00¢l, ¢ aVVAPTHON THS TAEVPAS O TOV TE-
POYWVOL TO EUPAIOV TOD YWPLOD TOV TrE-
PIKAEIETOL OO TOVS TECTEPIS KOKAOVG.
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5. 210 kvkdiko oikomedo oxtivac R = 40m,

TOV TOPAKATOD TYHUOTOS, TO EYYEYPOUUEVO
TETPAYWVO EYEL TO UEYLOTO OVVATO EUPOOOV
KO TIPOKELTOL VO TAaK0TTpwOel. 2T0. téooe-
Po. KOKAIKG. TUfuaTo. Bo. toroBetnBody 16a-
PIOUES KOKAIKES YAAOTPES UE TO UEYIOTO OV-
Voo eufodov exiong, eva to vwoloiro Oo
putevlel e yrolov. No fpebet o sufadov:
i) Tov uepouvg mov Ba. wharootpwet,
ii) Tov uépovg wov o kaddmrovy ot yAd-
OTpES,
iii) Tov uépovg mov Oa. putevbet e YKo lov.

. 270 dimAavo oynuo 1o
TETPAYDVO EXEL TAEVPC,
o=50m.

Na ppebei: i) to eufa- %\ /g
OO0V TOV EYYEYPOUUEVOD -

KOKAO, i) T0 EUPOOOV KOOEVOS 0O TOVG
TE0TEPIS KOKAODS TTOV EPATTOVIOL ECWTE-
PLKG TOV TETPAYADOVOD KOl ECOTEPIKG. TOD
EYYEYPOLUEVOD KDKAOD.

. Na Ppebei n pikpotepn ywvia wov aynua-
TI{0VV 01 TPOEKTATEIS TV TAEDPDV EVOS
KQVOVIKOD OEKOTEVTOYDVOD.

. Ocwpodue nuikvriio orouétpov AB koi
onueio e I. Metofinty nuisvBeio I'x
kaletn oty AB téuver to nuikdriio oto
onueio 2. I[lavw oty I'x waipvovue onueio
M, dote vo ioyber AM® = 2457 kou pé-
povue evbeia kabetn otnv AM oto M, mwov
éuvel ™y poéktach e AB oo A. Tote

i) va amooeilete ot1 AA = 24B,

ii) va Ppeite 10 YeWUETPLKO TOTO TOV G-
ueiov M, kaOag n nuucvbeio I'x peta-
fdleta,

iii) va amodeileTe 0TI TO UNKOS THS YPOu-
UNS mwov ypapel to M 1000tal ue to
UIKOG TOD NUIKVKALIOD O10éTpov AB.

9. Aivetau quirdriio orouétpov BOI = 2R,

toyaio onueio Tov A kot o uéco A tov 0-
fov BA.

i) Av g, &, eival to gufadd twv K-
KAlK@V TUnUaTOY TV Yopdmv Al
AB avtiotoya, vo amodeilete Ot
e, — &, = (OI'4), émov (OI'4) 10 eu-
Sadov tov koklikod touéo. (01?1 ).

ii) No amodeilete o1 0 uéyiotog KdKAog
OV EYYPOYETOL GTO KOKAIKO TUNUO.
yopong Al (onlaon Ppioketar oto
EOWTEPIKO TOV KVKAIKOD TUNUOTOS
Kl EQATTETOL 0TO TOCO KOl T XOp-
on), eival ovTOS TOV EPATTETOL GTO
Héao e yopong Al

iii) Eotw EE, 10 ufodd twv uéyiotwv
KOKAWYV TV EYYEYPOLUEVOV OTO. KO-
rhia tunuoza yopowv Al AB avti-
e

7R’
o) No. arooeiete ott E; + E, < 7

B) Av BA = 120°, vo. amodeicete ot
7R’
E, + (7+4~/3 )E, = e

10. Ao ioo1 korlor us kévipo. O kou O' avri-
e P

aroryo epdmrovial eCwtepika oto A. Dé-
pouve 0vo axtives OB ko1 O'B' mopdiln-
Ae¢ uetadd tovg kai oto 010 NUIETITE)O
w¢ mpog v 00", Karaokevalovue eCw-
TEPIKA IO TOVS OVO KOKAOVS TO NUIKD-
w10 drauétpov BB'. Na amodeilere oti:

i) (OAB) = (OB?lQ omov A’ o avtidia-
uetpiro tov A orov O,

ii) (OAB) + (O'AB’) = (O'A4),

iii) (OAB) + (O'AB’) = (KBB'), 6mov K
70 uéoo tov BB/,

iv) 10 EUPAOOV & TOV KOUTVAOYPOUUOD
oynuaroc ue whevpéc ta tééa AB,
BB' kai AB' eivau igo pe 0 gufadov
o0 apalinloypiuuov OBB'O'. Av
ta B, B' kivodviar wovw otovg k-
Klovg, wote o1 aktivec OB ka1 O'B’
VO, OLaTHPODV TIG OPYIKES LOIOTHTEG,
o¢ moia, Béon twv B, B' 10 gufadov ¢
yivetal péyloto;
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IXTOPIKO XtHMEIQMA

Ta pn emAUCIPA YEWHETPIKA
npofAnpata tns apxaiétntas

Tov 50 at. dtatvddnkav oy apyoio EALGSQ
Tpio TpoPApoTe Tov EUEALE Vo YivOUV TOGTYV®-
oto. [Ipéxettor yio To TpOPANUa Tov dmhacta-
GOV TOV KOPOL, TNG TPLYOTOUNGNG YOVING Kot
TOV TETPAYOVIGHOV TOV KOKAOV. H 1otopia Tmv
TPOPANUATOV ALTAOV Eival TOAD peYaAN. Apkel
va okeQTEL Kaveilg 6Tt Ta 000 TpdTa AVONKAY
oTIG apyéG LOVOV TOV TEPAGUEVOD OOV, EVA TO
Tpito oto TéAN Tov. ATodeiyOnke 6T Kot o Tpiot
TPOPANLOTO OEV EIVOL ETIAVCLUN LE TO LEGH TTOV
opilovtar ota «Xtorygion tov EvkAeion, onAaon
pe kavova kot dwafnn. H iotopikn onpocio av-
TOV TOV TPOPANUAT®V GLVIGTATOL GTO OTL TOV
01 TPMTEG AMOdElEELS U] EXAVGILOTNTAG GTA
podnpoticd. Amodeiydnie 6Tl OPIGUEVES KOTO-
OKEVEC NTOV 0dVVATOV VO, TPoyLatomomBodv pe
opopéva LEGO (TOV Kovova Kot To dtaprtn).

O dwmhaoracopog Tov Kvpov. Av cupfolicove
HE o TNV aKUn evog kKOPBov, ToTE TO TPOPANLL
TOV STAOGIAGHOD TOL KOPOL GUVIGTATAL GTO VO
Bpebei n axun kOPov oL va £xel OYKO SITAUGLO
amd o dedopévo kO Po, dnaadn (nteitan vo Bpedet
70 péyedog X, Yo T0 omoio v toydel X° = 20’ H
TPOEAEVOT| TOV TPOPALTOG eV Elvat 1GTOPIKE
e&axpPopévn. Zopeava pe Evav Opvio Tov ava-
oépet o [Thovtapyoc, To TpdPAnua t€n og éva
XPNOUO TOV ATOLTOVGE AO TOVG KATOTKOVG TNG
ARLov va SimAaG1LacovV 10 Popd Tov ATOAA®V
TPOKEWEVOL VO GTAUOTNOEL 1] EMON QL OV Elye
eEamhmOel oto vnoi. I avtd ovopdaleton ko A7-
Ao wpofinue. O TPMTOG TOL TO PEAETNGE NTOV O
Inmoxpdtng o Xiog, mTov T0 aviyoye otV g0peST
000 HECOV aVOAOY®OV GE GLUVEYN AVOAOYio LETO-
&V 600 doouéEvev peyebmv, OnAadn oty gVPEST
, , . , o_x_ Y
o000 peyebav x, y, T€T010V, O0TE — = — = —7—,
x vy Za
Apyotepa, o Apyvtag o Tapavtivog £de1&e 6TL TO
péyebog x pmopet va Ppebdel wg Topn, EVOg KOVOL,
£VOG KUAMVOPOL KOl TNG EMPAVELNG TOV AoUPd-
VETOL OO TNV TEPICTPOPT] LLOG TEPLPEPELOG TTEPT
TNV EQATTOUEVT] TNG, ONA. TNG EMPAVELNG «Kpi-
Kovy (torus) undevikod avoiypoatog. H Adomn tov
Apyvta amodeikvoe TNV vapén dVo PEGHV ava-
AOY®V PETOED dVO OLWVONTOTE HEYEdDY, ®GTOGO
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N 1€B0SOG Tov EEPevye o ToL Kabepwpéva péca
TOV KOVOVOL KOl TOL Stofnn.

Ot petayevéotepeg ovalnTnoes GTPAPNKOY GTHV
€0PEON EVOAALUKTIKOV TPOTMOV KOTAOKELNG TOV
HEGOV aVOLOY®V T®V 300 dedopévmV pLeyedmv
7OV OITOLTOVVTOL 07O TNV avaroyio Tov Itmokpd-

™m:
oy = x” Kou xy =a(2a) iiyz = (2o)x

H xotackevn 1oV GUVTETAYUEVOV TOL GNUEIOV
TOUNG TOV dVO QVTAOV YEMUETPIKAOV TOTMV diveL
N Aon tov TpofAnuatoc. Ouwmg n perétn té-
TOL®V TOT®V OV NTOV OTAO TPAYLLOL GTNV OPYOL-
omta. [pdta an’ 6Aa Enpene va amoderydel Oti
01 OOt o Tol NTAV GLVEXELG KOUTOAES, TPOKEL-
LEVOL Vo LA GOV pE Yo onpeio Topng. Movov o
Mévarypog (8e0TepO NUGL TOL 40V 01.) HTOPECE
VO TOPOGTNGEL TOVS TOTOVG GLTOVG OG EMIMEDES
TOUEG KOVOV €K TTEPLOTPOONG. Eivarl mbavo o
OTEPEOUETPIKOG OVTOC TTPOGIOPIGHOG TOL CNUEL-
0L TOUNG, OTIMG KOl GTNV TTEPITTOGT TOV ApyDTO,
va éronle poro amddeléng g vmapéng Ko g
GUVEYELOG TV VIO UEAETT) YEOUETPIKDV TOT®V.
Ot apyaiot EAAnveg avtipetdmioay 10 TpoPAn-
Lo TOV SITAAGIAGHOD TOV KVBOV amd S1dpopeg
okomiég. O Evtokiog avapépetl mepi tig 12 mpotet-
vOueveC AoELS. ATtO TIC AVGELG AVTEC OPLGUEVES
elvau unyovikég, 6mmg .. tov Epatocsdévn (3o¢
at. 1.X.) Tov Tpaypatonoleitot pe tn fondeia
eVOG UNYAVIKOL 0pYavVOL, TOV «LEGOALBOVY, 1
1N Aon mov amodidetar otov ITAdtwva. AAleg
TEAL YIVOVTOL LLE TNV E1GAYOYT] VEQV KOUTVADV,
OT®G 01 AVGELg Tov AtokAN Ko Tov Nikopundn,
OV TTPOyHaTOTOtovVTAL pe TN fondeta Tmv ge-
POVOLOV KOUTVAGV. TTdvTmg puéypt tnv emoym
tov Evkeidn (téAn tov 4ov ot.) mpémel va elye
edpowbei n mwemoibnon 6T T0 TPOPANLA TOL O1-
TAOGLOGLOV TOV KVPOV deV €ivol ETAVGIULO pE
Kavova kat 6. H tpot tpoonddeia va
amodelydei n U EMAVGIULOTNTO TG EOIKNG TTEPT-
ntwong KuPuic eéicoong x° + 2x° + 10x = 20,
pe tn Pondelo TOV TETPUYOVIKGOV 0pPATOV TOV
Bipriov X tov «Ztotyeiovy tov Evkieidn, €yt-
ve amd to Agovapdo g [Tilag. Metd and avtdv
TEPAGAV TETPAKOGLO TEPITOV YPOVIO LEYPL TTOV
0 NTeKAPT v SL0TVTOGEL TO YEVIKO KPLTHPLO
EMAVGIUOTNTOG oG KVPikng e&icmong: ot pileg
paG KuPikng e&lomong e pntovg GUVIELEGTEG
umopoHv vo Kotaokevashodv e Kovova Kot
dwaPnrn, 6tav N e&lomon givor avaydyun, on-
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Ladn €xel tovAdyiotov pio pntn pia (o Ntekdpt
vébete OTL OAES o1 pilec elvon Tpaypotikég). To
1637 dwutvnmwoe v vdOeoT OTL 1] KATOCKELT
TUNUATOG {60V pe 3/5, dMAadn g Aong g
e&lomong x° = 2a’ ywo o = 1, dev eivon Suvarh pe
Kavova Kot oo Tn. Opog ™ un emAvoipdmma
TOV TTPOPANUATOG TOV SMAAGIOGHOD TOV KOOV
pe Kavova kot dtafntn anéder&e to 1837 o 11.
Bavtoeh (Pierre Laurent Wantzell, 1814-1848).
H tpryotépnon yovieg. to npoéfinua avtd {n-
tetton va drnpedel o yovia o€ tpia ica pépn.
ZUVOQOGUEVEG e TN ADOM TOV TPOPAUATOG
aVToV gtvor M epappoyn awd Tov Apyndn g
neBodov ™G vedong KoL M EIGOYMYN HING VEOS
KOUTOANG, TG tetpaywvitovoag. H pébodog g
vevong cuviotatal 6TV TotoféTnon evog evbv-
YPOULOV TUNHOTOG OPIGUEVOL HKOVG HETAED
300 030UEVAOV YPOUUDV £TC1, DGTE T (KPOL TOV
£VOVYPULLLOL TUALOTOG VO, BpioKoVToL TAV® GTIg
YPOUUES KO TO {010 TO TUALLOL 1] 1] TTPOEKTOCT] TOV
va SiépyeTon amd dEG0UEVO OMUETD.

O dedopéveg ypappég mov e&gtalav ot apyaiot
veouETpeg NTav cLVHOWG 1 gVbeia Ko 1 TEPLPE-
peto. Qo616G0, av Eva TPOPANIA ADVETAL PE T
uéBodo NG vevong, TOTe 1 PHGN TOV TPOPATLLO-
TOC TTOPOLEVEL 0GOPNG. AV TO EVOVYPOLLO TUN LKL
KIWVELTOL £TG1 MGTE TO VA AKPO TOL Vo BpiokeTon
o1 pio amd TIC OEOOUEVES YPOUUES, EVO 1) TTPO-
£€ktaor] Tov diépyeTan omd to dedopévo onpeio,
TOTE TO deVTEPO dikpo O ypduyet kapmoin (K). H
gpappoyn g Hebodov g vevbong 10odVVaLET
LLE TNV EVPECT TOL GNUEIOL TOUNG TNG KOUTOANG
(K) pe tn devtepn dedopévn ypopun. Opwgn
1éB0d0g g vehiong dev divel kapud TAnpopopio.
v T @Oon g kapumoing (K), n onoio pmopsei
va gtvor oA, 1 apKeT moAVTAOKN. Towg yia To
AOY0 avTd 01 apyoiol YEOUETPES ATEPEVLYOV TN
pnébodo o).

I
(
/
E | AUA
Yxhua 1

H tpryotounon yoviog pe t pébodo g veo-
on¢ yivetal og e&ng: 'Eoto 1 yovia ABI = 3¢
(oy.1) mov mpémetl va dronpebet og tpia ioa péEpN.
Ipapovpe kbxho kévipov B, kot mpogkteivov-
pe v AB mpog v GAAN peptd and to k€vipo

METPHZXIH

B. Meta&o g evbeiog BE kot tov kdKAov 10-
mobetovpe to Tupa EZ punkovg R, étol dote
N TPOEKTAGT TOL Vo diépyetan omd to onueio I
(to onpeio toung g mhevpdg BIT pe tov kbKA0).
Tote ZEA=1/3 TBA.

Tov 50 at. n.X. o In-
niag o HAglog e1om-
YOYE LE KIVIHLOTIKO M

oplopd pio véa xo-
umoAn, TV omoia o /\Q

Adpmvitg ovopace
apyoOTEPQ TETPAY -
vidovoa. Eoto 011 T0,
tunpota OA kot AB
(Zyx. 2) apyilovv va
Kvovvtot tovtdypova, dote 10 OA va mepioTpé-
petor tepi To O opodpopPa KOTA T POPA TV
SEITMOV TOL POAOYIOL Kol To AB va katépyeton
OLOLOLOPPA TOPOUEVOVTOG TOPIAANAO TTIPOG TOV
€0TO TOV, UEYPLS OTOV TOL SVO TN UOTO VOL KOTO-
Mm&ovv ot Béom OI Tavtdypova. O yemUeTpKog
TOm0o¢ TV onueiov Topng M tov 600 TUMUdTOV
yYpapeL TV TETpayviovca. ATd Tov optopod TG
KOUTTOANG TPOKVTTEL AEST, OTL OL TETOYUEVEG TNG
KOUTOANG vl avaA0YES TOV aVTIOTO WV YOV
@V yy, = 0:9,. Me ) Bonfeio g idrog Kopmo-
NG pmopet va ABet Kot To TpOPAN L TOL TETPOL-
yYoviopob tov kbkAiov. Tov 100 at. o Oapmit [pmv
Kovppa otnv mpaypateio tov «Ataipeon g
opOng Yoviag og tpia ioa uépy, akoAovdmvtog
TNV TapAdooT] ToV Apyunon, avayet To TpoPAn-
[ og KoTookeun pe tn Pondeto tng vedong. X
pecatovikn Apapikn ypappateio exrygipeiton
1 GVVIEGT TOV TPOPANLOTOS TG TPLYOTOUNGNG
yoviag pe v dAyefpa kot TNV Tpry@vorETpia.
To 150 a1. 0 aA-Kaoi otnv amoiecbeica «Ilpay-
poteio mept xopOdNg Kot NUITOVOLY TPOTEIVEL Lo
TPMOTOTLTN OVASPOLIKN LEBOSO Yl TN AVGN TNG
e&lowong g TpoTOUN oM YOVinG, OnNA. TNG KL-
Buchic eElcwong TS HopeRG X° + q = pX, Omov
X =nue, p=3/4, q= (1/4u3¢. H pébodog tov
aA-Kaoi pog eival yvoot and v «Ilpaypo-
tetoy Tov aA-Poopt (1406-150g at.) ko ta. oo
tov Mipit Togkepni 6ToVG AGTPOVOIKOVG TiveL-
Keg Tov OVAOVYKUTEK.

I

1o éAn Tov 160V at. 0 @. Bt 610 «Zvuminpo-
po g Neopetpiogy anédei&e 61 Avon onolac-
dnmote kuPikng eicmong odnyel site o€ vedon
glte o€ TPLYYOTOUNOT YOViAG, Kot Le TN Ponbeia
TPLYOVOUETPIKOV PECWOV BpnKe Tn ADoN TG K-
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FrrEQMETPIA

Bung e€lomong ot AEYOLEVT «LUT VOLY DY
nepintoon (o 6poc avtdg elonyOnke and Tov
Koapvtavo yio va, vmodnADoeL TV TepinT®or mov
N KuPun e&lomon £xel TPELG TPOAYHOTIKEG ADGEIG
oL epeovifovtol g ABpotopa 1 S1popd TV
aplBpdv Tov orjuepa ovopdlovpe pryodkong).
O Bt yvopile eniong t1g alyefpucég e&lomoelg
OV OVTIGTOLYOVV o711 dlaipeon yoviag Oyl Lovo
oe tpia, 0ALG Kol o TEvTe N enTA {0 PEPT.
[Mpdtog o Ntekdpt 10 1637 e&éppace T yvo-
un 0Tt 0 Kavovag Kot o StafMng etvort avemopkn
Yo, T ADOT) TOV TPOPANHOTOG AVTOD OTN YEVIKN
nepintoon. Ouwg ohokinpopévn omddeién g
vdOeong Tov Ntekdpt d60nke poévov to 1837
and tov I1. Bavtoeh.

O teTpaymviepog Tov kokiov. To TpdPinpa
TOV TETPOYDOVIGLOV TOL KUKAOV GUVIGTOTOL GTIV
KOTOGKELT TETPAYDVOL 1000VVALOL LE OEG0LE-
vo K0KAO. AV TO TPOPANLO TOV SITAAGLOG OV
TOV KOBOL KoL TNG TPLYOTOUNONG YOVIONG avaye-
Tol o€ TpOPAna Aong kuPikng e&lowong, 1o
TPOPANLLOL TOV TETPAYOVIGHOD TOV KUKAOL OVEL-
YETOL GTNV KOTOGKELT] EVOG TULOTOG 160V e
7. O Inmokpdng o Xiog mpoomddnce va Adoet
TO TTPOPANLO OVTO LLE TOV TETPAYOVIGUO PNVi-
okwv. O Itmokpdtng Ppnke tpia €idn Té€T010V
unvickwv. ‘Evog amd avtovg gival o pnvickog
OV TEPIKAEIETAL ATTO TO TETOPTOKVKALO BAT kot
TOV MKVKAIOL e ddpeTpo T xopdn Al (oy.3).
To epuPadov tov punvickov avtov givar 1o pe 10
eupadov tov prydvov ABT. H 1otopia tev pnvi-
oKV gtvar apretd peyain. To 1840 o Kidovlev
Bpnke dAlovg 600 pnviokovg, aAAd To 1930-40
ot Pooot padnpotikoi N.I. Togumotaptoe kot
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0 A.B. Ntopovtvoo,
YPNOCLOTOIDVTOG [LE-
0600v¢ ¢ Bempiog
I'calovd, anéder&ov
OTL VTAPYOVY TTEVTE
€101 unvickov aArd
KOVEVOG 08V TETPOLY M-
viCel Tov KOKAO.

A R B

O 1eTpayovicog Tov KOKAOL gival Guvvea-
GUEVOG e TNV aplOunTiKn eHon Tov aptpov
n. Baoilopevog ot Bewpio 1oV avoroyidv Tov
Evd6&ov kat kavovtag xpron g pebosov g
e&avtinong o Apyiundng oto épyo tov «KvkAov
UETPMOT» ATOSEIKVIEL OTL TO EUPUIOV KOKAOV
glvat 16080vapo pe o gpPaddv opboydviov tpt-
Y®VOL, 1 Hio kGBETOg TOV 0moiov giva 1 aKTiva
NG TEPLPEPELOG KO 1) GAAN TO PUNKOG TNG TTEPL-
pépetag. Avtd divel ™ dvvatdtnrta vo avoryOel
7O TPOPANLO TOV TETPAYDOVIGHOD TOV KUKAOL
GTNV €VPECT] TOV UNKOVG TNG TEPLPEPELNG. LTOL
€\ tov 180v at. o I. Adumept xor o A. Aeld-
vip amédelgav 6TL 0 T givan appnrog. MoOAG o
1882 o Aivtepav (K.L.F. von Lindemann) kot o
¥. Eppit (Charles Hermite, 1822-1901) anédet-
Eav 011 0 apBdS T etvon vrepPaticds, OnA. dev
wKovormotel kapd odyefpikn e€lomon pe aképat-
ovg ovvteheotés. Katd ocvvéneia, To mpofinpa
TOV TETPAYOVIGLOV TOL KVKAOL dgV Umopet va
avaydel oe alyePpucn e&iocwon). To Bedpnpa Tov
AVTELAY OTOSEIKVIEL TN U1 ETAVGIUOTITA TOV
TPOPAUATOS TOV TETPOYOVIGLOD TOV KOKAOL e
Kovova Kot Stoin.




KE®DAAAIO 11. METPHTZIH

Kavovikd
TOADY@VOL

KYKAOY

METPHZH KYKAOY

Oeg o1 TAeLPEG KO O YWVIES TOV 1GEC.
Eyypbéyipo kot meptypdyipo oe KOkAo
A’ 1
2 v 2
av+_:R 9Ev:_Pv 5 Pv:V
4 2 .

180 gge 300
v v

> @

Kavovikd moAdywva pe to id1o minbog mievpov gival dpota

ANAKEOAAAIQTIKO AIATPAMMA

Kvkhog

v

3

4

6

RA3

RA2

R

a,

R
2

RV2

2

RV3

2

Mnjkog kbkiov: L =2nR

nRp
Mnkoc t6éov: £ = ——=0oR
1Kog T0& 180

Eppadov kukhikod dickov: E =nR’

2
nR u:ia
360 2

Eppaddov kukiikod topéa: (OAB) =
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«dradoyilouevog
Adorxaiocy
M. I'katloovyg
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KEOAAAIO 1 2

EYOEIEZ KAI EMIMEAA £TO XQPO

210 ke@dAao avtd divovion Pactkol opiopol Kol aELOUOTO TOL SIETOVV TN YEOUETPIK TOV
ADPOV Ko PEAETOVTOL PACIKES OYECELS LETAED TV BepeM®ODY GTOLXEI®Y TOV YDPOV.

Maurits Cornelis Escher
(O2davoog, 1898 - 1972),
«Kopfixn dwaipeon ywpovy.
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IHMEIQXH

H ovouaoia evog emimédov e to
YPOUUO. TT OEV TIPOKALEL alyyvON
YLOTL OO TO KEWWEVO YIVETOL PO~
VEPOD OTI OVOPEPOUO.TTE OE ETL-
medo kai oyt arov apifuo w. O
op1uog T ovviBag eupavietal
o€ OYETEILS.

EFPX] Eicaywyn

O yemUETPIKOS YDOPOG EYEL TPELS OLUGTACELS, UNKOG, TAATOC
KoL VYog Kat ekteiveTan aneploplota o€ Kabe Katevhuvon,
EVD TO EMMEDO, TOV UEAETNOAUE £WS TOPO, EXEL OVO dOCTA-
o¢elg. O yopog meprrapfavel OepeAmon yeopeTpikd ototyeia
—onueto, gvbeleg, eninedo— aAld Kol TO TOAVTAOKA GYN-
pata, to oroio oynuatiloviot amd aTa 1 TUNHOTO VTOV
Kot AEYOVTOL GTEPEG GYNLLALTO Y10, VO AVTIOICTEALOVTOL OO
ta. eninedo oynuoto (oy.1). Eva oteped yempetpikod oynuo
umopet va givol TETEPAGUEVO 1) ATEPLOPIGTO, VO KOATOAOLL-
Baver 6yko N Oyt (oy.2) ko va oynuatifeTotl amd Tuqpata
evheldV Kot emmEd®V M va givor axdpa o tepimAoko. X1
endpeva KeQAlona Bo LEAETIGOVLE GY LT TOV YMDPOL KO
T1G 110N TES TOVG. To GHVOLO QVTOV TV 1010THTOV AEYETOL
T'souetpio Tov Xopov | Lrepeouetpio. To oyfuato Tov
YDPOV TOPIGTAVOVTOL GTO XOPTi Yio va vtofondeitat 1 go-
vtaoio pog. ‘Etot, 1o eninedo, og ameplopiotn empdveta,
VM dgv Umopel va yopEGEL GTNV ETOAVELD TOV XOPTLOV,
TOPLOTAVETOL LE EVOL TUPOUAANAOYPALLLLO, ONAAON LE Eval TTE-
TEPACUEVO TUNO TOV KOl TO ovopalovpe pe éva and to
terevTaio KpA Ypappote Tov aAeapntov, T.y. T, G, T, KTA.
(e OeiKTEG 1) TOVOLS EVOEYOUEVMG), TTOV CNUEIDVETOL GE pia
amd TIG YOVIEG TOL TOPUAANAOYPALLLOV.

Emedn 1o eminedo eival vwooHvoro tov ydpov, ota adlo-
LaTO TOV YDOPOL TEPIAAUPEVOVTOL TO AEIOUATO TG YEDLLE-
Tplog TOL EMTESOL KO EMOUEVOG, Ol TPOTAGELS TTOL 1GYVOVV
670 €MIMEDO 1GYVOVV G€ KAbe emimedo Tov Ydpov. [ToAAég
WBOTNTEG TOL YDPOV TPOKLITOVV, AV BE®PCOVLE TO YDPO
WG EMEKTOOT TOV EMTEIOV KaTd pio ddotaocn. [a mapd-
deypa, 1 TPOTAGT: «GTO EMMESO VILAPYOLY ATEIPES ELOEiEC
7OV O1EPYOVTOL OO VO ONUEIO» EMEKTEIVETON GTIV TPOTOOT:
«OTO YMPO LILAPYOLV ATEIPQ EMTESDL TTOL OLEPYOVTOL AT Ll
gvbeion. Avtd yivetar aueca eavepd av Bempnioovpie oe Eva
eninedo (oy.3) evbeieg mov diépyovtar amd To 1510 onpeio ko
uetaxwn et 1o eninedo «mapdAinio otov eovtd Tovy. ToTE,
o1 gvbeieg ypagpovv enimeda diepydpeva amd v gubeia mov
YPAPEL TO KOO onueio Twv VBEIDV KATA TN peTaKivnon.

H minpng kotavonon, U, TG veng TV YEMUETPIKOV GTOL-
yelwv, 01 1010t TEG Kot 01 GYEGES LETAED TOVG TPOKVITTOVY
£UUESO., OO TIG TPOTAGELS TTOV OTTOOEIKVOOVTOL GTO EMOUEVAL.

>10 oy.4 maploTdveTal va eninedo mov cupforiletar pe TO



KE®AAAIO

172. EYOEIEXL KAI ENINEAA XTO XQPO

yphupa 6 Kot Tave og autd Eva onueio A ko pio gubeia €.
Av ko AETOVUE £vo TETEPAGEVO oYU, Oa Bewpovpe To
EMIMEDO MG AMEPLOPLOTI EMPAVELCL.

O yemueTPpIKéS KATAGKEVES GTO YDPO £XOVV SLOPOPETIKY|
£vvolo oo QLTIV TOV KATAOKEL®OV 6TO Minedo. Ed® dev ev-
VOOUUE HOVO TIG KOTOOKEVEG YEMUETPIKAOV GYNUATOV LE TN
BonBeta Tov Kavova kot Tov O TN, AAAN Kol TOV TPOGO10-
PIGHO TOV CUEI®V TOV YOPOL MG TOUN YVOGTOV GYNUATOV,
.Y TOU] 000 gVOEIDV 1 TPLOV EMTEI®V, TOV TPOGOIOPICUO
uag gvbeiog amd dvo yvootd onueia 1 g Toun 400 Yvo-
OTOV EMITEOMV KO TOV KAOOPIGUO EVOC EMUTESOV OO dVO
TepvoOLEVEG evbeiec N e OTTO1OVONTTOTE GAAO TPOTO Pmopel
va Tpocdloptobet Eva eminedo. AnAadn, Lo KATOUGKELT GTO
YOPO lvar voytij dradikacia.

IXeUKés OEoels euBeIV Kal ENINESwWV OTO XWPO

EF¥] H £vvoia tou eminédou
Kal o kabopiopds tou

Mia Tpotapykn omaitnon, n onoia kabopilet tn BEon kot
™V VTOPEN VOGS EMTESOV GTO YEMUETPIKO XDPO, Eival TO
e€nec a&ilopa:

Tpia onpeia mov dgv givar cvvevderaka opilovv éva po-
VOOIKO emimedo.

Av A, B ko I” efvon tpia un cvvevBetaxd onpeia, 10t ovtdl
opilovv povadiko eninedo (oy.5) kot Oa To svuPorilovpe
ue (A, B, T).

Agybpoote eniong To eTOUEVO ASIOUOTO.

AZIQOMA I

Yg KGOg emimedo VIAPYOVY TOVAGYLGTOV TPio onueia un
ovvev0eloKd.

AZIQMA I

Ynapyer TovAd)rotov £va onpueio Tov dEV VIKEL o€ O¢-
oopévo enimedo.

To onpeio Ko YEVIKOTEPA TOL GYNUATO TTOV OVIIKOLV GTO 1010
eMimed0 AEyOVTOL GoVETITTEDA.

117



EYKANEIAEIA TEQMETPIA

118

AZIQOMA IV

Avo onpeia gvog emmédov opilovv gvbeia, Ta onpeia TG
070i0.g OVIJKOVV OTO ETITEDO.

AALot TpoTOL Yo Tov KaBoplopd ¢ BEong evog emmédov
GTO YOPO ditvovian amd TIC aKOAOVOES TPOTAGELS:

MPOTAZH I

Mia gv0eia kon £va onpeio, Tov dev avijkel oty gvbeia,
opilovv éva emimedo, 6TO 0TOL0 AVIIKOVV TO G UELD KoL 1)
gvleia.

Av B ko I' gtvor 600 dtopopetikd onpeio otn doopévn evbeio
€ (0y.6), T0te T oMueia A, B ko I, ¢ un svuvevbeioxd, opi-
Covv éva emimedo (A, B, I') ot0 omoio avrjkovv 1o onueio A
kot 1 evbeia BI apov dvo onpeia g gubeiog aviovy cto
eninedo. To eninedo awtd ivan aveEdptnto amod to {evyog TV
onueiov B kot I' mov emhéEapie mdveo oty gvbeia €, 010TL av
B’ xon I efvan dvo dAla onpueia g €, T0T€ TO £minedo (A, B/,
I'") mepiéyer v evbeia €, dpa ko ta onpeio B ko I

To emimedo mov opileton amd To onueio A kar v gvbeia €,
7oV dev mepPtExeL to A, cupuPoriletarl pe (g, A).

MPOTAZH II

Avo Tepvopeveg gv0eieg opilovv éva eminedo 6to omoio
OVIKOLV.

‘Eoto A 10 K0v6 onpeio Tov 600 TepvOopevmY V01DV € Kot
g’ (oy.7) xou B, I' onueio tov eubeidv € kot €' avtictorya.
Tote, Ta onueio A, B ko I' opilovv éva eninedo, oto omoio
avrkovv ot gvbeieg € ko €'. To eminedo avtd dev eEaptdTan
and ta onueio B kot I 01011 av emiéovpe d0o dAla on-
ueia, o B kot I tov eubeumv € kot € avtiotoya, 1o eninedo
(A, B'T") mepiéyer tig evubeieg € xon €', dpa ko to onueio B
kot I Emopévag, to eninedo mov opiletat amd dvo tepvope-
veg evbeieg etvar Lovadko.

To eninedo mov opileTar amd TIc TEUVOPEVEG £V0EiES €

Kot €' oopPoriletran pe (g, €').

Enavaiapfdvovpe d® tov 0ptopd Tomv mapaAinioy vdet-
@V, TOL GLVOAVTICOUE GTN YEOUETPIO TOV EMTEIOV.
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Opiopods
Avo gvBgieg Aéyovtar mapaiinieg 0Tav givar cvvemi-
TEOES Kal O€V TEPVOVTONL (0Y.8).

Apeom cvvémeia Tov opiopov givat To akdAovBo mopiGaL:

Avo mapdrinieg evbeieg opilovv éva eminedo, 610 0mOi0

OVIKOLV.
E Epwthoeis Katavéonons 3. Aivovrar 000 teuvoueves svleies € ko €'
> 1. Tiemopaveio wopdyer pio gvbeio wov oli- ka1 onueio A extog avtrv. Tlag Oo eléy-
< oBoiver: Sovue av t0 onueio A eivair anueio tov
é i) oe dvo mapaliniec evbeiec Ko EMTEIOD (€, €'), OmOv & Kt &' OVO TEUVO-
W ii) o€ 000 TEUVOUEVES EVOEIES, EKTOS TOV peveg evbeieg;
] Korvod tovg onusiov, Tati eCoipod- 4. Ti empaveia wopayer uio evleio wov Oi-
E LE TO KOWVO anuelo; épyetal amod yvwato onueio A kol Téuvel
g 2. lloiog givai 0 YewUETPIKOS TOTOS TV EV- evbeia g, mov dev mepigyel to onueio A.
Oercov wov opiloviar omo 0Do JLaPopETIKa. 5. Iloca eximeda opilovv tpio onueio Tov
ONUELD. EVOS KDKAOD; Ppiokovrar oty idia evbeio,

ANAKEOAAAIQXH

* Ov0 tepuvoueveg evbeiec M
* dVo mapdAinieg evbeieg.

Mia guBeio avikel o€ €va enimedo, av Kot HOVo av dVO CTUEiN TG OVIKOLY GTO EMITEDO.
"Eva eminedo Oewpeitan dedopévo, 6tav divovrar:
* 1pio onueio mov o€ Ppiockovtal oty 1010 gvbeio N

* puia gvbeia kot Eva onpeio OV deV AVNKEL G’ LTV 1

B
A/ A r

11,

I,

Yxnhpua 9

KPE] ixeukés Oéoeis euBeiddv Kai eninéSwv

» IxeukKés Oéocis SUO0 enNédwv

AZIIOMA V

Ka0¢ eninedo yopiler Ta onueia Tov y@pov, Tov dgV avi}-
KOVV 6€ 0010, 6€ 000 eproyés EEveg neta&H Tovg.

Onwg givar yvooto, éva eninedo ympiletar and pio evbeio
TOL G€ OVO NUETITEID TOV £YOLV MG TOUN TNV VOl oV TN.
Kat’ avoroyia, o xdpog ympiletor amd éva eninedo, mov Aé-
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YeTo apyiko exinedo (6).9), o 600 yuiyawpovs I1,, I1, mov
£€yovv ¢ Toun 1o eninedo avto. Kdbe dvo onueio mov dev
aVAKOLV 670 T Kot Ppickovtal 6Tov 1010 nuydpo opilovv
guBuypappo tunpe Tov Ppioketat £ OAOKANPOL GE AVTOHV
TOV NUY®OPO, T.Y. T TUUa AB (0%.9). Av éva onueio avrket
GTOV £VOV NUYDOPO Kol TO AALO onueio oTov AALO, TOTE TO
evBvYpappo Tunpa Tov opilovv ta dHo avTd onpeio TEUVEL
TO OPYIKO EMMEDO GE £val GNUELD HETAED TV AKP®V TOL, T.X.
o A" tépverl to m 610 A (0%.9).

AZIQOMA VI

Av 0V0 JwoKEKPLPEVA EMITED D £YOVV £va KOVO onueio,
T0TE TEPVOVTAL 6€ pia gvbgia, mov TePLEYEL TO onpeio.

Opiopos |
Av0 €MiTED O TOV OEV TEUVOVTUL AEYOVTOL TAPdiinia.

To a&iopa VI pog Befardverl 01 600 enineda dev pmopel va
€yovv éva LOVo Kovo onueio. Av Exovv €va Koo onpeio
Ba £yovv pia gvbeio Kowvn mwov Ba diépyetor amd To onpeio
avtd. Onwg Oa dovpe oTNV ETOUEVT TOPEYPAPO VITAPYOLV
emimeda mov 0ev £yovv Koo onueio. Apa, 00O SLOPOPETIKA
enineda gite Téuvovtal o€ pia evbeia gite elvan mapdAinia.

» Ixeukés Ofocels euBeias Kal eninédou

I'vopifovpe oM amd to a&iopa IV 411, av pia gvbeio £xet
000 kowvd onpeia pe éva eninedo, T0TE 1 €VOel0 OVIKEL GTO
eninedo. Eniong, av Bewpricovpe dvo onueia A kot B tov
¥®Opov oL PBpickovral ekatépmbev evog emmédov w (o). 10),
n evBeia AB tépvel to T o€ éva poévo onueio M petad tov
A ko B. A1011 av to €tepve o€ 600 onueia, tOTE N gvbeia
Ba avike oto eminedo. Anladn, vapyovv gvbeieg ToL Y®-
POV TTOL £YOVV £val LOVO KO1VO onUeElo e KATO10 EMimEdO.
To onpeio avtd Aéyeton eyueio Touns g vbeiog Kot Tov
emmedov 1 fyvog ¢ evbelag oto enimedo.

Téhog, Omwe Ba dovE TOPAKAT®, VITAPYOVY £VLOEIEG TTOV OEV
£€yovv Koo onueio pe kdmoto enimedo. ['a Tig evbeieg avtég
€yovpe Tov akdA0V00 0piouo:

Opiopos Il
Mia gv0¢io AéyeTon mapalininy o€ £va, EXiTedo, AV 1)
gvlsio ko To emimedo dgv £ovv KOO onueio.
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e Tote ko 10 eninedo (oy.11) Aéyetar 611 elvor wapdiinio

/ oty gvbsio.

Tnv mapaiiniia gvbeiog € kon emmédov T TN cvppo-
Alovpe pe g//m.

» Ixeukés Oéoels SUo euBeiwV

I'vopilovpe oM 611 dvo gvbeieg ToL YOPOL pmopel va eivon
TOPAAANAEG 1) TEUVOUEVEG. LTNV TOPAYPOPO OVTY| OTTOJEL-
Kvoetat 0Tt vEdpyovy (eHyn eVBEIDY TOL JEV TEUVOVTAL, EVD
dgv etvan TapdAAnAES.

OEQPHMA

Av pia gvbeia € avnikel og €va eminedo T kot gvbeia &’
téuvel 1o T oto onpeio H extdg g €, T0TE dev vIdpyet
eminedo mov va mepEyeL TG evbeieg € Ko €.

€
H/
p= ‘Eocto 0t1 vmdpyet enimedo mov mepiéyet Tic evbeieg € Kou €',
Ag (0%.12), Onradn) mepiéyetl Oha Ta onpeia TG € KoL OA0 TA
onueia g €. Av A xou B glvat 600 drapopetikd onpeio g
s - evbeiog € ko H, H' dvo dapopetikd onpeia g gvbelag €/,

ta enineda (A, B, H) kot (A, B, H') 6a tavtilovtav pe to
eninedo m. Tote dpwg 1 gvbeia €' Ba eiye dvo kowvd onueia
ue to m, To. H xou H', mov givon dromo.

axoua g Andadny, vapyovv (ehyn evBEUBY TOV YDOPOL TOL eV OVI)-

KoLV 670 1010 emimedo. ['a T1¢ evbeieg avTég divovpe ToV
ako6Aovho oplopd:

v |
. Opiouos il
& ; Avo guBgieg Aéyovtan acvufareg, av dgv vapyel emi-
napdhinies EGO TOV VU TEPLEYEL KO TIS HVO.
e T=a . , . . , ]
Enopévac, 600 dtapopetikéc gubeieg Tov yodpov pmopet va
e, glvon wapdiinies, teuvoueves | acvufares (oy.13).
TEUVOLLEVES
& NMAPATHPHZH
-y Onag eivor yvwato, oto eminedo, omd onueio A extog evbeiog € omou-
d To0ue va ayetou povadixy evbeio mopalinin oty e. Avti n mpotoon
10y0elL kou ato ywpo. H povadikn moapoiinin otny & omo to onueio
g’ A Ppioxerou oto eninedo (e, A). KabOe alin evOeio wov digpyetal omo
acvpPareg 70 A Ko Téuvel to emimedo (g, A) eivar acbuforn oy €, abupwva
e o Osapnua.
—
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FrrEQMETPIA

E Epwthoeis Katavéonons 4. Aivovrar o1 teuvoueveg evbeiegc XOX' kou
s 1. Na avayvwpioete otnv aiBovoo dida- YOV kou evleia & aobupory oe avtéc. Av
< okoAlog: i) ovo evbeiec mopalinieg koi M wyaio onpeio e &, va peite my Toun
é 10 emtimedo mov avtés opilovv, ii) dbo ev- twv emmédwv (M, X, X') ko (M, ¥, V).
W Ociec TeuvouEVES, TO ETITENO TOD ODTES , ,
E opz’CovvlLiial /:a Ppeite allres evbeieg mave Anobeikukés AGKNOEIS
T o€ a0, iii) dbo vBsiec aotuParec Kol vor 1. Na amodeilete ot eminedo kar kOKLOG,
E OLOTLOTOTETE OTL OEV DIOPYEL EXITEIO TOD mov eV aVIKEL 0€ OVTO, EXOVY 600 TO
< Vo TEPIEYET KAl TIS ODO Kal 1v) el evbei- oA KOV oneio.
&G ava. 000 acbufoTe. 2. No amodeilere ot tpeig evbeieg: i) ov té-
2. Na ovayvawpioete oty 0ibovoo, o000k LVOVTaL ava. 00O YWpPIS va. dIEPYOVTOL 0o
AMog dvo enimeda: i) teuvoueva, ii) mopal- 70 1010 ONUELD, TOTE EIVAL GUVETITEDES, 1i)
Ania. oV TEUVOVTAL OVa. ODO YWPIS Vo, EIVaL ov-
3. No avayvwpioete oty aibovoa didacka- VETITEDES, TOTE OLEPYOVTOL OTTO TO 1010 ONf-
AMag o16popo. eximedo. kor evBeieg: i) mov ueto.
aVIKODY OE GVTG, iE) OV EVou TOPAIANAES | 3, Aivovrar Sbo aovufateg evbeics €, kai &,
TPOS avTd. 1] 1it) TOV TOL TEUVOVY. ovo onueio A kou B otnv €, kot dvo on-
Aokhoels Epnédwons ueio F xo1 A otny .. Na anqéez’fsre ot o1
1. No katookevaoete evleio mov O1épye- svbeieg AT kon BA eivar aotufares.
01 oo orobepo onueio O kar TEUVEL ODO 4. Aivovrai téooepi evbeieg €, &5, €; KoL &,
otaBepéc aobufares evbeieg. 070 TIG OTOIES 01 £ KO €, EIVOL TOPAALN-
2. Aivoviai tpeic evbeicc aotuforec avi Aeg. No karookevaoete evbeio mov vo, té-
ovo. Na katackevdoete evbeia mov va UVEL KOl TIC TEGOEPIC.
TELVEL KO TIG TPEIG. 5. Na omodeiere ot av pio emimedo téuvo-
3. Na kotaokesvdoete evleio & Tov diépyeTal VIOl ava 000, TOTE 01 TOUES TOVS OLEPYO-
omo onueio A ko téuver evbeia &' kot Ko- VTa1 amo 1o 1010 onueio 1 eivolr moapaiin-
kAo (K) tov yapov. Aeg.

ANAKEOAAAIQZIH

AvYo emimeda pumopel va £xovv:

1. tplo Kowvd onpeia, omote Tavtioval,

2. 800 puévo kowd onueia, omote TEUVOVTAL KOTd TNV gubeia mov opilovv ta dVO avTa
onueia,

3. kavéva kowvd onpeio, ondte givar mapaiinia.

Edv dvo emimeda £xovv €va Kovo onueio, tote TEUVOVTOL € o vOgian Tov TEPVEEL OO

avto.

AYo gvbeieg Tov ydpov umopel va:

1. Tovtifovtol av £govv 000 Kowvd onueio.

Tépvovton av £xovv €va kovo onpeio. Tote opilovv €va emimedo 610 0moio avijKoLV.

Eivor mapdiinies. Tote opilovv éva eninedo 6to omoio avikouvy.

Eitvon acopPateg. Agv €govv kovd onpeio ko dev givar mopdiiniec. Tote dev vhpyet

EMIMEDO TTOV VO TIG TEPLEYEL.

N
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KE®DAANANAIO 12. EYOEIEX KAI ENINDEAA XTO XQPO

H napadfndia kai n kaBgtétnta oto xwpo

EFXA Eu6cies kai enineba napadinia -
Oswpnua tou Oafn

» MNapandndia euBeias kal emnédou

To emopevo Bedpnua Pefoardvel v Vapén evbeldv TOL
elvan TopaAANAEg o€ Eva eminedo Kot amoTeLel KPLTAPLO TNG
TapolAnAiiog evbeiog Kot ETmTESOV.

OEQPHMA |

Av pio gubeia €’ etvon TopdAAnAn og pio vbeia € evog emumé-
d0V T Ko OgV aViKeEL o€ aTo, TOTE £ivon TapdAAnin 6to .

T . Ocwpobpe 600 TapdAinies evbeieg € Ko €' ko T Eva emime-
00 mov TEPLEYEL TNV € Ko Oyt v €'. Ot TapdAinieg gvbeieg
& g ka1 €' (oy.14), opilovv 0 eminedo (g, €'). Ta kowvd onueia
TV emmédV T Kot (&, €') eivan ta onpeia g evbeiog €. Av
N evbeia €' £tepve 1o eminedo m, Ba To £Tepve o€ onueio g
evbeiag €, emopévag ot evbeieg € Ko €' 0g Ba NTav TapdAin-
Aeg, mov giva dTomo.

OEQPHMA I

Av emimedo © téuvel evbeia g, T0TE OB TEUVEL KAOE gVOEia
TAPOAANAN GTNV €.

"Eoto A 10 kov6 onpeio g € kot Tov 7 Kot € eubeio mapd-
MAn oV € (oy.15). Ot gvbeiec € ko €' ¢ TapdAinieg opi-
Couv emimeodo t. Ta emineda 7 ko T £xovv Eva Koo onpeio,
10 A, dpa tépvovtar Kot pia evbeio & H evbeia & avnket
0TO EMMEDO T TOV TAPAANA®V EVOEIDOV KoL TEUVEL TNV &,

yxnua 15 Gpa Oo tépvet ko v €' o€ £va onpeio B.

» MNapanAndia emnédwv

©EQPHMA il

Av 600 tepvopeves evbeieg € ko & etvon mapdiinieg oe Eva
eninedo m, T0T€ T0 eminedo (g, &) ivar TapdAinio 610 .

Av 10 dvo emineda ' = (g,§) kol w (oy.16) giyov kovod on-
ueio, tote Ba tépvovtav og pia evbeia ¢, ) omola pe ™ cepd
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K A
[

&
N
(e}
V

€

g Ba €tepve TOLAGYIGTOV pia oo Tig evbeieg € kat &, £0T®
mv &. (H dAAn pmopei va etvon tapdAinin ot ). Tote dpuwmg
1N evbeia € Ba Etepve ToO EMimedo T, TOL Eivan GTOTO.

MOPIZMATA

1) Amo onpeio eKTOG EMUTEOOL AYETOL LOVAOIKO EMIMESO
TapAAANL0 o€ aLTo.

i1) Avo enineda mapdAinia Tpog Tpito eivar Kot petaln
TOVG TOPAAANAQL.

To Bedpnpa I arodeikviel Ty dmapén TapdAAniov emt-
TEOWV KOl TOVTOYPOVA, OIVEL TPOTO KATAGKELNG EMTEOL T
7ov dEpyetat amd onueio A kot eivar mapdAinio o dAro.
To onueio A mpénet vo Bpicketan €KTOG TOL EMTESOL T AA-
Mo o1 evbeiec € ko & OBa elvar gvbeieg Tov T Kl £TO1 TO
mopaAAnio eninedo Oa tavtileTon pe to .

©EQPHMA IV

Av o ko T gtvor 600 TapdAAnAa enineda, ToTE KOOE EMine-
00 T OV TEUVEL TO Eva TEUVEL Kat TO AALO Kot 01 vBeieg
TOUNG elvatl TapAAANAEG PLETOED TOVG.

‘Eoto 61110 eminedo m (oy.17), téuvel to 6 katd v gvbeia
€ kot dev tépvel 1o T. Tote 10 7 kot 1o T Oa elvot TapaAANAa.
Opmg 1o 6, ®¢ Tapaiinio oto T, Oa eivarl TapdAinio kot
67O T, GOUE®VA LE TO TOPIGHA 11), TOV glvar dtomo. Emopé-
VOG TO T TEUVEL Kol TO GALO Katd pio evbeia &.

O evBeieg € kan & givar TopdAAnAieg, S10TL, av TEUVOVTAY, TOTE
Ta enimeda T Ko T Oa elyay Koo onpeio, Tov gival dtomo.

= Av e ko g givon 800 acvpfateg evbzicg, ToTE Mo

ol TIG £ Kou €' diEpyeTor povediko (evyog maparliniov £ g
E EMTES V. €

< i A A’
8 Anoédei€n

Amo tuyaio onpeio A g € épovpe gubeia &//e’ ko
and toyaio onueio A’ g &’ pépovpe gvbeia &'//e

(0%.18). Ta enineda o = (&,§) ko 6'= (¢',&') elvar ma- E/@/
PAAANAQ, Y1oTi TO KaBEva £xel dVO TEPVOUEVES gVDETEC
TapIAANAeg oto dALo. Eivon mpopavég 01t ta enimeda
o Ko 6’ givan aveldptra Tov A Kot A, emopévmg eivat to povadikd (gbyog Tapd-
ANAoV emmES®V TTOL SEPYOVTUL Ao TIS acVpPates gvbeieg € Kot € avticTorya.

EJ!
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1

2. EYOEIEX KAI ENINEAA XTO XQPO

OEQPHMA TOY 6ANH

Av dvo acvuPoateg evbeieg € kat & Téuvouy tpia TapdAin-
Ao eminedo T, ' Ko ' ota onpeia A, A', A" xon B, B’, B”
avtiotorya, TOTE 10YVEL

AA" BB’

A'A" BB"’

Dépovpe v evbeia AB” (0y.19), | onoia Té€pveL To emimedo
n’ oto onueio I'. Tote, o1 Tepuvopeveg oto A gubeieg € Kat
AB" opilovv eninedo mov Téuvel To TapdAInAo enineda
Kot T’ Katd T TapdAinieg evbeiec AT ko A”B". Ta tpi-

yova AA'T kor AA""B” glvan 6pota Ko €xovpe:

AA' AT

A/A// B FB// .
Eniong, ot tepvopeveg oto B” gvbeieg & kot AB" opilovv
eninedo, 10 omoio TEUVEL TOL EMimEdD T Ko 7T’ KOTA TG TOPEA-
InAeg evbeieg AB ko I'B’. Emopévac ta tpiyova B"T'B’ ko
B"AB givot 6powa kot Egovpe:

Al BB
TB” BB"’
And TIC 6YECELG OVTEG TPOKVTTEL AUEGMOC:
AA" BB’
A/A// B B!BN .

E Aoknoeis Eunédwons 5. Av dbo teuvoueva emineda diépyovral
o 1. Ao onueio O va kotackevdoete eminedo avtiototyo amd dvo mapdiinies evbeie,
< wapdiinlo oe ovo acvufares cvleicg ¢, TOTE 1] TOWI] TV EMTEOWY EIVaL TOPGAAN-
E Kai €. A o€ QTEG.
E 2. Na ’xammc?vdasr’g 81)‘931:05 &, mov ’&ép)(a‘ml 6. To enineda wov mepvave omo evbsio & té-
W amo Yvwoto6 onuEio A, eivor mapGiinin oe HVOVTOL: ) Q0 ENITENO T TOPOAANAO oTHY
E doouévo eminedo T wov dev mepiéyel 10 A evleia & katd evbsiec mapdliniec oty &,
g Kou Téuver evbela &, Tépvovoa 1o T. EMOUEVOS KO UETOCD TOVS TOPOAINIES KOl
3. Na kotaokevdoete evbeia g, mov vl wo- ii) amd enimedo mwov teuvel v & KOTA €v-
POAANAN GE DOOUEVO ETITEDO T KO TEUVEL Oeieg mov diEpyovral amd to 1010 onusio.
0vo dlles aobufateg svbeieg, o1 omoicg . . o
VOOV TO . 7. Ano onueio O va kotaokevocOel eniredo
, ., , , wopdlinlo oe doouévy evbeio. €.
4. Av pia evbeio eivar wopalindn oty toun

000 emmEdWY, TOTE €lval TopoAinin ota | 8. AmO doouévo onueio vo KATO.oKEVATETE

000 eTTEIO, 1] AVIKEL GE EVAL OO OVTE, KOLL
eivou wopalinin oo dilo.

evBeia wopallnin ae ovo TeuVouEVO, ETi-
meoa.
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10.

Ao docuégvo onueio vo KATOOKEDAOETE
EMITEDO TOPAIINLO GE 0DO DOTUEVES V-
Oeieg.

Aivovrar tpeig toyoies evleics €, €, kot
&,. No. KaTaoKeVOOETE ETIMENO O TTOV VO
TEPIEYEL TNV €; KO ETITEDO T, TOV VO. TTE-
PIEYEL TNV €, TETOLA, DOTE 1 TOUN TWV G,
Kai 0, vo. Eivol Topaiinin otyy €.

Anodeiktikés AOKNOEIS

1.

Av A, B, I A eivau téooepa onueio. wov dev
OVIKOVY 07O 1010 ETITEDO, TO GYNUA TOV
omoteAeital amo ta evBOYPOLLLO TUNUOTO,
AB, BI} IA ko1 AA Aéyetar aTpeffAo Te-
Tpamicvpo kot ypapetar ABIA. No. amo-
oeilete 0Tl TOL HETOL TV TAEVPAV TTPELLOD
TETPATAEDPOD EIVAL KOPLPES TOPUIINAO-
PPGYHOV.

. Aivetou otpefro tetpdamicvpo ABIA kor M,

N onueio eni twv A4 kar AB avtiotoiyo.

AM. _ ﬂ No amodsilere
MA NB

ot ta emineoa (M, N, I') kai (4, B, I') ©é-
uvovrai koza evleio mopallnin oty AB.

étoia, Wote

A4' _ BB’

AVAII BVB”
707¢ 01 evbeiec AB, A'B', A"B" eivar mopdA-
Anleg o€ éva eminedo (avtiotpopo tov Ocw-
prpatog ov Qo).

’

LUuvOeta Oépata

1. Av ABI ka1 A'B'T" eivou dvo tpiywva mov
Ppiokovial ae diapopetiia eximedo. Kal
EMITAEOV VA 0O 01 TAEVPES TOVGS ETVal
rwapdrinieg, ontaon AB//A'B', BI//B'T"
wa1 AI//A'T", tote o1 evBeicc AA', BB' kou
I'T" digpyovror amo to (010 anueio 1 ivor
rwopdrinies. (Ao oo tpiywva Aéyovial
ouoLoya).

2. Av ABI ko1 A'B'T" eivou dvo tpiywva mov
Ppiokovial o& d10QOPETIKG ENITEDO, KAl
emmAéov, ot mhevpéc AB ko1 A'B' téuvo-
vtai oto onueio 1), ot BI ka1 B'l" téuvo-
vtar oto A, ko1 o1 AL kou A'T" téuvovrau
oto B, tote: i) o onueio K, A, M eivau
ovvevberoxa kot ii) o1 evfeiec AA', BB'
xar I'T" 01épyovrar amo 1o 1010 onueio N

3. 2 otpefro tetparnievpo ABIA, ta uéoa , i IR , X
P ﬁ P op s eivol wapdlinieg. (Avo térola tpiywvo, Aé-
TV ATEVAVTL TAEVPADV KOL TO, UECTH TV .
, , , , YovTolL ouoLoya,).
oroywviwy opilovy evBoypauua TuRuaTo.
0 0ola JLYOTOUOVVTOL. 3. Aivetou evbeio & kou dvo toyoia onueio A
4. Av A, A', A" eivou onueio evbeiog € kot B, Ko B extog avtig, aote o1 evbeieg AB Kot

B', B" givou onueio vbeiag & omov o1 sv-
Oeieg € kou & eivar aovuforeg kot 1oyder
oyéon

& va, eivar aovufares. Av I toyaio onueio
¢ &€, va. Pfpebel 0 yemueTpog TOTOS TOV
Popvrévipov tov tprywvov ABI!

ANAKEDAAAIQZIH

* Avo enineda eivor TapdAnia, av dVo TeEpVOpEVES VBElEG TOV eVOC elvar TapdAAnAes
070 GAAO.

* Av dvo enineda givarl mapdAinia, kdbe vbeia Tov evag elvar mapdAAnAn 6To GALO.
* Avo gvBeieg Téuvovtal and tpio TapdAAnAa Enimeda GE TURUATO AVAAOYQ.
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EFE] rovia 600 gubaicdv - OpOoywvies
€euOscies

» KaBetotnta acUppatwyv eubsimv

Oewpovpe dvo acvuPateg evbeieg € kot & (0.20). Ao To-
yoto onueio E g evbeiag € kataokevalovpe v gvubeia €,
TapAAANAN g &. Ot gvbeieg € Ko €', TéEPVOVTOL 6TO oTpeio
E, apa eivar ovveninedes. H yovia o mov oynuotifovv ot
gvbeieg € ko &' Aéyetan yovia twv dvo acvufatwv vbeiodv
€ Ko &.

H yovio vt dev e€aptdrtor amd v emthoyn tov onpeiov E,
ywti av épovpe Vv €” TapdAAnAn oy & amd dAro onueio
E' ¢ &, tOTe 01 evbeieg €, &' kat €” elvatl cvuveninedeg Kot
emmAéov ot gvbeieg €' kot €”, og mapdiinies, Oa oymuarti-
Covuv pe v € TIG eKTOG Ko €Ml TOL ALTA PEPM YOvieg 1oeg.
Apa, n yovia tov acOupatov evbeidv dev eaptdtot amd
Vv gmAoyn Tov onueiov E.

\ Amodekvietal 611 1| yovia tov acOupatov evbeidv propet
va Kataokevoohel kot og €ENg: Oempoipe Eva onueio O tov
x®pov (oy.21). Xto eninedo (O, €) Katackevdlovpe TV €
TapAAANAN TG gvbeiag € amd To O. 10 eninedo (O, &) kara-
okevdlovpe v &', mapdAinin g evbeiag & oo 1o O. Etat,
670 O £YOVIE TIG TEUVOUEVEG, ETOUEVMOG GLVETITESES, EVOEieg
g’ kou &'. H yovia tov evbeidv avtov glvar 1 yovia tov 600
acOupatmv. Abo acvuPateg evbeieg Aéyovtatl opfoymvies M
acvufarmg kdbeteg, dtav M yovio Toug eivat opon.

» KaBetdotnta suBcias kal eninédou

Opiopods
Mia gv0¢io Aéyetan kabetn o€ £vo, emimedo, 0TV givor

KG0etn og kKGOe gvOeia Tov emmédoV OV dLEPYETAL
and to iyvog TG,

Eniong, to eninedo Aéyeton kabeto oty cvbeia. Kabe gv-
Bela Tov dev eival kAT 00TE TAPAAANAN OE €va eMimedo
Aéyeton mAdyta Y| AEPE OTL TEUVEL Y10 TO ETIMEDO.

OEQPHMA |

Av pia gvbeia eivarl kdbetn oe 000 TepvOpEVES vBeieg
eVOG EMMESOV GTO KOWO TOVG onueio, Tote eivan kaBe
o€ OAeg TG gvbeieg TOV EMITESOL TOL O1EPYOVTOL OO TO

vog .
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Av g, a1 g, elval ol tepvopeveg gvbeieg Tov emmédov T
(0%.22), O 10 KOO TOLG oMpeio Kot & 1 kAT OTIg €, Ko
g, 010 O, Ba amodeifovpe 6t N & elvar kaBetn oV TVLYOHK
gvbeia € Tov emmEdOL T OV SLEPYETAL Ao To O. Oewpovpe
to onpeio I' ko I g evbeiag & ovpperpkd wg mpog O.
Eniong, Ocwpodpe ta onueia E,, E, kot E mov givar cuvev-
Belakd kot Bpiokovtal oTig evbeieg €, €, KO € OVTIGTOLYOL.
Tote, éqovpe T'E, =T"E, xou I'E, =I"E,, 31611 01 gvbeieg OF,
ko OE, elvan pecokdBetor tov I'T'. Ta tpiywva I'E,E, kat
I'"E,E, eivau ico, dpa ot yovieg T'E,E, kat I'E|E, eivat ioec.
Télog, ta tpiyowva I'E,E kot I''EE eivan ica, apa I'E =T"E.
Torte, to Tpiywvo I'EI” givar icookerés ko n EO givon o1de-
60¢, pa Kot Vyog. AnAadn|, | evbeia € ivor kaBetn otV .

OEQPHMA I

Mia gvbeia opBoymdvia ce 600 Tepvopeves gvbeieg ivar
Kk60etn oto eninedo mov avtég opilovv.

Amodeikvooupe TpadTa 0T gvbeia & mov gtvon opboydvia oTig
€ kot £ (oy.23), tépver 1o eninedo © = (&, ). 'Eotw 611 n & dev
10 TéUVEL ATt Tuyaio onpeio M g & eépovpie T mapdiinieg
ot € ko {, ot omoieg pali pe v & o oviikovy 6To TopdAANLO
eminedo Tov T and 10 M. AAG TOTE GE 0VTO TO EMMESO EYOLLIE
o kabetec oy & amd T0 M, mov gtvan ditomo. Apa n & tépvet
10 T, €0t o€ onueio O. Ao to O pépovupe Tig evbeieg €' ko £
mapdAiniec Tov € kou C. H & tdte glivan ket og dvo tepvo-
neves evbeieg Tov emumédov T, dpa efvar kKGOETO GTO T.

AvAAOYO ATOSEIKVVETAL KL 1] 0KOAOLOT TPOTOON:

MPOTAZH I

Av g kat  givar 000 Tepvopeveg gvleieg ko 1 gvbeia &
givan opBoyovia oty € ko kGOeTn otV §, ToTE N € givan
Ka0etn oto eminedo (g, C).

H xoBetotnro gv0eiog & ko emmédov m cvpforileTon
pe & lm.

To Oewpnpara I ko 11 ko 1 mopoamdve TpOTOCT ATOTEAOVV
Kpumpia v tov Edeyyo g kabetodtntag evbeiog kot emumé-
dov. Apkel dNhadn va amodeifovpe 0T pia evOeia ivar op-
0oydvia 1 KaOeT 6€ dVO TEUVOPEVES EVOEIES TOV EMTESOV.



KE®DAANANAIO 12. EYOEIEX KAI ENINDEAA XTO XQPO

| 5 ©EQPHMA il
e Yrdpyet povadiko eninedo kdbeto o gvbeia &, mov diép-
yeTon amwd onpeio O 1oL YOPOvL.
0 g

Awkpivoupe 000 TEPUTTOCELS:

1) To onueio O avikel oy gvbeia &. Xe 600 enineda mov
o nepLEyovy v gvbeia & katackevalovpe dvo gvbeieg
\ € Kou § kéBeteg oty § (0y.24), mov diépyovtol omd To
u| 0. Avtég opilovv emimedo kdbeto otnv gvbeia &. To
eninedo avtod ivar povadko, yloti av vInpye Kot 00~
¢ tepo o mepieiye Tig evbeieg € ko £, dpa Ta enimeda Oa
tavtilovav.

A’ §

i1) To onueio O glvar extog TG E. 10 emunédo (O, &) pé-
povpe TV evbeia € (6y.25), kdbetn oV & Kot EoTm A
10 onpeio Toung TV evberwv avtav. Eniong, o kdmolo
Lo eminedo, mov mepiEyel v &, pépovpe gvbeial €' Kdi-
Betn oV & 610 A. Ot guBeieg € ko €' opilovv emimedo

[ Jxnua 25|
g
T kiBeTo oV E, mov mepiéyet to O.
6} "Eotm ot vdpyet kot de0tepo enimedo 1’ kAOETO TNV &
[ )XxNua 26|

nov dépyetar omd to O. To ' dg pmopel v tépver myv &
010 A, y1ati T0TE Ol vV PYAV dVO Emimeda KAOETO GTNV
Ixnua 26 & amd 10 A, 1o omoio givar dtomo. Enopévmg, 1o 1’ Oa
téuvel v & oe dALo onueio, éotm 10 A'. TotE OU®G,
oto eninedo (O, &) Oa eiyape 600 khbeTec TNV gVbeiL
&, amod 1o onueio O eKTOC WTNG, TOL £ivail ATOTO.

MOPIZMATA

/ } /
/ S / 1) To ocbvolo TV gubeldV TOV YOPOV, TOV TEUVOLV K-
|

Oeto pia evbela & oe éva onpeio g O, Bpiokovral
670 KaBeto eminedo g & oto O (0Y.26).

Yxnhua 27 29 z z 7 7 Pz p
ii) Avo enineda kabeTao otV 110 vbeia eivarl TapAAAN-

Ao peta&y toug (oy.27).

’
g
L Me avéroyo tpdmo amodetkvieTon 1 okdhovdn tpdtaon:

MPOTAZH II

T Ynrapyer povadkn gvbeia & kaBetn o€ eminedo m, mov
oEpyetor ané onpeio O Tov yOpov (6%.28).
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Avo gubeieg kdOetec oTo 1010 emimedo eivan mapdAinieg

| (0%.29).
L L ©EQPHMA TQN TPIQN KAGETQN

1) Avn evbeia AB (oy.30) givar kéBetn oe eninedo (B
T onueio Tov m) ko M evbeia BT elvon kéBet og gvubeia

€ tov m, (I' onpelo tng €), tote N Al elvar kaBetn
otV gvbeia €.

ii) Av 1 evBeia AB elvan kéBetn o€ eninedo m Ko 1 €v-
Beio AL efvon kaBetn o€ gvbeia € Tov m, tte | BI'
glvan kdBetn otnv gvbeia €.

ii1) Av n gvBela AT glvar kaBetn oy €, N gvbeia BI'
glvat kaBetn oy € kou  AB eivar ké0Betn otn BT,
tote M evBeia AB elvan kéBetn oto eninedo m.

1) H evBeia AB givar opBoydvia kot BI' givar ka0
omv € (0%.30), dpa to eminedo (AB, BI') eivan kaOeto
otV € kot I etvar 1o {yvog tng € mhve og avto. Tore,
K60 evBeia Tov emmEdOV OV S1éPyeTAL OTtd TO T)vog I
elval kabetn oy €. Apa, n Al givon kaOen otV €.

1) H evbeia AB eivar opboydvia ko n AT' kaBetn otnv
evbeia . Emopévmg, n evbela € sivar kabetn oto emi-
neoo (AB, ATl') oto T, soppwva pe v tpodtaon L. Apa
n evbeia € eivar kaOBetn oy gubeia BI' Tov emimédov
(AB, AT'), mov d1épyetan amod to 1yvog g I.

1i1) H evbeia € elvan k6Oetn oo eminedo (AT, BI'), ywutin €
etvar kaBetn otig evbeieg tov AT ko BI. Apa ) gvubeia
AB 1tov emutédov (AT, BI') etvon opBoydvia oty gubeio
€. Téhocg, 1 evbeia AB eivan k60et o710 emimedo T, yioti
elval opBoymvia oty € ko kéBetn ot BI.
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Epwtnoeis Katavonons

1. Na o¢iéete oty aibovoa didackalios dvo
evbeieg aovufitwg kabeteg.

2. Na deilete pio evbeia kabetn oto eminedo
70V JOTEAO.

3. Na Oewprioete évay toixo ¢ aibovoog
01000K0ALOG Kal VoL YIVEL TPOKTIKY EQOp-
LoV TV TPLOV EKPPaoewY Tov Ocwpi]-
HOTOS TV TPLOV KOOETDV.

Aoknoels Epnédwons

1. Na arodeilete om pio evbeio. koa Evo. emi-
Tedo Kdbeto. otny (oo evleia elvar Tapol-
AnAo. 1} 011 10 emimedo mEPIEYEL TV evbesio.

2. FEotw ABI 1000Kelég tpiyawvo, M 1o péco
¢ Paong BI" kar AN ev@dypouyo tuin-
uo kabeto aro emimedo tov piywvov. Na
omoociete 0Tl

i) nevbeio MN eivar kobetn oty BI]

ii) n BI eivau kaOetn oo emimedo (A, M,
N).

3. Na amooeiéete o611 av 0vo cvbeiec eivou
0pBoymvieg, T0Te DITGPYEL ETXITENO TOV TE-
piéyel ) wio ko ival kaBeto otnv aAiy,
KOl QVTioTpoQa.

4. No koraokevdoete svbeia & mov dispyetar
omo onueio O, eivor Topdiinin oe exime-
0o m kar opBoywvia. oe evbeio. € TOV T.

Anodeikukés AOKNOEIS

1. Eotw (K, p) kdxdog, AK evBdypoyo qunuo:
x00eto oT0 EMiTEDO TT TOV KOKAOV Ko M Tv-
Joio onueio tov kokiov. Na amodeiéete ot
n evleio. AM eivor kabetn otny epomtouévy
700 KDKAOV 070 onueio M.

2. Ao 1o kévipo M opBoywviov ABIA pé-
povue v evbeia ¢ kabetn oto eminedo
70V oploywviov. No. armodeilete oti n €v-
Oeio wov opiletor amo to toyoio onueio
¢ € ka1 10 puéao N s AB eivar kaBetn
ot AB ka1 opBoyavio, ot IA.

3. 2¢ eminedo T pépovue KOKAO S10UETPOD
AB xoi éotw M toyaio onueio tov Ko-
whov. Pépovue, emiong, to Tuuo A2, ka-
Oeto oto eminedo w oo A, to TUHUO AT
xabeto otnv evbeio 2B oto I kou o Tij-
ua AN kabeto oy evbeia M oto N. No.
omooeicete 0Tl

i) EMB = 90°,
i) SA°=3M-3N =3B -3I]
iii) ta tpiywva XI'N ko1 XMB eivai
ouoio,
iv) ZI'N = 90°,
v) n 21 eivou KOsty oto eminedo (N, 1)
4),
vi) TNA = 90°,
vii) va Ppebei 0 yewueTpIko¢ TOTOS TOL
onueiov N, av to M kiveital orov mo-
POTAV®D KOKLO.
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EFX3A Anéortaon onpeiou ané eninedo -
Andéotaon 6Uo napddinidwv eninédwv

A Opiopos |
Op0ij mpofoin N wpofoin A’ onueiov A oto eninedo ©
AéyeTal To onpueio TOPNS TOV EMTEOOV T PE TNV KAOETO
M A a6 10 A 6710 eninedo © (6y.31).

Av onueio A Bpiloketan ektog emmédov T, A’ giva 1 Tpofoin
0V A 670 T Ko M Toyeiio onueio tov w (oy.31), ToTE OO TO
opBoymvio tpiymvo AA'M mpokdmtel 6TL 1 KAOETN TAELPA
AA" elvan pkpotepn and v vroteivovoo AM. Aniadn,
o Tunna AA" givar 1o ikpdTEPO Omd TOL TUNUATO [LE 0PN
70 onueio A kot T€Aog to Tvyaio onueio M tov emmédov .
Mmnopovpe, ETOPEVMG, Vo SMGOVUE TOV AKOAOVOO oplopd:

Opiopds i

Anootacn onuciov A amo exinedo T AEYETOL TO PKOG
70V gVOVYpappov Tupatog AA’, 6Tov A’ n TpoPoin
TOV A 670 €ninmedo 7.

/F Av Bewpnoovpe 600 TapdAinio enineda ¢ kot T kot B, A
A ’ 7 7 r
p (0%.32) eivar o1 TpoPorég Tmv onpueiov A, I' tov 6 610 T, TOTE

Ta v0VYpappo tufpata AB kot TA gtvon mopdAAnio peta&y

ToVG, G KaBeta oto T. Emiong, ta tumqpata AT ko BA givan

/< B ;/ A / mapdAnio (Bedpnuo IV §12.4), dpo to ABAT etvon opBoyd-
T

V1o TopoAANAGYpappo kot to tujpote AB kot TA gtvot {ca.

Mmnopovpe Aomdv va dOCOVUE TOV aKOAOVOO 0pIGUO:
Opiouds il

AmocTocn 600 mopdliniwy EmMmEdWY AEYETOL 1) ATOCTO-
o1] £vOG onuEiov TOV EVOG EMTEOOL 0TO TO AL (6).32).

Opiopds IV

To eminedo mov givar kGOETO 670 PéGO £vHG EVOVYpap-
ROV TUNROTOG AEYETOL HECOKAOETO EMITEAO TOV EVOV-
YPORPOV TRTpOTOS.

Opiopoés V

To pfKog Tov TUNRATOG TNG KOIVIS KaO£TOL 600 aovp-
Batov guBer@v, mov Teprrapfdveror petadd Tovg, Aé-
YETUL ATOGTAGH TOV acVufatwy evbeimv.
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= O yE0UETPIKOS TOMOG TOV GNUEIMV TOV YDPOV OV LGAAEYOVY AT TO GKPO. EVOS
== €VOVYpOppOL T HOTOG EIVOL TO PEGOKAOETO EMITEDO TOV EVOVYpUUPOL TN HATOC,
L
g Anoédei€n
& ‘Ecto M 10 tuyaio onpeio tov ydpov mov wcanéyet
= amo to dkpa A kat B Tov ub0ypappov tpunpoatog AB
= . , . . A
(0%.33). To tpiywovo ABM eivar 1600KEAES, ETOUEVOS 4
1N dbpesoc MO givan ko Hiyog Tov Tprydvov. Aniadn, .
0 M egivan onpeio g evbeiog OM mov givar KaBetn B
610 péso O tov evBuypappov tunuatog AB. To cuvo-
A0 T®V €VOEIDOV OVTMOV AVIKOVY GTO EMNESO OV £ivarl
ka0eto oto AB, 610 péco O.
AvticTpo@a, ov M givor to Tuyaio onpeio Tov pecokdfetov emmédov oto gvBVYpapL-
po tunpo AB, t6te T opBoydvia Tpiymva AOM kot BOM egivat ioa, emopévmg ot
vrotetvovoec AM kot BM eivon ioeg.
' O y20peTPIKOG TOTOG TMV GIUEIMV TOV JAPOV TTOV LGATE(OVY 06 dD0 mapdrinio
T eminedo eivor To pecomapdriinro emimedo.
g Anobdei€n - Kataokeun M
& Av 6 Kou T glvan 600 TapaAAnia eninedo TOV ATEYOLY OTOGTA-
8 on 2\, ta onpeioo M 1oV Ydpov TOL 1GATEYOVV OO T G KOl

.
A

T améyovv andoTaon A amd avTd, EMOUEVOC Bpiokoviol 6To N A

EMIMEDO T OV 1GATEYEL OO TOL G KO T. M N

Avtiotpoga, av A, M kot N givar tpia onpeio Tov TOmoL pUn A

cvvevbelokd, TOTE NN AVTA WGaTEYOVV amd TO €MinedO G, i M ;

ot tepvopeveg eubeieg AM ko NM etvar mapdAinieg 610 G,

dpa to eminedo mov opilovv elvar TapdAANLO GTO G, EMOUEVMG T

kot oto 1. Emedn to onueia A, M ko N isanéyovv and ta 6
KOl T, WVKOVV G€ EMMEDO TTOL 1GATEYEL OO TAL G KO T Kol £ivat TapdAANAo GE avTd.

To eninedo avtd ovoudleTol ecomapdlinio ETIMESO TOV G KOl T.

Ynapyer povadikn gvleia € kaBetn o€ 0V0 acvpfates gvbeiss.

M B
Anoédei€n : /

‘Eocto g, & 000 acvuPateg evbeieg kat amd Tvyoio \o / :
onueio O g €, pépovpe TV gvbeia € mapaAinAn i
otV &, (6%.35). Ot evbBeieg € kat g, opilovv emine- 1B
oo 1. [Ipopavmg, 1 gvbeia &, elvar mapdAinin oo . M’ N/ /
[TpoPairovpue éva onpeio A g €, 6to emingdo Ko &

éotm A’ 1 TpoPorf Tov. Ao to A’ pépovpe gvbeia

c
m
T
L
(@)
=
oo
<
©
Ll
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TOPAAANAY GTNV €,, 1] OTO10L AVIKEL OTO EMIMEDO T Kol TEUVEL TNV €, 6€ onueio M.
Ot evBeieg €, kot A'M', og Ttapdiinies, opilovv eninedo oto omoio Bpioketoar n AA’
Kot 1 TopdAAnAn and o M’ otnv AA’, n ontoia Ba Tépver v €, og onueio M. H gubeia
MM’ givan ka0et otig evbeieg g, ko A'M', yuoti givo k60et oto eminedo n. Opwg,
A'M' givon mapaAAnAn oty €, dpa n evbeioo MM’ givan 1) kowvn kGBETOG TOV €, KOl &,.
H gvbeio avt etvon povadk, yori av vpye kot dvtepn gvbeion NN’ kabetn o116 €,
KOl €,, T0TE o1 TapdAinieg MM’ kot NN’ Oa 0pilav €va eninedo oto omoio Ha avrkov
emiong ot acvuPateg €, Ko €,, TOV givar dTomo.

®a amodeiovpe 6Tt To TUO MM givan pkpdtepo omd to tuyaio tuqua BT mov opi-
Cetan petald ovo onpeiov B ko I' tov g, kot €, avtictowyo. [Ipofdilovpe To onpueio
B 610 m kou é5tw B’ 1) mpofoin| tov. And 10 opBoydvio tpiywvo BBT wpokidmtet 611
n vroteivovoa BIT eivar peyadlvtepn amd v kabetn mievpd BB'. AAAG 1 BB' givan
ton pue ™ MM, dpa n BT etvon peyardtepn and m MM'.

Aoknoels Epnédwons 8. Na fpeite onueio tov ywpov mov 10omEye
1. No Bpelei o yewuetpixog tomog twv on- gno TEoTEPQ OIILELD, AVOLTPIC [iT] CUVEL~
10K .

UELWV EVOS ETITEIOV, TO OTLOLO, LGOTEYOVY
amé dvo onueia wov dev avijkovy oe awto. | 9. Na Ppeite To yewpetpiko tomo 1wy onuei-
WV TOD YWPOL T OTOLO. OTEYOVY ATOTTO

2. Aivovrar dbo onueio A kor B kou vbeio P
on A omo eninedo .

&, aavuforn ue v AB. Na ppeite onueio
M ¢ € této0, dote o0 Tpiywvo ABM va | 10. divovrou to onueio A, B, I' kou M, o€ tv-

eival 1000KELéC. yoia G¢on. No. fpeite enimedo mov va O1-
, , , , , Epyeton amo 10 M kou vo 160TEYEL oo To.
3. Na amodcilete o1 kabe gvbeia & oo Té- Px: £
A, BrarI!

UvelL TAayio Eva emtimedo Tt eivor kaletn oe

pio povo gvleia. Tov . Anodesiktikés AoKNoEls

1. Av A kou B eivar toyaio onueio. 6vo aodu-
Poatwv evbeiov ¢, ka1 &, avtiotorya, vo.
Ppeite To yewuetpiko tomo tov onusioo M

4. FEorw erminedo w, evbeia & tov w kot A on-
ueio extog tov . Na fpeite 10 yewuetpino
070 NS Tpofoing A' tov anuciov A aro
EMITEDO Tr, OTOY TO ETITEIO TEPLOTPEPETALL

yip> o v c00eic ¢ Y10, TO 07010 10Y0EL —— = A, OO A pvew-

. ) ) o166 ap1Ouog.
5. diverou eminedo m, onueio A tov m ko on-

ueio O exrog tov . Na fpeite to yewue-
TPIKO TOTO THS TPOPoANg Tov onueiov O
oTIG EVOELEC TOV T TOV TEPVAVE OO TO O1)-

2. Na katookevdoete evbeio € mov Téuvel
TpELS aovufates ava 0vo evlbeies €, €,
K g; o€ onueia A, B, I avtiotoryo, wote

1 73 = l 4 /1 r 0 ’
ueio A. B , OOV A YV atog op1uog.
6. Aivetou eminedo m, evleio & T00 T KOL 0N~ | 3 Ajverou eninedo T Kol onugio A, B extoc

ueto O exrog tov . Na fpeite to yewue-
PIKO TOTO THE TPOPOANS Tov onueiov O
oti¢ evBeleg TOV T WOV EIVOL TOPAAANLES

700 7. Na koTooKeDAoETE ONUELD TOV T,
70 0moi0 vo. omEyel amo to. onueio A ko B
OTOOTAOEIS L KOL V QVTIOTOLY.

oy &.

7. Na Bpeite 1o yewuetpixd tomo tov onuei- | LUVOELa Oépata
WV TOL YWPOL IOV 1oaTEYOVY om0 TG Ko- | 1. Na fpeite 10 yewuetpixd tomo twv oi-
POPES EVOS TPLYOVOD. UELWV VOGS EMTEIOD T, TOL OTOLO. PAETOVY
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KE®DAANAIO 12.

o opbn ywvia dvo onueio wov de Ppi-
OKOVTOL OT0 ETITENO T.

. No. Ppeite ) pirpotepn ko T UeYOADTEPY

omoaraoy onueiov A omo to onueio evog
KdKAoD, 0TOWY TO A JEV OVHKEL OTO ETITEIO
700 KOKAOU.

. No. KoTaoKeVAoETE ETITENO TTOV VO, TEPVOL-

&1 amo gvbeia € kai va 160TEYEL OTO DO
onueio A ka1 B extog ¢ €.

. Na Ppeite 10 yewuetpio t0mo 1wV onusi-

wv M tov yapov, yia ta omoia 160l 1
oyxéon MA’ — MB’ = /12, omov A kou B
otabepd onueio koi A otabepo pKog.

. Na anodeiete ot yia va eivar opGoyavio,

0vo tunuozo AB koi IA mpémet kot apkei
va eivoa: TA —TB° = A4° — AB’.

EYOEIEZX

KAI ENINDEAA

6. Na amoocilete oti av A, B, I A técoepao

ONUELD. TTOV OEV EIVOL GVVETITEND. KOL ODO
oo to (evyn tunudtwv (AB, 1A), (Al
AB), (A4, I'B) givar opboywvia, tote ko
70 Tpito {ebyog eival opBoyavio.

. Na arodeilere ot1 ov ABIA givor otpefro

eTPATAEVPO, TOTE TOL £C1 UECOKGOETOL ETTI-
TEDO. OTIC TAEVPES KO TIG O10YVIOVS TO
TETPATAEDPOV O1EPYOVTOL OO TO 1010 ON-
ueio.

. Aivetou emimedo w, evbeio € Tov T KOt oN-

ueio O ext1o¢ tov . Eotw M toyaio on-
HELo TG € Kal 0 eninedo kabeto oty OM
oto O. Na amodcilete 011 ta emimeoo. o Oi-
Epyovrar omo otabepo onueio v .

ITO XQPO

ANAKEOAAAIQXH

* Amndotoomn onueiov and eninedo gival ) amdGTOGT TOL oNuEiov amd TV TPOROAT ToV
0710 eninedo.

* Ao to THqUHOTO TOV £Y0LV apyn Eva onueio Kot TEA0G Tuyaio onueio evog emmEdov,
70 KAOeTO €lval To PKPOTEPO ad OO T GAALL.

* T kdBe dvo acvpPateg evbeieg VLaPyEL LOVASIKT KOV KAOETN gvBeiaL.

]
\

EFPXEA Aie6pn ywvia - Avtiotoixn enineén
pias &iedpns - Kabeta enineda

Opiouods |
Aledpn ywvia AEYETOL TO GYNNO TOV OTOTEAEITOL OTTO

000 NuEnineda, 6 KoL T, PE KOWVI] apyiK] ev0&ia € Kot
™ ovppoirilovpe pe g(o,1).

Ta nuenineda o kot T (6%.36) Aéyovtar Edpeg TG O1EPNG
Ko 1 apyiky| eubeio Aéyetan axun g diedpng yoviog.

To emimedo oL NEeTUEdOL G YWPIleL TO Ydpo Ge 6VO Nut-
ydpovg. Karovpe I1; Tov nuiydpo otov omoio Ppicketal to
nueninedo t (oy.37). Eniong, 10 eninedo tov nuemmédov
T ywpilel To ydpo og dVvo Nuy®povs. Karodue I1; tov nut-
Y®PO G6TOV 0Toi0 PpickeTon 1o nuieninedo 6. H toun tov
neproymv I, kot [T, Aéyeton kopth dicopny yovio. Ecwtepr-
K0 G 61edpng yoviog &(o,t) Ba Aépe Ta onueio TG KVPTNG
diedpng mov dev avnKovy oTig £dpec 1 oV akpn . Ta
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onueio TOL YOPOV, TOL OV Eival EGOTEPIKA TNG diedpng,
dgV aVNKOLV OTIG £0peg 0VTE GTNV AKUT NG, B AéyovTon
eéwtepira onpeio g 6iedpng. H 61edpn yovia mov Exet
v 010 akpn kot T1g 1d1eg £0peg OAAG TEPLEXEL TO EEWTEPIKEL
onuela TS apykng Oledpng AEyeTon uy KvpTIf V| AVTIKEIUEVN
NG APYIKNG.

To avtikeipeva nuenineda, 6’ Kot T pog diedpng yoviog
&(o,7) oynuatifovv pia dAAn 6iedpn yovia (o%.37), ue v
{0100 oK €, TOV AEYETOL KATAKOPVPIY TNG OPYIKNG KO G-
BoAiletan pe g(o’,T").

Opiopds Il
H topn mog diedpng yoviog pe eninedo kabeto oty
axp TG givon pia eminedn yovia 610 KGOeTo emine-

00, 1 omoio AEYETOL avTioTolyny eXIimEdN TS OIEOPHS
(0y.38).

Av Bswpricovpe dvo avtictoryeg eninedec yoviec AOB
kat A'O'B’ ¢ diedpng yoviac £(c,1), pe OA = O'A’ kot
OB = O'B’ (6%.39), npoxvmntel 611 oo OO'B'B xat OO'A’A
elvar opBoyovia, dpa AA'//=BB'. AALG amd 10 Topalin-
Moypoppo AA'B'B éyovpe AB = A'B’, emopévemg ta tpiym-
vo. OAB kot O'A’B’ eivot ica, Gpa kot ot yovieg AOB kot
A'O'B’ eivat ioec. Ao ot mpokvmtel 6Tt dHo Tuyaieg emi-
medeg Yovieg piag diedpng yoviag sivor ioeg.

Opiopos il
A¥0 diedpeg yovieg Aéyovtal iceg, oV TOMOOETOVTUS
™ pio Tave oty aAin epappiolovv axkpipac.

Aigdpn ywvia dv0 Teuvouevwy emmédwy AEYETOL 1) LUKPO-
TepN M ton g opHng diedpn yovia mov oynuatiCovv ta 600
enineda. I'wvia dvo emmédwy AEYETAL T OVTIGTOUYT EMITEDT
g diedpng TV S0 EMTESWV.

Amodeikvietal Ot

OEQPHMA |

Av dVo diedpeg Yovies givar ioeg, TOTE Kot 01 OVTIGTOXES
eminedeg yovieg stvat ioeg kot avtictpoa.
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172. EYOEIEXL KAI ENINEAA XTO XQPO

Me avt6 10 Bedpnuo petapépovpe oTig diedpeg GAOVG TOVG
OPIGHOVC TO LETPOL KO TIG 1OLOTNTEG TOV EMITEOWDV YOVIDV.
"Etot éyovpe:

*  AV0 digdpeg YOVieg, TOV £Y0VV KOIVH oK, pia £6pa
KOWVI] KO TIS AAAES EKATEPMOEY TG KOIVIG, AEyovTal
epecijc.

* AvO0 £Q&elNg digdpec TOV OTOIMV 01 U1 KOwvEG £peg
€lvol OVTIKEIPEVE NUIETITEd O AEYOVTOL TAPATTANP -
potikés (oy.40).

* Mia diedpn yovio Aéyetar oéeia, opOp | auficio, av
N avtioToyn eminedn yovia g dicdpng eivar osia,
opOn 1 apPreio.

* Ortav V0 emineda Tepvopeve oynuatilovy pio amo Tic
TéooEpIs Oledpeg yovieg opO (oy.41), TOTE Kot o1 Té0-
ogpis eivan opOic.

Opioués IV
AYo enimeda mov oynpatifovv pia opON dicdpn Aéyo-
vTol kdleta emimedao.

Tnv kaBetdTNTA dVO EMTESWV G Ko T TN cVUPoAilovpe pe
olt.

OEQPHMA I

Av pia gvbeia & etvon kdBen o€ éva enimedo o, TOTE KAOE
eminedo mov mepEyel v & elvan kdBeto 610 G.

‘Eoto O 1o kowvd onueio g & pe 1o eninedo o (0y.42), €
N gvbeila Toung TV emmrédwv ¢ kot T Kot § gvbeia Tov ©
KkéBetn otV €, oto onueio O. H yovia tov evbeimv § kot §
gtvo n avtiotoym g dledpng TV EMTEIWV G KOl T, POV Ol
gvbeieg & kou £ etvon kaBeteg oty axun €. Eredn dpwg n ev-
Bela & elvar kéBe o10 eninedo o, Oa elvar kdbetn og KAOe
gvbeia Tov emumédov mov mepvaetl and to O, dpa kot ot L.
Emopévmg, n eninedn yovio tov evbeidv & kot { eivar opO).

OEQPHMA 111

Av dvo emimeda etvar kabeTa, kKGO gubeia Tov EvOC KAOE-
TN GTNV TOUN TOLVG givat KABeTn 6T0 GAAO.
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138

‘Eocto & evbeia Tov emumédov 1 (oy.420), kK4OETN 0TV KON
evbeia € Tov kdBetV emmédwv o Kot T kot O to VoG g
& o10 eninedo 0. 'Eoto {1 evbeia Tov emmédov 6 mov ivan
KkéBetn otV € Kou epvaetl amo to O. Ot gvbeieg & kon § opi-
Covv v avtictoyn eninedn yovio g diedpng mov Exel ¢
£0peg 0VO Ao T TECGEPA NUIETITENN TOV EMMEOWV G KO
1. Ene1on ta enineda eivon kébeta, 1 avtictoyn nimeon g
otedpng etvar opONM. Apa, ot gvbeieg & ko € eivar kdOetec.
Tote 1 evbeia & eivan kKGO o€ dvo gVBEeies, TIg € Kot L, TOL
emmédov o, apa 1 gvubeia & eivon kdBetn oT0 G.

MOPIZMATA

1) Av dvo emimeda sivar kdbeta peta&h Tovg, TOTE N €V-
Oeio mov elvar kaOe 6TO MTPDTO KO SLEPYETAL OO
onueio Tov devTéPOV, PpickeTon 6To dEVTEPO EMimedO.

1) Av pia evbeia & elvar kG0et o€ enimedo 6, TOTE KO
eninedo mapdAAnio oty & ivon kGO0 61O EMiMESO ©.

111) Av 600 tepvopeva eninedo eivon kébeta oe eninedo m,
toTE M TOUN TOVG Elvan KGBETN OTO T

H ondoeién twv mopiopdtov 1) kot ii) eivot Tpo@avic.

1i1) Ta emimeda 6 Kot T TEUVOLV TO T KATA TIG €VOeieg € Ko
€ avtiotorya. Eotm O 1o xowvd onueio tov € kot € (oy.43).
Tote, n evbeia mov givon kKAOeTN 6TO T Ko TEPVAEL OO TO
0O, cbppova pe to TOpIoUa 1), aviKeL 6TO eminedo 6. AAAG
YL ToV 1010 AdY0 aviKel Kot 6To T. Apa givor 1 kowvn gvbeia
TV 000 EMIES®V.
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Av 80 emineda givon kGOeTa, TOTE KAOE £VO€ia & KAOETN oTO £va givan Tapdiinin
06TO GALO 1] UVI]KEL GE QVTO.

Anoédei€n

Amo to onpeio Toung O g evbeiag & kot Tov emmeédov
o pépovpe TV evbeia § (oy.44), kdBeTn oTNV KON €v-
Bela € TV 000 emmédwv. Eotw Z to onueio Topng twv
evbeimv € ko C. H gvbeia € etvon kéBetn oto eminedo T,
yoti omd TNV KATAOKELY] Elval KAOETN 6TV TOUN TV
000 kdBetv emumédwv. To eninedo TV TEUVOUEVOV
evBermv & ko C tépvel to T Katd v evbeia &, mov etvon £
KkéBetn oV  AOY® TG KaBeTATNTOG TOV EMTEIOL T
pe v evbeia & Ot evbeieg & ko &, eivon mapdAAnieg,
vt elvon kaBeteg oy gubeia { ko Ppickovtal 6t
eminedo (&, &,). Av 1o {yvog O g gvbeiag § oT0 © givan

E®OAPMOTIH

onpeio g gvbeiag €, T0TE M gvbeia § avikeLl 6TO T.
E Epwthoels Katavénons Osto Kou o1 EOpeEg.
o 1. Ildg Ppiokovue v avtioroyn eninedn | 3. 2ty édpa o diedpng €(o,1) divoviar 6vo
<<t Hiog otedpng yoviag, onueio B, I' ektog ¢ €. Na fpebel on-
= 2. [log kKotooKevaleTol T0 ERITEOO OV O1- peio A e Edpag T Tt010, oTE T0 TPiY™m-
W yotouel pia Siedpn ywvia; vo ABI " vo. givoi 1000Kkeléc kar opOoyawvio
N 010 A.
§ Aoknogis Eynédwons 4. Ao doauévo onueio O vo. KOTOOKEVATETE
2N 1. No xataockevdoete exinedo, mov OlEpyeTon EMTEIO T KADETO OF€ EMIMEIO O KOl TOPAA-
< a6 anueio O xai eival kGOeTo G doaLE- Anho oe evbeio ¢.
VO ETITENO . 5. Aivetar evbeia € kou emimedo . No kozo-
2. Na amodeilete 0t1 av éva eminedo eival OKEVATETE EMITENO TOV OLEPYETAL OTO THV
KGOeTO 0TNY Qi) pLag oledpns, ivol Ka- evbeio & kou givor kabeto oTo T.

ANAKEDAAAIQZIH

» Togc diedpeg Yovieg Exovv ioeg avtioToryeg eminedeg Kol avTioTPOPaL.
» KdBe eninedo mov diépyeton amd evbeia § kabetn o€ eninedo © etvan kdbeTO GTO M.

* Avo tepvopeva eminedo kaOeta oto T TéUVOVTAL 6€ gvBeia kKABeTN GTO T
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T

EFPX] npoponn onpeiou kai euBeias ot
eninegdo - Twvia euBeias kai1 emnédou

» MpoBoAn onpeiou kal euBeias o eninedo

"Exovpe oM opicel v mpoPoir| onueiov o€ eninedo otnv

§12.5. T'evikevovtag avtdv ToV OpIGUO EYOVLLE:

Opiopos |

OpOi wpofoin | aTAOS TPOL oL EVOS CYNUATOS GE
EMITTEDO Tt MEYETOL O YEMUETPIKOG TOTOS TOV 0pODOYV
PoforaV OAMV TOV GNUEI®V TOV GYNOTOS GTO ETi-
nedo.

To eninedo m Aéyetan emimedo wpofolis.

OEQPHMA |

H npoPoln evbeiog € oe eninedo m, mov dev givorl KABeTO
o€ auTn, ivon evdeio.

Av M’ givar 1) tpoPoin onpeiov M g evbeiog € oto eminedo
w, N evbeio MM’ (oy.45) etvan kaOetn 61O T, APCL TO EMITEDO
T = (g, MM’) givar kéBeto 610 T Ko 0T €' 1 TOUN| TV 6VO
emmédmv. Av mpofdiovpe To Tuyaio onueio N g € (d1d-
@opo Tov M), 1 TpofdAilovca gvbeia eivar TapdAinin ot
MM’ ka1 éva. onueio g (to N) aviketl 610 T, dpa Bo aviket
670 T Ko Oa Tépvel to 6 og onpeio N' g evubelag €'. Apa
nmpoPoin g € eivan 1) evbeia €'.

» lFwvia euBcias kal eninédou

OEQPHMA I

H yovia mov oynuortilet pio gvubeia &, mov téuver Eva emi-
TedO T, e TNV TPOPOAN TG €', etvan 1 pkpdTEPN Omd TIG
yovieg mov oynuatilel  evbeia € pe Toyaia gvbeia Tov 7
OV TNV TELVEL.

Oewpovpe onueio A g evbeiog € kol éotw A’ 1 TpoPo-
A T0V 610 T (0%.46). XNV TuYaia evbeia § Tov emmESOV
7 Tov mepvael and to O maipvovpe onueio B 1€tolo, dote
OA' = OB. IIpopavag éxovpe AA' < AB, yati n AA' eivan
Ka0etn oto eninedo. Ta tpiyova OAA’ kot OAB &xovv v



KE®DAANANAIO 12. EYOEIEX KAI ENINDEAA XTO XQPO

OA ko1 kot OA’ = OB kat AA’ <AB, dpa AOA’ < AOB.
H yovia tov evBeidv € kat €' givar 1) pukpotepn, Kabmg ot
N avicdTTa WYvEL Yia kdOe evbeia & mov mepvaetl and 1o O
Ko glvat d1dpopn ¢ €.

Opiopos Il
TI'wwvia evciag ko emmédov hEyeTor 1 YOvia TOV 6YN-
potifer 1 ev0eia pe v wpoPoin Tng 6To EmMimedo.

ZXOAIO

Toliés popég oty Prfrioypagio
n yovia gvleiog kol emimédov Aryotépo nquierinedo pwog 6iedpng &(o,t) Aéyetan To Neni-
Aéyeror kou KAlon evbeiag wg 7edo T OV £xEl MG apyIkn evbeio TNV akun € Kot yopilet ™
zpog eminedo. Emeldn ouws o 5ies 500 i Sics T , 5 .
Spoc "chion" éxer opiobel oty iedpm og 0vo ioeg d6iledpec. To avikeiptevo Tov d10TOLOV
AVEADTIKI] YEOUETPIR G 1) EQO- NuemédoL pog diedpng etvar o dryotodpo Npueninedo ' g
RTOUEVN YOVIOS, ATOPEDYOVULE avtikeipevng diedpng yoviag. To nueninedo m kot T oynpo-
™) XPNOIUOTOINTH 0DTOD TOV , . ieS 5 , 5ies ,

Gpov yiat v un yivezar obyyvon, tilovv éva eninedo mov dyyotopel T 6iedpn yovia Kot Tnv

- —1 avrikeipevn g Ko AEYETOL OLy0ToH0 Emimedo TG dledpMG.

O yeoPETPIKOG TOTOG TMV GNUELOV TOV ECOTEPLKOD PLOG KVPTIS diEdPNS TOV
W6aENOVV AT TIS £0PEG TNG €ivaL TO OLOTONO NUIETITEDO TN digdpnc.

Anoédei€n

Av MA kot MA’, (6%.47), elval o1 0mocTAGELS TOV
€0mMTEPIKOV onpeiov M g diedpng &(o,1), amod
T1G £dpeg 6 kal T, Eyovpe AM = MA'. Ot gvBeieg
MA xor MA' glvar opBoydvieg otnv axun €, og
KkdOeteg oto emineda © KoL T AVTIGTOLYO, KO ENEL-
on etvon tepvopeveg, opilouvv eminedo kabeTo otV
akun € mov v tépvel oto O. Ot gubeieg Toung
TOV EMUTEOOL ALTOV Ao TIS £OPEG G Ko T opilovv
mv AOA/, avtictoryn eninedn e Siedpng &(o,1).

E®APMOTIH 1n

o

Tote 10 tpiyova OMA kot OMA' givan ioa, yoti
glvarl opfoydvia 6Tic KopuPég A Kot A', £xovv TV Sxhua 47
OM xown koau MA = MA'. Emopévmg, ot yovieg

AOM kat A'OM eivor ioeg. Avtéc Opmc eivat ot avticTolyes eninedec Tov Sédpov
g(o,m) Ko &(T,T).

/)

Lk

AvticTpoga, av M givarl onpeio Tov nuemmédov T mov dryotouel T diedpn &(o,T)
Kol 10 TpoPdArovpe oTIc £0peg 6 kol T ota A Kot A' avtioTtoya, To tpiyova OMA
kot OMA' givar opBoydvia ota A kot A', xovv Ty OM ko kot AOM = A’'OM.
Enopévog MA = MA'.
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FrrEQMETPIA

Av 1 pio whevpd op)g Yoviag ivar mapdriinin o€ enimedo kol 1 GAAn dgv givan
Ka0etn 670 EMinMEdO, TOTE 1| YOVia TpofdrieTor g opO1.

Anoédei€n

Ocopovpe v opdf yovia ABT (0y.48), Tn¢
omoiog n mhevpd AB givar TapdAinin oto emi-
nedo T kot Eotw A'B'T' ) mpofoin g oto .
To eninedo 6 mov eival kdBeto oV gvubeio AB
oto B mepiéyer BT, apov ABLBT. To eninedo
oL mpofaiiel tnv AB 610 T TEUVEL TO T KOTA

v evbeia A'B’ mov eivan mapdAinin oty AB,

dpan A'B’ etvan kdBem oto 6. Emopéveogn A'B’

etvon kaBetn ot BT

Epwthoeis Katavéonons

1.

H npofoin A'B' evog evOoypopon tuin-
uatog AB o€ eminedo w Eyel unKog uikpo-
€O, UEYOLDTEPO N 160 pE avTO TOL AB;
11ote 16yver n 100TNHTO,

To uéoo evBoypoyyov TunuoTos TPoPail-
Aetar ot0 pETo NS TPOPOING;

. EvBoypouuo tunuo tpofidiletar o emi-

weoo. Tlowa mpémel va ivor i ywvio, wov
aynuatiCer Eva evBoypopo Tunpo. 1 To
emimedo, wote N TPoPoln Tov va el ui-
KOG TO 160 TOV KOS TOV,

. 1lote pio evbeia mpofialletor oe éva emi-

TEDO WS ONUELD;

Aoknoels Epnédwons

1.

Na. KaTaoKeVATETE ETITENO T TOV O1EPYE-
o oo evbeia & kou givor kGOsto o¢ eTi-
E00 T.

. No amodeilete ot1 av onueio M draipet

ev@dypauuo tunua AB oe Aoyo A, tote i
pofloin tov AB oe évo eminedo T, TOL
oev eivar kabeto oto AB, dioupeitar amo
mv wpofoli tov M atov idio Adyo.

. Av A'B'T" eivou n mpofoln tprycrvov ABI”

O€ EMITEDO T, VO. ATOOEILETE OTL TO KEVTPO
Sapovg K tov tpryayvov ABI” mpoficiletor
oto kévipo popoovg K'tov A'B'T”.

10.

No. amodeilete ot1 mopaiinles evbeieg
wpoforioviol ae mopolinles evbeies oe
EMITEDO T, 0TO OTOI0 08V Elvau KabeTeg.
No. omodeiéete ot1 n wpofoln mopalin-
Aoypaupov ABIA oe exinedo wr, mov dev
eivol kabeto oto eminedo Tov Tapolinlo-
YPOULUOD, EIVOL TOPOAAAOYPOLLLO.

Na. amodeilete ot1 n wpoPfoli opOng yw-
Viag o€ EMIMENO TOV TEUVEL TIC TAEVPES
¢ opOn¢ eivar ouPlreio ywvio.

Ta dxpa A ko B evBoypauuon qunuatog
AB anéyovv and eninedo w 20 kai 23 kau
o1 mpoforéc A' kou B' twv onueiaov A kou
B améyovv uetald toug 4. lloco anéyovv
ta. A kou B petolo tovg,

No. vroloyioete T0 UnNKog e TPoPorns
evBoypopon tunuatos AB unkovg o oe
enimedo , Otav N ywvia 1ov AB w¢ mpog
70 T givai:

i) 30°, ii)45° kou iii) 60°.

Na karookevaoete vbeia wov va oynuo-
ile1 yovio 60° e exinedo m, va. dIEpyeTOL
om0 onueio A tov T ko Vo Ipofalietor oe
evleia € Tov T, WOV AIEPYETOL OO TO A.
Na omodeiete 6t1 0 Adyog Twv mpofolav
000 evB0YpouUOY TUNUGTOY THS 010G EV-
Oelag 1000T01 1E TO AOYO TWV TUNUATWV
oVTOV.




KE®DAANAIO 12.

EYOEIEZX

KAI ENINDEAA

ITO XQPO

Anobeiktikés AoKhoels KOTOOKEVAGETE EXITEDO T TOV VO, TEPIEEL

1. Av o ko1 T eivar 0vo Teuvoueve eximedo, v AB této10, dote i) ywvio I vo mpofa-
kot O onueio tov o, vo omodeidete 0t1 N Jetar wg opOh.
evbeia 70V ¢ 7OV 518exgtal ano 0 O kou 5. Edv colbypagio tuiua AB &yt ta drpa
OXMH mlc‘?l o) peyoliep i17OVIG [E TO T 70V ETTL TV POV ULAS OIEOPHS YLVIAG,
etvou n kaBetn atny ko evbeio. €. 166 10 Sry0THI0 EXITESD THE SiEdpC o>~

2. No amodsiete 011 T emimedo. OO €Ival pile1 10 AB o 860 wuipora, avéioye twv
KGOeTa 0T0 ETIMEIO EVOS TPLYDOVOV KOL TTE- anoctdoewy TV drpwv A kot B oxé v
PLEYOVV TIG OLYOTOUODS TOV TPLYDVOV Té- akuuf e Siedpng.
uvovrai oe pio vleio.

3. Na anodeicete 6n oe otpefio weipdmier- | 0 AV féva anueio 4 ‘”féxgl fxno' 87”’”85? T
po ABIA, mov éyel tig un Sradoyixés miev- an6ataon 6 kot ano evfbypoyiuo i
péc ioec, n evbsia wov cvvdéer to uéca BI" o0 T aooraon 10, va amodeilete ot
TV O1ayWVIwY 100 VAl Koivi] KAOETOG 70 uPadov e mpofolis Tov ryvov
TV S10yWVIOY. ABI 1000t01 e 4 700V EUfodod Tov TpI-

4. Aivetar évo ovywvio tpiywvo ABI! Na POVOD. 5

APAXTHPIOTHTEX

1. No KotaokevdoeTe TV avtioTtoyn enimedn piag diedpng yoviag.
Evollaxrtikn katackevn avtiotoymng enimedng pog 6iedpng, pe subeieg kbeteg otig £0peg
o€ £va, oNUELD TNG OKUNG.

2. Na peretoete v tpofoin Tptydvov ce eninedo. ['a o epPfadov E tprydvov va amo-
dei&ete 611 oyvel E' = Ecvve, 6mov E’ 10 gpfaddv g mpofoing kot ¢ 1 yovia Tmv d0o
EMTEOWV.

ANAKEOAAAIQXH

Mia evBeia eivon kdOen o€ éva eminedo av:

* 1 gvbeia elvar kdBetn og dvo gvbeieg Tov emmédOVL,

* 1 gvbeia elvar kdBetn og pio evbeia Tov emméESov Kt opHoymvia o€ pio GAAN Kot
* 1 evbeia givor opBoymdvia og 6H0 gvbeieg Tov EmTESOL.

I'evikdtepa, 1 evbeia eivar kaOetn o éva eninedo, av elvar kdBetn 1 opBoydvia 6e dVo
evBeieg mov eivan TapaAAnieg 610 emimedo.
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2N 1. Na fpebei 0 yewuetpikdc tomog twv on- evleia €, TPETEL KA1 OPKEL 01 ATOCTOTEIS
™ HELWV TOV YDPOL TOV LOATEYOVY OO ODO oV onueiov A kot B amo to emitedo
5 Tepvoueves evbeieg € kau ¢. (g, B) kou (g, A) avtiotorya, vo. givai ioeg.
Q 2. A‘f dvo 87{"7[‘950‘, ’[é,uVOV‘L’OEl o¢ gvﬁg,z'a & 6. No amodeilete 611 av M, kou M, eivai o1
i Kale 81)9’810! é‘icaﬁgmr oto éva, pofalre- rpoforéc onusion M oe b0 tepvéusva
I~ 701 070 dAA0 o€ evbsia kdbetn oty é. emineda 7, ka1 T, 01 TpoBoéc Twv M,
E 3. Adivovtai dvo acvufareg evbeies € kou ¢, K1 M, oty Tous couminrovy.
= OV GYNUOTILOVY [ES YWVIES UE ETITEIO T
Ko éyovv mpoPoléc ato exinedo m evbei- 7. Aivetar otpeflo tetpdmievpo ABIA ko
ec mapdiiniec. No. amodeiete 6t blec o eninedo w. No. fpeBodv téooepic evbeieg
evleiec mov ovvavtovy Ti¢ € kou & kal gl- TOPEIANAES TOL TEPVAVE OTO TIG KOPVLPES
VOl TOPOGAANAES OTO ETITEDO TT, GVLVAVTODY A, B, I' kou 4 kou Téuvovy to o€ onpeio
uio gvbsio wov eivau kdbety oo T. A', B', I'" kou A', date to A'B'T"A" vo ivou
4. No amodeilete 011 kdbe evOeio wov Téuvel ROparNAG)PaO.
TI¢ £0peg piag diedpng ywviag oe onueia 8. Av ¢ ka1 &' givar dvo aovuPfores evbeieg
OV LOGTEYOVY A0 TV aKul] TS, ox1]- ka1 M, N givou dvo onueio g €, ovpue-
Hatilel I0eg ywVIES (e TIC EOPES KOl OVTi- WiKé ¢ TPOS TV Ko KGOETO TV € Kol
OTpoYo. &' va amodeilete ot1 avtd 100mEYOVY OO
5. [lia va iooméyovy dvo onusio A ko B and v &' ka1 avtioTpopo.
«lewuetpirés
2ovbéoeicy
A. Typviaxog
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2TEPEA IXHMATA

270 KePAANL0 0VTO Bol LEAETHGOVIE dVO OIKOYEVELEG GTEPEDY GYNUATMOV, TA TOAVEIPO KoL TOL
oteped €K TEPOTPOPNS. Ta ToAVESpa amoTEAOVVTAL OO TUNLLOTO EMTEOMV, KATAAANAO TOTTO-
Oepéva, dote va oynurotilovy £va KAEIoTO 6TEPEd GUVOLO. YTAPYOLV TOALG €101 TOAVESP®V,
€00 OPMG Bo peAeToOLUE T OTAOVGTEPA OO VT, OGS £ivol TO TPIGHOTO KoL O TUPOLUL-
dec. Ta oteped ek TePIOTPOPNG HE To omoia Oa aoyoAnBovpe eivat 0 KOAVIPOS, 0 KOVOG Kot
n ooaipa. Ta oteped avtd Aéyovtal £tot yloti oynuotilovion Katd TV TEPIGTPOPY| EMMEI®V
OYNUATOV, 0TS Eivat To 0pHOYDVIO TOPAAANAOYPALLLO, TO 0pOOYDVIO TPIY®mVO KOt 0 KUKAOC.
Ta moldedpa amotehovv pio Kotnyopio oYnUATOV TOL YOPOL, T omoia Tapovstdlovy Bew-
PNTIKO EVOLAPEPOV, EIVOL OULMG YPNOLLO KOt atd TAELPAG EQAPUOYNG GE O1APOPOVG TOUEIS TG
TEYVOLOYIOG KOl TNG TEXVNG. ZTIS OBPOPES EPAPLOYES YPNCUYLOTOLOVVTAL Y10l VO TPOGOLOLI-
Couv oyMUaTe TOL PLGIKOV YOPOL TOL GLVAVTALE YOP® HOG KO EIVOL GNUAVTIKEG Oyt LOVO O1
HETPIKEG aAAG Kot 01 KaBopd YEOUETPIKES WOLOTNTES TOVG.

Hvpaouido, eicodog aro
uovaeio tov Aovfpov,
Hopior (1989).

Apyitéxtov o Tiéo My Tlé.
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EERT nepi noduédpwv

210 KePAAato 12 pekemnoapie Tig HiedPES YOVIES, TO CYNLOTOL
OMA0OT TTOL AITOTEALOVVTOL ATTO OVO TEUVOUEVA ETITEDNL. XTO
KepdAato avtd Ba yperasBovpe v Evvola e Tpiedpng N
TOAVESPIKNG YOVIOG, TO GYNHOTO dONAdN oL oynpatilovtan
N amoteAobvtal amd Tpia 1 teplocoOTEPQ ENineda. Alvovpe
Aoudv Tovg aKOAoLHOLE OPIGHOVG,.

Opiopés |

Tpicopn ywvia Léyeton 1o oyfqpo. tov Kobopiletar oo
Tpes nuievdeieg Ox, Oy ko Oz, pe ko apyn O, Tov
ogv givan ovverineodes.

To onueio O Aéyeton Kopoeij TS Tpiedpng, ot nuievbeieg OX,
Oy kot Oz Aéyovton axués g tpiedpng. Av A, B ko I givan
Tpia onpesio oTig akcpég TG Tpiedpne, ot yovieg AOB, BOT
kot TOA Méyovtau édpec 1 emimedes ywvies TG Tpiedpng
Kot T€A0G o1 diedpeg yoviec g tpiedpng eivar OA(B.I),
OB(A,I') ka1 OI'(A,B) pe axpég 1ig OA, OB kot OI' ko
£€0pec ta Tpia enimeda wov opilovv ot axpég ava dvo. H tpi-
€0pn yovia cvpuPoiileton pe O.ABIT 1 O.&Ce, 6mov &, C ko
& etvan o1 akpég ™ tpiedpng (oy. 1).

Mia toyoio nuevdeio OX Aéyetar ecmtepikn TG TPIESPNS
O.ABI" av n OX tépvet 1o tpiyovo ABI 6g ecmtepiko on-
peio X. 'Eva onueio X tov ydpov yopaxtnpiletal og ecm-
TEPIKO OV OVIKEL O€ pia ecmTEPIKN Mevdeio OX.

AvtioToryoc optoog diveTal Kot ol TV ToALESPIKN YOVvia.

Opiopés li

Ioivedpikij yowvia LEYETAL TO GYNO. TOV ATOTEAEITOL
and v owateTaypéves nuievdeiec OA, OA,, ..., OA,, pe
Kow1] apy 1o onpeio O, Tov avd TPELS SO0 IKES OEV
givar ovveninedeg (oy.2).

To onpeio O Aéyeton Kopveij THS TOAVEIPIKHS, OL NELOET-
€G Aéyovtal arkuég, avlé dVo 0100y IKES aKkpES opilovv pia
&opa N emimedn ywvia ko1 ovd 500 d10d0y G £dpeg opilovv
pia diedpn ywvia ™ TOAEIPIKNG OTEPEAS YOVING.

Mia ToAvedpiKY| Yovia pe TEGoEPLS, TEVTE KTA. OKUEG AEYe-
TOL OVTIOTOYO TETPAEDP, TEVTAEIPY KTA. YOVIAL.
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Mia moAvedpikn yovia AEyeTol KVPTI, OV TO EMITESO TNG
KGOe £0pag apNVEL TNV TOAVESPIKT| YOVia GTO 1010 HEPOG
TOL YDOPOV.

Opiopos il

ATAO TOAVEPO | TOAVEIPO | V-E0PO AEYETUL TO TETE-
PUCUEVO GYNLO TOV JOPOV, TO OTTOI0 TEPIKAEIETOL ATTO
V EMITESU TOAVYOVIKA GYNUATE, TOV AEYOVTAL £OPES
TOV TOAVESPOL.

O1 £dpeg TOL TOAVESPOL OITOTEAOVV TNV EMPAVELD TOV TO-
Aédpov. H kdBe mhevpd TV £dpdv avikel o dVO axpimg
£0peC KoL Aéyetan axur Tov moAvEdpov. H kabe kopuen tov
€0PMV OVIKEL GE TPELG 1) TEPLIGGOTEPES EOPES TOL TOAVESPOL
Kot AEyETOL Kopo@n ToL TOAVESPOL. Eva moAbedpo Aéyetat
KVPTO, 0V TO EMimed0 TG KAOE £5pag apnvel OAOKANPO TO
TOAESPO GTOV Evay NULYDPO. AvtifeTa, av VTAPYOVY KO-
PLOES TOV TOAVEGPOL TTOL Ppiokovtor ekaTEPBEY TOL EML-
€S0V piag ToVAGIoTOV £0pag, TOTE TO TOAVESPO AEyETaL
Uy kopto. Zto Pirio avtd Ba acyoinbovue pdvo pe koptd
TOAVEDPO. XTO GY.3 TOPLOTAVOVTOL LEPIKE KUPTH TTOAVEIPOL.
210 oy.4, 10 onueio A givar pia kopoen, To Tunua AA gival
uio axpn kot to teTpdymvo AAA'A’ givon pio £dpa Tov €1-
Kovi{opeEVoL ToAHESdPOL OV AEyETOL KUPBOG.

Ava 600 01 KOPLPEG TOL TOAVEIPOV TTOL OEV OVIIKOLV GTNV
dw £dpa opilovv evBhypappa TuNpaTo TOV ALyovTtal dta-
y@vior Tov ToAvédpov. Eniong, avd tpelg ot KOpueEg Tov
TOAVEOPOV OV dEV AVIKOVY GV 101 £0pal opilovv emimeda
OV AEYOVTOL d1aydvia EXiTEdA TOV TOAVESPOV. XT0 T).4
10 eminedo AAI'B' etvan éva draydvio eminedo Ko To T Lo
AT pia Saydviog Tov KOPov.

Evdeitikd avagépovpie Lepikéc TPOTAGELS TTOL 10YDOLV GTA
TOAVESPOL:

* O £0peg eVOS KUPTOV TOADEOPOL KL OL ETITEOES TOPES
TOV givor KVPTE TOADY@VO.

* KaBg gvlscio tépver £éva kKupTd TOAVESGPO TO TOAD o€
o0vo onueio.

* Av K givan To 005 TOV KOpLO®OV, A TO TA00C TOV
akpoVv kot E 1o 1A 00g Tov £6p®@V amhov morvédpov,
woyver n oxéon K— A+ E =2 (Oeopnpuo tov Euler).
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Mpiopata

Im Opiopds kal otoixeia tou npioyatos

» Mpiopaukn enipaveia

Bewpovpe o€ Eva eMimedo T pio KAEIGTN TOAVY®OVIKN YPOLL-
U He v kopueEg kot pio eubeia g, mov tépvet to . To ob-
VOAO T®V gvBeIdV Tov elval TapdAANAES GTNV € Ko dép-
YOVTOL OO TOL ONUELD TG TOAVYMVIKNG YPUUUNG AEyovTal
yevérelpes (6).5) Kol GLVIGTOVV pia EMPAvELR TOV AEYETL
apiopatiky empavela. H molvyovikh ypopuun Aéyetot oon-
y0¢ ypopun. O1yeVETEPESG TOV OLEPYOVTAL OO TIG KOPVOES
NG TOAVYMVIKNG YPOUUNG AEYOVTOL AKHES TNG TPICUATIKNG
emeavelas. To GHVOAO T®V YEVETEPDOV, TOL TEUVOLV pia
TAELPA TNG TOAVYOVIKNG YPOUUNG, oynpatilel pio emimedn
eMPAveELD TOL AEYETOL Edpa TG TPIGUOTIKNG EMAveLns. H
TPICUOTIKY ETUPAVELL AEYETAL KOPTH Y| U KOPTI], AV 1) OON-
YOG Ypopun glvar Kopt 1 Oxt. Zta emdpeva Oa acyoinbodpe
e KUPTES TPIoUATIKES empaveleg. Kdbe eninedo mov tépuvet
pio o) Oo TépveEL OAES TIG AKUEG KoL T) TOAVYMVIKY] YPOLLUN
OV GYNUATICETAL AEYETAL EXIMEIY TOUI] TNG TPIGUATIKNG
empdvelag. apdrinia enineda TELvovV TNV TPIGUATIKN
eMPaveln 6€ 106G TOAMYOVIKES YPOUUUES. AV TO EMIMESO TE-
pvet kéBeta TIc aKpES, TOTE 1) TOUT AEyETON KABETN TOU]].

» Mpiopa

To o1eped oynua mov mepikieieton peta&d 000 TapoAinimv
EMMES®V KAl P0G TPIOUOTIKNG EMLPaveLng (6y.6), cuume-
prAapfovopévey Tomv eTinedmv Topav, Aéyetot apicua. Ot
000 ioeg ko TapdAAnieg Topég Aéyovtal facerg Tov mpi-
opatog. Kabe evboypoppo tpupa mov €xet dkpa ota nine-
da twv Bacewv ko givarl KaOeTo o avTd AyeTon dwog Tov
npicpatoc. To TunpaTo TV 3pdV TNG TPIGUATIKNG ETLPA-
VELog oV TTEPIKAEioOVTOL HETAED TV EMITEI®V TV PAcemv
elval TopaAANAOYPOLLLLO KoL AEYOVTOL TAPATAEVPES EOPES
0V TPpicpatog. To TUNHOTO TOV AKU®OV TNG TPIGHATIKNG
empavelog mov meptlopPavoviot petald TV EMTES®V TV
Baoewv Aéyovian mapdmrisvpes axués Tov npicpatoc. Ot
KOPLOES TV Phoemv Ayovtal kopvpés Tov mpicuatog. Ot
TAEVPEG TOV PhoemV AEyovTal akuéS Tov TPIGUATOG. AV
o1 Baoelg tvar kdBeteg Topéc, to mpiopa Aéyetar opfo. To
PG AEYETOL TPIYWVIKO, TETPAYWVIKO, V-YWVIKO, OV Ol
Baoeic Tov givar tpiymva, teTpdmievpa, v-yova. To mpicua
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Aéyeton Kavoviko, av givor opOo kat ot faocels etvart Kavovika
moAvyova. 'Eva mpicpo onuetdvetot ypaeovtag Tig Kopupag
TOV TOAVYMVOL TNG piag fAong 10 GOUPOAO — Kot GTN GUVE-
YEWL TIG KOPLOES NG AAANG Pdong pe v idwa popd. 'Etot,
TO TEVTOYMOVIKO TPIGHO TOL EKOVILETOL GTO GY. 6 YpAPETOL
ABTIAE-A'BT'A'E'.

Av o1 Bdoelg evog Tpiopatog etvot ToapaAnAdypappio, TOTe
T0 Tpicpa Aéyeton wapaiinleninedo (oy.7). Av to mpicua
etvar opB6 kot ot facelg eivar opBoydvia, To Tpicpo AdyeTal
opBOoymvio wapalinieninedo (6).8). EwdwodTepa, av 10 op-
Boydvio Taporinieninedo £xel OAEC TIG OKLES 10EC, AEyeTan
Kvfog (0).9).

Ao T TOPATAVE® TPOKVTTEL OTL GE KOO TTPicpa 1oHOVY
0l TPOTAGELC:

* 0L apamievpes £0peS Eival TAPUAIAOYPOppT,
* ol mapamievpes oKpég sivan ioeg,

* o1 Baosig gival iosg.

EEE] Napaddnieninedo - kGPos

Ot amévavtt £0peg evOg mapaAINAemmédon etvar {oeg Kot
TAPOAANAES.

"Ecto to maporinieninedo ABIA-A'BT'A’ (6y.10). Ot amé-

vavtt €6peg ABB'A’ kot ATT'A’ €xovv:

AB=//AT" an6 10 maparinrdypaupo ABIA, AA'=//AA" amd
mv £€8pa AA’A'A kou BAA' = TAA’ yiarti éxovv mhevpég mo-
PAAANAES o TPOG pia Kot OpOpPOTES. ApaL, T TOPUAANAO-
ypoppo glvat ioo Kot To Enimedd Toug TapaAANAQL.

Amo 1o Bedpnuo ovtd TPOKHTTEL OTL UTOPOVUE GE £Vl TTOL-
paAlnAeninedo va Oewpnoovpe omolodnmote (g0yog omé-
vavti €dpav g Pacetls. Kabe axun evog mapoarliniemmédon
glvat ion pe Tig TapAAANAEG TG, ETOUEVOS O AKUEG TOV TTOl-
poiAniemumédon ywpilovtal o€ TPELS TETPASES GOV AKULMV.

Ot mapdmrevpeg £6pec 0pBov mpicpatog etvar opBoymvia.
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Yxnua 12

Opiopuods

Araotdoels evog oploydviov wapalinlemmédon hEYo-
VTOL TO, K1 TOV TPLOV CKPUAV TOV £(0VV KOLVO TO
éva GKpo Tovg.

©EQPHMA I

Ye k6Be opOoy®VIO TAPUAANAETITESO TO TETPAYM®VO TNG
dary@viov 6 1600TaL LE TO AOPOIGLA TOV TETPAYDVAOV TOV
TPLOV S10GTAGE®V TOL 0pHOYDOVIOV TAPUAANAETITESOV,
SnAadn 8°=a’ + B>+’

Amo 10 opBoymvio tpiyovo AAT (oy.11), mpokdmtetl 6TL
AT =AN + AT’ S AT =a’+p> ().
Amo 10 emiong opBoymvio tpiywvo AI'T” €yovpe

AT?=AT’+IT? & 8 =AT+9°  (2)

Avtikadiotdvtog ot (2) to AL amd v (1), £xovpe To
{nrovpevo: 8> =a’ + B>+ 7.

H duoydviog & kHPov axung o sivor d = a NEY

EEXA Métpnon npiopatos

» EpPadoév emgpaveias opOoU npiopatos

H emodveia evog opBod v-yovikod npicpartog (oy.12) amo-
teAeitan amd v mapdmievpeg £0peg Kot 0vo Paoets. To epPa-
d0v ¢ mapdmAevpng empdavelag opfov mpicpatog E, eivan
10 dOpotcpHa TOV UPAdDV TOV TOPATAEVPOV EGPDOV TOV
TPIoUOTOG EVA TO EUPAOOV TNG OMKNG EMLPAVELNS TOV TTPi-
opatog E, etvar o dBpotopa tov epfadod g mopdmievpng
EMPAVELNG Kol TOL eUPadod TV dvo Pdoewv. Av v glval To
VYOG ToV 0pBOY TPIGHATOG KO Oy, Oy, ... O, EIVOL TOL LAKT] TOV
TAEVPOV TOV BAcewV, TOTE £yovUe TNV aKOAoLON TpdTACT).

NPOTAZH

To epPadov tng mapamievpng emeavewog E, ko tmg oh-
Kn¢ em@avelag E, evog opBov npiocpatog pe Hyog v kot
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PNKY TAEVPAV TOV PAGEOV 0Oy, Uy, ..y O, OIVETAL ATTO TIG
oyéoeig:

E,=sv xau E,=E_+ 2B,
omov s givar N mepipeTpog ko B 1o gpfaddv g piag
paonc Tov.

KaBepio and 11¢ mapdmievpeg £6peg eivar opboydvio ma-
POAANAOYPOLLLLO, TTOV 1| pio TOL TAEVPA elvar iom pe To Hyyog
v T0V 0pBoV TpiopaTOC, EVO 1 dAAN TAEVPA ivar pio amd
TIC TAELPEG TV iomVv Bdcewv. To epfaddv Aowmdv g ma-
pamievpng emeavelag Tov ophol mpicuartog E, divetar and
T oxéon:
E.,=ov+ta,-v+.+o,-v=(a,+0,+.+a) v=s-v,
omov s glvar n mepipeTpog g Paocnc.
Av B givat 10 epfadov g Bdong Tov opBov mpicpartog, To
eUPAdOV TNG OMKNG EMPAVELNS TPOPAVAOS OTVETAL AT TN
oyéon

E,=E,+2B.

» Avantuypa opOoU npiocpatos

BOcwpovpe to 0pH6 TETPpAYOVIKO Tpiopa ABTA-A'BT'A’
(oy.13). H mapdmievpn emedveia Tov mpicpotog amoteleiton
amd opBoydvia TOPUAANAOYPOLLLLOL, TO OTTOT0L OIS AVIIKOLV
oe dapopeTikd eninedo. Kataokevalovpe 1o avdaroyua g
TOPATAELPNG EMUPAVELNS TOV TPIGHOTOG G ENG: XT0 emime-
00 piag £0pag Katakriivovue dheg TG £0pEG TOV TPICUATOC
LE TN GEPE TOV AVTEC Eival TOTOOETNUEVES GTO YDPO, GOV
va EeTuAlyov e TIG TaPATAELPES £DPEG TOV TPIGUATOS KO TG
dv0 Baocelg Tov mhve oto eminedo piog £6pag. To oy Tov
TPOKVTTEL OO TNV AVATTTUEY TG TAPATAELPNG EMLPAVELOG
TOV TPIGHOTOG amOoTEAEITO aTtO 0POOYDOVIN TOPOAANAOYPOLL-
po icol e TIS avTIoTOLEG £PEG TOL TTPIGUATOC, TOTOBETUEVLL
70 évo. Oimhal 6TO GALO, LE TN GEPA TTOL Ol AVTIGTOLYEG EOPES
elva TomoBetnpéveg 610 YOPO. AOY® TNG 1GOTNTAG OVTNG,
0t TO OVATTTUYLOL TOV TTPICUATOG LITOPOVLLE VO VITOAOYIGOV-
pe 10 UPadOV TG TAPATAEVPHS KO OAKNHS EMPAVELOS TOV
TPIGHOTOC Ko YEVIKA vor AOGOVUE TPOPANHOTA TTOV £XOVV
GYEOT LE TNV EMPAVELL TOV TPIGUOTOC.

Ao 10 avamTuyo TOL TPIGUATOS LTOPOVLE VO, KOTOUGKEVA-
GOVLLE TPOKTIKE TO Tpicpa. Av, ONAadN, KOYOLLE TO GYN LA
A Bl AAAATTBA) e éva waAidl Kot Toakicovpe To

151



EYKANEIAEIA TEQMETPIA

V:V1+V2

K’ K

152

yoptTi Katd unKog twv vduypoppev tunpdtov BoB), T\
Kot AyA), OGTE VO TAVTIGTOVV T, OVO VOVYpOLLLLL TUALATOL
pe dxpa ta onueia A, kot Ag, Exovpe Evo Tpicpo pe avto
t0 avémtuypo. [o va KataokevdoovLe TO GLYKEKPLUEVO
npiopa ypealopacte Kot Tig 000 PAGEIS TOV, MOTE VO TPOG-
dtoptotovv ot diedpeg yovieg Tov TpicpaTod.

Amd 10 avémTuypo Tov TPicHOTOC Etval @avepd 6Tt To pfa-
OOV NG TapamTAevpng empdvelag opHov mpicpoTog 16ovToL
pe to guPadov opfoydVIOv TAPUAANAOYPAULOL TOL 1 Hia
TOL TAEVPE €lval TO VYOS L TOL TPICUOTOG Kot 1) GAAN TOV
mAgvpd gtvar n mepipeTpog piog faong tov.

» ‘Oykos npiopatos

Opiopods

Oykog evog molvédpov Il pe povada pétpnonc to
nmolvedpo I1' Aéyetan 0 aprOpoc mov dnridvel 0TL TO
nolvedpo Il yiverar pe emavaiqyeis tov I’ 1] Tov
REPOV TOV.

O 6ykog dnAaodn givarl o Loyog 600 moAVESpmV Ko etvar Oe-
TIKOG apOpde. Qg uovada uétpnons twv oyxwv AopPave-
Tol 0 KOOGS pe akun pijkovg pia povdoa. Ao morvedpa

Aéyovtan t6odvvaua av £xovv i6ovg dykovs. Tov dyko evag

moAvédpov I1 tov cupPoriCovpe pe (IT).

Id10TNTES TOV BYKOVL:

* Avo ioca molvedpa £xovv icovg dyKovg.

* To pépog £vog TOAVEIPOV E£YEL OYKO PIKPOTEPO TOV OP-
YUKOV TTOAVEIPOV.

* Av éva molvedpo yoprodel og GAla TorVESPO, TA
0Ttoia HEV £Y0VV KOIVA E6TEPLKA onueia, TOTE 0 OYKOG
TOV OPYLKOV TOAVEIPOV 160VTUL pE TO GOpoIGRA TOV
oYK@V TOV nep@v 1ov (oy.14a). (Ta eninedo oynuota
€xouv undeviko 6yKko).

>10 oy.14P £yovpe éva mapdderypo pETpnong Tov KOfov

K pe povada tov koo K'. Eneidn o k0fog K’ d¢ yopdet

axépaieg popéc otov ko K, vrodiapovpe tov ko K’ o

pkpoTEPOLS KOHPOVG, €0 o€ 8, Kot 0 kKOPog K yiveton pe 27

1 27
EMAVOAMYELS TOV ) tov kOPov K', dnraon (K) = ry (K.

Enopévag, pe povdoa tov koo K’ o k0fog K €yet dyko:

271 _(3)
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AmodekvoeTat 0Tt 1oYVLOLV Ta aKOAoLO BempnpaTa:

OEQPHMATA

1) O 6yxog V opBoymdviov maporiniemimédon 1covTal
UE TO YIVOLEVO TOV TPLOV SOCTAGEDY TOV, SNANON
V = afy (oy. 15a).

i1) O 0ykog V kdOe mopalinienmédon 1Go0TAL LUE TO

ywvopevo tov gppadov g Baong B ent 1o avtictoryo
vyog v, onAadn V=B - v (oy.15p).

MOPIZMATA I

O 6yKOG KOPOV OKUHG LAKOVG 0 IGOVTOL LIE O .
* O 6yKkog evog ophoydVIoL TAPAAANAETITEOOL 1GOVTOL
pe 1o euPadov g Pdong Tov mi T0 avTicTor0 VYOC.

Av tunoovpe éva mhayto wpiopa (. 16a) g Vo pépn pe éva
eMinedo KAPETO GTIG AKUEG TOV, TOL TO TEUVEL PETAED TmV BA-
GEMV, KOl LETOKIVIICOVLLE TOL SV0 PEPN €161 MoTE va EpBovy o
€A1 ot 0o Paocelg Tov Tpicpartog, TovTilovtog Tig avTicTot-
YEG KOPLOEC, TOTE dnpovpyeitor Eva opbd mpicpa (oy.16P)
mov €xel Phoetg ioeg pe v kabetn Toun Ko Hyog ico pe v
oK ToL Tpicpatoc. loybel dnAadr| To emopevo Bempnpa:

OEQPHMA |

Ké0Oe mhayo mpiopa eivor toodbvaypo pe opHd mpicpo mov
&xel oG Paom pia kdOBetn TopUr| TOL TAGYLOL TPIGLOTOC KOt
®G VYOG TNV KUY TOV.

Onog eldape mopandve, o 0ykog evOg ToPUAANTETTEIOV
1600TOL LE TO YIVOUEVO TOL eUPadod TG Pdong ent To avrti-
6toro Vyog Tov. Topa Ba amodeiovpe 6TL VTO 1GYVEL OE
KGO picua.

OEQPHMA I

KéBe daymvio eninedo evog maparlinAemmédon o xopi-
{el o€ 600 160dVVapa TPLY®VIKG TpicuaTA.

Av 10 Taparinieninedo ivar opBo, ywpileton amd éva dio-
YOVI0 emimedo o€ dvo ioa opBd mpicpata, mov £yovv iceg
Baoeic kat ioo Hym, emopévmg eivat 16odHVaLLA.

‘Eotw ABI'A-A'B'T'A’" tuyaio mtapoarinieninedo ko ['TAA’
éva dtayadvio eninedo (oy.17), mov to ywpilel oe dvO TPI-

153



EYKANEIAEIA TEQMETPIA

yovikd npicpota. Av KAMN eivol pio topn kabetn otnv
axun AA’, 10te, cuppova pe 1o Bedpnua I ot dykot twv 600
npopdtov ABI-A'BT eivar (KAM) - AA” ko (KMN) - AA’
avtiotoyya. AAMA AA" = AA" ko (KAM) = (KMN), 161
10 KAMN eivar mapaiinidypappo mov yopiletal amd
Srydvid Tov Kot o€ 000 ioa tpiymva. Enopévag ta 6vo npi-
oHOTO EIVOL IGOSVVALLOL.

yxnua 17 MOPIZMATA I

1) O 0ykog Tpry®viKoD TPIGLOTOG 1IGOVTAL LE TO YIVOLLE-
VO TOL UPadOD NG TPLYOVIKNG faong et To KOG,

ii) O oykog kdOe mpiopatog lwovToL pe To EUPAdOV TG
Baong ent to vyoc.

1) 'Eoto to tpryovikd npiocpa ABI-A'BT' (oy.18). Zyn-
patifovpe to mapaiinieninedo ABIA-A'BT'A’, tov
omoiov 0 OyKog 16GovTAL LE TO YIVOUEVO TOV EUPOOOD
¢ Pdong eni To VYoc. Opwg, to daydvio eninedo
I'TAA" ywpiletl 10 mapaiinieninedo o€ S0 1G0OHVap
TPLYOVIKA Ttpicpata. Apa, 0 0YKog V Tov Tprymvikon
npiopatog dtvetor and T oxeon:

1
V= ey eUB(ABIA) - v=¢eupB(ABI') -v=B - v,

B

omov B 1o eufaddv tov prydvov g Pdong ABI kot v
70 VYOG TOV TPIGUATOG.

i1) Eeappolovpue 1o ITopiopa i) o k4O Eva amod ta (v—2)
TPYOVIKE Tpicpato oto omoio yopiletot Eva v-ymvikd
npiopa and to dly®via eximeda Tov d1EpyovTaL amd
pio TopamAevpn oK Tov.

O Téo0EpIg OLOYDVIOL EVOS TOUPUAAAETITEOOV OLYOTOROVVTAL.

Anoédei€n B
‘Ecto 10 moporinieninedo ABIA-A'B'T'A’ ko ot duo- .
yovior AT, AT, BA' ka1 B'A (6%.19). ®a amodeiCovpe ANre N -~ /A
OTL VO amd aVTéG, 6t ot Al kKot A'T dryotopovvrat. - 0

To tetpdmievpo AAT'T givor moparAAnAdYpapLo, S10TL ’ B
&xel 000 amévavtt mAevpéc, TIGAA ko I'T', ioeg kan - A A
POAAIAES, (OC TOPUTAEVPEC OKHES TOV TAPAAANAETUTE-
dov. Emopévag ot dtarydviol tov dryotopovvrat. Opota amodetkvieton 6Tt 1) 010ydviog
AT dyyotopeiton pe tic BA' ko B'A.

E®OAPMOIH
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Aoknoels Epnédwons

1.

10.

Na arodeilete 0t1 10 DYog TAGY10D TPI-
OUOATOG EIVAL LIKPOTEPO OO THY OKUI] TOD.
Na amodeilete ot o1 kabeteg Toués opHod
TPIloUoTog Elval loeg Ue TG PATEIS TOV Kol
70, DY 100 e TIG OKUES TO.

No. arodeilete 011 0)EC 01 aruES TAGYIOD
TPIOUOTOS TYNUOTICOVY [0EC YWVIES UUE TOL
EMITEDO, TV fATEWV.

Kavoviko tprywvio mpioua Exet Dyog o
Kai faon 160TAEVPO TPIYWVO TAELPLS O
Na vrroloyioete t0 eufodov e OMKNG
EMPAVELOG KL TOV OYKO TOD TPLOUATOG.

No. vroloyioete 10 eufadov e oAKNG
EMLPAVELOS KAVOVIKOD TPIOUOTOS DYOVS
0 e faon Kavoviko Toloymvo EYyEypoLL-
HEVO o€ KOKAO aKTIVOS p, av 1] Pdon eival
iYWV, TETPAYWVO 1 £CAy@VO.

No. amodeiéete 6m kabe evfdypoyuo qunuo.
OV OIEPYETAL OTO TO KEVIPO TOPOAANIETI-
TEAOV KO EYEL TO. GKPO, TOV TTHY ETUPAVELD,
TOV OLYOTOUEITAL OTTO TO KEVTPO.

Lo v kotaokevn pog kofikng decoyue-
VIS, KAEIOTHG OO TAVIOU, YPHOWOTOL-
Onrav 216 m” Aopapivoc. No. vroloyioe-
7€ TNV OKUN TOV KOPOU.

OpBoywvio wopalinleminedo Eyel dia-
otdoeig 8, 12, 16. No, vwoloyioete ) dia-
YOVIO, TO EUPAOOV THE ETLPAVELOS KL TOV
OyKO TOV.

Na vroroyioete T0 U adoV ™S 0AIKNG Emi-
POVELOS KOL TOV OYKO EVOS KOOV av yvm-
pilete: i) v arun tov, ii) ™ diaywvio
HI0G EOPOS TOV, §iT) TH ALOYDVIO TOV.
Kbpog éyer oyro 125. No vroloyicete 1o
EUPadoV e OMKNG EXPAVELAS TOD.

Anodeiktikés ACKNOEIS

1.

Na. amodeilete 0t 0 OyKog EVOS TPLYmVIKOD
TPIoUATOS 160DTAL IUE TO NULYIVOUEVO LI0G
TOPATAEVPNG EOPOS ETTL TNV ATOTTATH THG
OTTO TNV OTEVOVTL OKUT].

Na. arodeiete Ot1 0 OyKOS EVOS TPIOUOTOS
7oV 1 KAOETH TOWI] TOL EIVaAL TOLDYWVO TE-
PLYEYPOLUEVO GE EVaY KDKLO, 1600TOL LUE TO

YIVOUEVO TS TOPOTAEVPNS ETLPAVELOS ETTL
70 100 THG OKTIVOG TOD KUKAOD.

3. Adivovror peig mopdlinles evbeieg mov dev
OVIKOVY G710 1010 ETITENO KOl Tpio, Ioo. €V-
Odypopo unuata AA', BB' kou I'T" mwov
olioBaivovy wavw oe avtés. No. amodeiletre
OT1 T0 EUPOOOV THG TOPOTAEVPNS ETLPAVEL-
0¢ ka1 0 oyKog tov mpiouatos ABI-A'B'T'
eivol otalbepa.

4. Na amodeilete ot1 10 GOpoiouo. TV TETPa-
YOVWV TV TPOLOADY £VvOS 0ODYpOLOD
TUHOTOS o€ TPEIS EVBELES, avd dvo opbo-
Yvieg UETOLD TOVG, 1OOVTOL UE TO TETPO-
YWVO TOV TUNUATOG.

5. No arodeiéete 011 0 GOpoicua TV TETPO-
YOVOV TV TPOLOADYV VIS E0ODYpOLYOD
TUHUATOS OE TPLO, EMITEIQ, OVA dVO KOOETOL
UeTold Tovg, 1000T01 LE TO NTAGO10 TOV TéE-
TPOYDOVOD TOV TUNUATOG.

6. 2t évav kofo, vo omodeilete 0ti: i) o1 dio-
VOVIOL GYHUOTILOVY [GES YWVIES e TIS Ok~
HEG Kau T1) n Wpofoln pag aruns oe o,
Loy @VIO 1600TOL LUE TO EVA TPITO THS 010~
ywviov.

7. Aiverar wopalinieninedo ABIA-A'B'T'A’.
Na amodeilere ot to emineoo. (A, I, A') ko
(A', I, B) tpryotouovv wm daywvio AB'.

LUvOeta Oépata

1. No amodeilete o1 i toun kofov ue exine-
00 OV OPILETAL OTO TOL GKPA TPLOV OKUDY
OV O1EPYOVTaL ATO THY 1010 KOPLPN EIVOL
100TAEVPO TPIYWVO.

2. No amodgiéete 0t1 T0. Tpia emimeda TOL
opilovror amo pio. d10ywvio kOLov Kal
OTCO TIG TPELS OKUES TTOV OIEPYOVTOL ATTO
70 €V0, AKPO THS 010y VIOV ynuatilovy
i{oeg dlsopeg.

3. Edv tunbei kofog ABIN-A'B'T'A’ ue eni-
TEDO TTOV OIEPYETOL OTTO TO. UETO, TV Ok~
uwv AB, BI' kou I'T", vo, amodeilere oti i
ToUn gival Kavoviko e&aymvo.

4. To abpoiouo TtV TETPOAYOVOV TOV OK-
UDV EVOS TOPaIANLETITEIOD 100DTOL LUE
70 GOPOLOUA TV TETPOYDVWV TWV TECTO.-
POV SLAYOVIOY TOV.
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APAXTHPIOTHTEZ

1. Xe éva tetpoymvikod Tpioua, Vo, Omoosi&ete OTL: i) 01 OLAYDVIOL OTOTEAODY ODO OUCOES TEUVOUE-
Vv e00g10v, ii) 1 ATOOTACH OVTOV TV KOIVOY OHUEIWV 160DTOL UE THY ATOOTACH TV UECWDY
TV 010y VIV TS POoNS Kal iii) va xpnoyomoinbel avt 1 1010THTA Y10, VO, PPEITE IKOVH KOl OVa-
yKaio cvVONKN Oote T0 TPIoUO. VO, EIVOL TOPOLANAETITEDO.

2. No amooeilete 011 g€ VoL TPLYOVIKS TPIOUO.:

i) amévovt iowv eopwv Ppickovial i0€S OIEIPES,
ii) amévovT ™S UEYAADTEPNS EDpPaS PPIoKeTaL 1] UEYAADTEPY OlEdpN Kol
iii) 70 gufadov kalbe Edpag eivor HIKPOTEPO TOV OBPOIoUOTOS TV dDO CAADV.

ANAKEOAAAIQZH

1. Eppadov

* To epPadov mapamievpng empavelag ophol TPIcUATOG IGOVTAL [E TNV TEPIUETPO TNG
Baong eni to PNKog TS OKUNG.

*  To guPaddv g OMKNG EMPAVELNS TPIGLOTOC 1GOVTAL LE TO EUPASOV TNG TAPATAELPTS
empavelog avénuévo katd to epPaddv Twv dVo PAcewv.

2. Oykog

* O oyKo¢ mpicpatog wwovtot Pe To EUPaddv g Pdong ent To Vyog Tov.

* O 6yKog mpioparog 16ovTon L 10 EPPadOV ™S KEOETNG TOUNG £l TO UNKOG TG OKLNG TOV.

* O dykoc opBoyviov TaPOAANAETITESOL 1GOVTAL LIE TO YIVOUEVO TMV TPLOV O0UGTAGEDY
TOVL.

* O 6yKkog kOPov woovTan pe Tov KOO TG aKUNG TOL.

3. AArES 1O10TNTES

* Ot amévavtt édpeg maparliniemmédon sival ioeg Kot TopAAANAES.

¢ O101ydVIoL TAPOAANAETITEOOV OLYOTOLOVVTOAL.

» Kdabe drayovio eninedo mopalinAemimédon 1o dtopel o€ d00 1600HVAL TPIYOVIKY
mpiopoToL.

* Ava, B,y o1 daotdoelg 0pfoydVIOU TOPUAANAETTESOL KAt & 1) Sy DVIOG, IoYVEL

62 — (12 + B2 + 72

Nupapides

EEXI Opiopés kai oroixeia nupapibas

Bewpovpe éva eninedo Kuptd TOAYWVO A A,... A, LLE V KO-
pLEEC Ko va onpeio K ektog Tov emmédov Tov ToAVY®dVOUL.
To moAvedpo, oL €xet £0peg ta v Tpiyova KA A,, KALA,,
.., KA A, Kot 10 TOAMY®VO A A,....A,, AEYETOL V-YOVIKT TD-
pauioa kal onueiwvetor KA A,...A,. To toAbywvo Aéye-
To fdon ™S TUPARISNS, EVO T TPIY®VO LLE KOV KOPLON
1o onpeio K kot anévavtt mhevpég tig mhevpég g faong
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Aéyovton mapamievpes éopes. To kowod onueio K Aéystan
Kopo@1j TG TUPAUIdNS. Ava 000 01 SL0d0YIKES TAPATAEVPES
£0peg TEUVOVTOL 6 ELOVYPOLLLO TUNHOTO TTOV AEYOVTOL Ta-
parievpes axués ™ mopapidas. To chvoro Twv Topdmiev-
POV EOpOV AEYETOUL TAPATIEVPY ETLPAVELD TNG TVPUUISOC.
H mopapida Aéyeton Tprymvikn, TETPAYOVIKY|, TEVTOYWOVIKTY|
KTA., av 1 Bdon etvon Tpiywvo, TETpATAEVPO, TEVIAY®OVO KTA.

210 6y.20 ToproTévovToL Hio TPLY®VIKY TUPOLISa, e KOPLON
to onueio K kot Baon 1o tpiymvo ABIT mov onueidveTon pe
K.ABI, xon pio mevtoymviky mopopioa, pe kopuen to onpeio K
Ko Béomn o mevidymvo ABIAE mov onpewwveron pe K.ABTAE.
To evBOYpappo TUAHa OV dyeTon omd v Kopven K g mo-
popidag kéBeta oo emimedo g Phong Adyeton Byog ™ mupo-
pidog. Xto 6y.20 to tunpoa KH gtvar o Hyyog twv mopopidmy.

©EQPHMA

Av pio ropapido TunOel pe eninedo mapdAinio ot Pdon
™mge, ToTE:
1) Ot mapdmievpeg akpég Kot To VYog ¢ Tupapidog
yopilovrar oe pépn avaroya.
ii) H toun givoar moAdymvo 6poto g faong pe Adyo
opoldTNTOG T0 AOYO TOV OMOGTAGE®V TG KOPVONG
amo ) Paon Kot Ty Toun.

Amodeikviovpe To Bedpnpa Yo pio Tprymvikn Topapido. H
amodEIEN Yo TVYOVCA V-YmVIKT Tupapida yiverot e dpoto
TpOTO.

‘Ecto n mopapido K. ABI" kot KH to vyog g (oy.21). ®é-
povpe éva eminedo mapdAinio otn o, To omoio TEUVEL
TIG OKWEG KO TO VYOG TG Tupopidag ota onueia A’, B, T
kot H' avtictotyo.

1) Xtv éopa KAB, o1 mievpég AB kot A'B’ gtvon mopdid-
IAec @G TOUES TOV TAPIAANA®Y EMTES®V PE TNV E0paL
KAB. An6 ta 6powa tpiyova KAB kot KA'B' Tpoko-
TTEL T OYEOM:

KA KB AB
KA’ KB' AB'’
Epapuolovtag tov 1610 GUAAOYIGUO Y10l TIG VTOAOITES
£0PEC NG TLPUUIDOC, TPOKVTTOVV O GYEGELS:
KA KB KI' AB BI' TA _

KA"” KB' KI" A'B" BT' TI'A’
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yYxnua 22

L Jxnua 238
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Eniong, anod ta dpowa tpiyove KHA ko KH'A' Tpokd-
TTEL:

KA KH

K'A" KH'

i1) H Pdon kot n toun g nupapidag eivat 6vo tpiyova

(v-yova) pe to (byn TV opHOAOY®V TAELPOV TOVS TToL-
PAAANAQ KOt OLOPPOTQL, ETOUEVOGS £XOVV TIC OLOAOYES
yoviec ioeg. EmmAéov, and Tig mapondve cyxécelg ta
Cevyn Tov opdAoymV TAELP®V ivar avdAioya, apa Ta
Tpiyova glvat 6pota, pe Adyo opotdTnTog A.

A.

EEXJ Kavovikn nupapiba-Tetpaespo

Mia mopapida Aéyeton kavoviky, av 1 Bdon eivat Kavoviko
TOADY®VO KOl 1) TPOPOAT TNG KOPLENG TNG TLPAUIOAS GTO
eminedo g Pdong ivat To KEVTPO TOV KOVOVIKOD TOALY®-
vovu (0%.22). Xe pio Kovoviky Tupopida, ot Topdmievpeg
£0peg elvar 16ookeAN Tpiywva, ioa petalh Toug Kot 10 VYOG
k6O Tapdamievpng £5pag mov dyetal amd TNV KOPLON TNG
TUPOUIONG AEYETOL ATOGTHHA | TAPATAEVPO VYOS TG KO-
VOVIKNG Tupapidog (0y.22). AmodekvieTot emniong, OTL av ot
TaPATAELPES £0PES LS TVPORIdAGS Eival (o0 160OKEL
TpiyOvae, TOTE N TVPONRIdA EIVOL KAVOVIKY].

Mia tpryovikn mopapida (oy.23a) Aéyeton TeTpdedpo, yloti
€xel Téooepic TPLYVIKES £0peg. Omoladnmote £6pal TOV Te-
tpagdpov pmopel va OewpnBel wg Pdon. Kavoviko Aéystar to
TETPAEOPO TTOL OAEG 01 £JPEC TOVL givat oo IoOTAELPA TPTY®-
va (0%.23B). To tetpdedpo eivor 1o aniovotepo TOAHESPO.

Métpnon nupapidas

» EpPadov kavovikns nupapidas

To avdmtuypo TG EMPAVELNG KOVOVIKNG V-YMOVIKNG TUPOLL-
d0g oto emimedo TG Pdong amoteleiton amd TO KAVOVIKO To-
Ayovo g Pdong kot oo o v 1I606KEAN Tpiymva TmV Topd-
TAELPWV EOPDV TOTODETNEVO AGTEPOEIODS GTIG TAELPES TNG
Baong (oy.24). And to avamtuypa vroloyileton ) mopdmTiev-
PN KOl 1 OAIKT] ETLPAVELDL KOVOVIKNG V-Y®VIKNG Tupaptioag. H
napanievpn emeavela E; givat to dBpoicpa tov epfaddv
TV V I00GKEADV TPLYOVOV TOL OTOTEAOVV TIC TAPATAEVPES
£€0pEG NG TLPAUDAC, EVD TO EUPAOOV TG OAMKNG EMPAVELOS
E, etvon to GBpotopa g mopdmAevpng EmQAaveLos Kot e Ba-
ong. To avémtuypa Topapidag Kataokevaletat exiong, Otov
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ypeBCETOL VO KOTOOKELOOOEL TPpOKTIKE 1) TTVPAEDQL.

©EQPHMA |

To euPadov e mapdmievpng E, kot g odkng E, emupd-

VELOG KAVOVIKNG Tupapidag divetar amd Tig oXEGELS
E.=1-n xau E;=1-(u+a),

OOV T €ival N NUTEPITETPOG, O EIVOL TO ATOGTNHA TNG

Bdong kot [t TO AmrOCTNA TG TP,

H mopdmievpn empdveia Kavovikng mopapidos amoteleiton
amd v 1600KeEAN Tplywva, pe PAon A Kol 0TOGTNUA O, TOV
€xouv guPaddv:

1 1
E.=v:-—oaA=|—va|-A=1"pn
2 2
"o tov vroAo Yo O TOV EUPASOD TNG GUVOAIKNG ETPAVELNS

NG TVPOUIdNG, GTNV TAPATAEVPN EXLPAVELD TPOCGHETOVE
Kot to guPaddv g Pdong mov givar Kavovikd v-ywvo:

1 1
EOZE,,+v-?M=E,,+ (?vk o=E;,tt-a=1t-(nta)

» Oykos nupapidas

Agydpaote yopic amdoelln ot

OEQPHMA I

Avo Tpryvikég Tupapides e ioa Hym kot ioeg 1 16000-
vapeg Baoeig etvor io€g 1) LIGOSVVOLES.

To emdpevo Bempnpa etvar ToAd onpoavtikd yioti cuoyetilet
TOVG OYKOVG €VOG TTPICULATOG KOl LOG TVUPAUIONG TTOL £X0VV
ioeg Paoelc kat ioa LyM.

©EQPHMA 111

O d6ykog Tupapidag 1lGovTaL UE TO €va TPITO TOV OYKOV
TPicHOTOC OV Exel TNV 1d10L fAcn Kot TO 1010 VYOC.

"Eoto 1 tpryovikhy mopapido K.ABI. Ané tig kopueég B kot

I' (0y.25), pépovpe Tic Taparinieg kat ioeg otnv KA kot
oynuatiCetan to mpicpo ABT-KBT'. Xwpilovue 10 mpiocua
otig e&n¢ tpeig mupapides: K. ABT, B.KB'T' ka1 K.BI'T".
Ot Vo TpdTEG TLPAPIdES Elval 1IGOdVVAES, YTl EYOVV G
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Bdoeic Tic ioeg Phoelg Tov mpicuatog kot Kowd Hyog. H
devTepm Ko 1 tpitn eivan emiong 1oodvvapeg, S10TL av Oe-
wpnoovpe 6tL £xovv Ko kopven To onueio K, o1 facelg
tovg BB'T” ka1 BI'T” givat ta dvo ica tpiywva ota omoia
yopileton o maporlinidypapupo BIT'B' pe ) dtoydvid tov
BI". Eniong €yovv ioa vym, apov ot Bdoelc Tovg glvar cuve-
ninedec. apatnpovpe dnAadn 6t to Tpicpa YopiocTNKE G€
TPELS 1G0OVVAES TUPAIDES, AP O OYKOG KAOE TPLYy®VIKNG
TUPOUIdNG 1GOVTAL LE TO TPITO TOV OYKOV TOL TPIGUATOG
oV €xel v dwa Baomn kot to 1o Vyog, dNAadN cvpPoAud

E.
V= TD, omov V o 6ykog, E to epfadov g Pdong kot v to

VYOG TNG TLPALIDOG.

Av 1 mopapida eival v-yovikn, m yopilovue og (v-2) tpt-
YOVIKEG TUPAIOES, PEPOVTAG TIG dlary®VIOVG TG faong amd
pio kopven ™. o kdBe pio amd T1g TPrymviKég TUPaUidES
arodeifape Ot 1oydel T0 OcDdPNLLO, ETOUEVOG O GLVOAKOG
A OYKOG TNG TLPAUIdOG 1600TOL LE TO AOPOIGUL TOV OYK®OV TV
TPLYOVIKOV TUpapidowv, dSnAodn:

Ewv

1
V=—(E +E,+..+E,) v=—"—,
3( 1 2 v2) 3

onov E, E,, ... eivar ta gpfadd tov (v-2) Tptydvev mov
yopiletor n Pdon, E to gpPfadov g Pdong kot v To vVyog
™G TupapidagC.

Na vroroyro0gi To pfadov TG GLVOMKIG EMPAVELNS
K01 0 0YKOG KOVOVIKOU TETPAESPOV, OKUNG 0.

Auon

H emoedveio tov tetpaédpov anoteieital and t€0-
cepa 16OTAEVPA TPlyOVE TAEVPAS O, ETOUEVOC M
GUVOALKN EMLOAVELX TOV TETPAEdPOV €xel EUPadoV

E:4.a2§:»\/§.a2'

O 6yxo¢ ToVv KavovikoD TeTpaédpov, Bewpovpevo mg

TPLYOVIKT TUPOUida, 1GoVTaL e TO TPiTO TOL EUPad0D B

¢ Péong ABI mov givat iodmAevpo tpiymvo TAgvpdc

a, eni 1o Vyog AK. To K dpmg givar kévtpo Bapovg ¢ Paong kot amd to opHoydvio
avo6

tpiyovo AAK €yovpe AK = T

a’\3 a6 a’\2

1
3 4 3 12

Emopévac, o 6yKog tov tetpaédpov givor V=
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m Opiopds kai oroixeia k6Aoupns
nupapidas

Av tunoovpe pio mopapion petalld Kopveng kot Baong, pe
eninedo TopaAAnio ot Pacm, TOTE TO HEPOG TS TVPAUISOGC
mov mephapPavetor peta&d tv 600 TAPIAANA®Y EMTESDV
Aéyetan kodovpn mopauida. To 500 dpota ToAdy®va Aéyo-
vTol faceEls (MIKPY Kal ueydin) e KOAOLPNG Tupapidog
Kol To VOVYpaUUO TUNHO TOV £XEL AKpa OTO EMITESA TV
Baoewv kot etvar kaOBeTo o€ avTd AdyeTon dwog G KOAOL-

pNG TUPALIBAG.

O topdmievpeg £6peg piag KOAoLPNG TVpapidag eitvar Tpa-
TEQOL Ko ToL VYN TOVG AEYOVTOL TAPATAEVPA LY TG KOLOV-
pn¢ mopoapidas. Ieockeins Aéyetol 1 KOAOLPN TVPAUUIO TOV
KOTOOKEVALETOL OO KOVOVIKT TUPALUISO Kot O TOPATAEVPES
£0peg g etvar 1oocke Tpamélia.

210 6y.27 TaPLoTAVETOL Lo KOAOVPT] ICOGKEANG TETPOLYMOVI-
K1 mopapida, n omoia onuewdveral pe ABITA-A'BT'A’, éyet
Vyog AA' ko tapdmievpo Hyoc HH'.

EEX) Métpnon k6floupns 1IcookeloUs
nupapidas
» EpBadoév empaveias kéAoupns IcookeNoUs nupapidas

To gupadov E, e mapdmievpng enpdvelog KOAOLPNS 1GO-
oKeAOVG TLPApIdOG e PACELS KOVOVIKA V-Y®VO., 1GOVTOL LLE:

E,=(+1)-v,

oMoV T KoL T' €lvart ot NpEPipETpol TV Pdcemv Kot v’ ivan
TO TAPATAELPO VYOGS TNG.

To gpPaddv g olkng empdvelog dtveTat amd Tov TOTO:
E,=E.+B+B,

omov B kot P etvar ta epPadd twv dvo Bacewmv.

» ‘Oykos k6foupns I00okeNoUs nupapidas

O 6yxog kOAovpNG Tupapidag dtveTat amd Tov TOTO:

y_ U (B+B+\BB)
3
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rTrEQMETPIA

Na amooery0sei 011 To peocokdBeta emineda oTIg
€€ aKNEG EVOC TETPAESPOV OLEPYOVTAL O.TTO TO 1010
onueio. Emiong, o1 gvBeieg mov ivon kGOeteg oTIg
£0PEC TETPAEOPOV GTO TEPIKEVTPU TV EOPAOV OL-

Epyovtar amo To 010 onpeio.

Anoédei€n

Av ABTA givan éva tetpdiedpo, o pecokadeta emine-
oa otig akuég AB, A" kot AA téuvovtal og onpeio
0, 0161 eivan KaBeta o€ TpELg TEPVOLEVEG EVDETES. r
To onueio O (0y.28), woaméyel amd T KopLEEg A, B,

yxnua 28

I' kot A dpa Bo avikel Kot 6To LeGOKAOETA EMITESQ TOV VTOAOITOV AKUDV.
Emiong, 1o onueio O avrkel ota pecokdfeta eninedo TV TPV oKU®OV KaOE £dpag,

dpo TpoPAAAETAL GTO TEPIKEVTPO TOV EOPDV.

Na Bpe0ei onpeio mov va woanéyel and To enineda

TOV €0pAOV evOg TETPUEdpOoV ABTA.

Anoédei€n

To onpeia g kowvng gvbeiog AX (0%.29), Tov emumé-
dwv mov dryotopovv Tig diedpeg AB(ILA), AA(B,I') ko
AT'(B,A) wanéyovv amd 15 Tpeig £6peg ABI, ABA ko
ATA. To erninedo mov dyyotopet tn 6iedpn BA(A,D) 1é-
pver v AX og éva onpeio O, Tov 1oaméEYEL Ko amd TIg

TE60EPLG E0PEG.

Aoknoels Epnédwons

1.

No. vroloyioete T0 DYOS Kot TO ATOTTHUA.
KavOVIKNG 1) eCaymVIKIG, i) TETPayVIKHG
Kai (i) TPrymVIKNG TOPOUIOOS (KAVOVIKO
TETPAEIPO), OV EYEL TAEVPC., PAONS UNKODS
U KOL OKUN UIKOVG A.

. No. amodeilete 0t1 01 TOPATAEVLPES EOPES

KOVOVIKNG V-YWVIKIG TUPOUIOAS GYHUOTI-
{ovv loeg ywvies ue Tto eminmedo s foorg.

. Na vmoloyioete 10 Eufadov e mopamien-

PGS ETLPAVELOS KO THS OMKIG ETLPAVELOS
KOVOVIKNG TETPOYWVIKNG TOPOULOOG, LUE
Thevpa foons 4 kor oxuiy 7.

. Na vroloyicete 10 gufadov g faons ko-

VOVIKHG TETPAYDVIKHG TOPOULOOS IOV EYEL

eupooov mapamlevpns empaveias 200 ko
omoornuo. 10.

. H ueydldn mopauida tns Arydmrov Exel

faon tetpdywvo mhevpdg 234m kot Dyog
146m. Na vroloyicete tnv mapdmievpn
EMIPAVELD, KOL TOV OYKO TG TUPOUIOOG.

. No vwoloyicete t0 eufadov ths mapd.-

TAEVPNG ETLPAVELAS KO TOV OYKO KOVOVI-
KNG TETPAYDVIKHG TOPOUIOOS (G COVOPTH-
o TG TAEVPAS THS PAonS, oV Exel oxun
ion e ) daymvio e faong.

. No fpeite t0 Adyo twv Oykwv kvfov ko

KQVOVIKOD TETPOEIPOD OV EYEL OKUI] [N
e ) i) diaywvio tov Kofov kat ii) dia-
YOVIO THS EOPAS TOL KOPOU.
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8. Na ppeite 10 1oyo twv dykwv kavovikov | 5. Av 00o tetpdedpo Exovv ko pio tpiedpn
TETPOEIPOV IUNG 0. KOL KAVOVIKNG C0ym- ywvia, 10T 0 A0YOS TWV OYKWV TOVE 100D~
VIKHG TUPOUIOOS TAEDPAS 0. KOL DYOUG 0. TOL UE TO AOYO TOD YIVOUEVOD TMV GKUDV

9. Eminedo mapaiinio oty faon kKovovikng TS TplEdpr.

eCoymVIKNG Topouiongs, e TAEVLPA o Kal
Dwog v, oryotouel o vyog te. No vro-
Aoyigete 10 EUPAIOV THE TOPATAEVPNS EML-
PAVELOS KOL TOV OYKO THS KOAODPNS TUPOI-
HIOGS TOV TPOKDVTTEL.

Anodeiktikés ACKNOEIS

1.

Atvetau 1o mopolinfeninedo ABIN-A'BT'A’.
No. oodeiletre 0t1 10 TeTpaedpo AI'B'A’
EYEL TO EVOL TPITO TOV OYKOD TOD TOPOLLN-
AEMITENOD.

6. Av A', B', I'' eiva1 ta péoa tov axumv

OA, OB, OI tetpaedpov OABI, tote
©aBT) =L (04BI).

. Kavovikn tprycwvikn mopouioo. O.ABI éye

TAEVPE, PAOHS 0. KoL 01 TOPATAEVPES OKUES
¢ oynuaticovy ywvio 60° ue w faon.
No. vroloyioete Tov OyKo THG.

LUvOeta ©épata
1. Na amodeilete 0T1 0 OYKOS TETPOAEPOD

1000701 UE TO YIVOUEVO THS TPOPOINS TOV

2. Na arodeilete 0t1 o€ KGbOe TETPAEIPO, TO o€ enimedo kGbeto o€ pio axui emi 1o éva
YIVOUEVO TOV EUP 00D KGBE Edpag el TO PITO THS OKUIIS AVTHG.
avtiotoryo yog elvar otabepd. . Av n KGOty TOWUI] TPIYWVIKOD TPIOUATOS
3. No amodeiere 011 0 OYKOGS TETPAEIPOV OE &yel loeg TAevpES, TOTE TO GBpOoIoUO. TV

uetafaiietar ov pio oxun petoxivyel
OTO POpPEéQ TS YWPIS Vo, oliadel unog.

. Av dbo tetpdedpo Eyovv Ko uio axun

KO T OIEOPN TOV OVTIOTOLYEL GE QUTIY,
T0T€ 0 LOY0S TV EUPOIDY 160DTOL [UE TO
Adyo Tov yrvouévon twv eufodmv Twv dvo
EOPWV TOV TPOTKEIVTAL GTI OLEOPT].

OTOOTATEWY KAbe e0WTEPIKOD TNUELOD
OTo TS fA0ELS KOl OO TIC TOPOTAEVPES
éopeg eivar otafgpo.

. No amodeilete 0T1 TO 0TEPED TOV EYEL KO-

POYES TO. LETO. TV KWV EVOS KOPOD Exel
[0€G OKUES Kal VO DTOAOYITETE TOV OYKO
T00.

IXHMATA

ANAKE®AAAIQZH

1. Av tuyoaio mopopida Tunbet pe eninedo mapdiinio ot Paon g (6%.29), Exovpe:
. KA KB KI' KH

KA’ KB’ KI”
* ABI'=A'BT’ pue Adyo opotdtntog A.

= A Kot

2. Métpnon Kavovikig Tupopionc:
* Eupoadov mapdmievpng emodvelog: E, =1 - p
B-v
3 9
OOV W TO AMOGTNLA, T 1) NUTEPIUETPOG TG PACNG, L TO VYOS TNG TLPAuidag kot B To
eupadov g Paonc.
3. Métpnon k6rovpng TVpapniong

* Oykog: V=

* EpPadov mapanievpng emoedvewoc: E, = (t+1') - V'

Vo v-(B+B++Bp)
- 3
Baodd tov Bacewv, v T0 YOS KoL V' TO TAPATAELPO VYOS THG TLPOUIONGS.

* Oyxoc: , T KoL T' ot numepiperpot v Bacewv, B kot B to ept-
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m Zteped €K neploTpoPns

To oteped ek TEPIGTPOPTG EIvaL 1) dEVTEPT] OIKOYEVELD OTE-
pe®v ov Ba peretnoovpe oe avTod T0 KePdAatro. Ta oteped
avtd givorl yproyo 1060 amd Bempntikn 060 Kot amd TPo-
KTIKY droyn yloti kataokevdlovtal eDKOAN [LE TN YPNON
E0IKOV punyovnuatov. To oteped €K TEPIGTPOPNG AEYOVTOL
€161 yloti ONUovpyoLVTaL KATO TV TEPICTPOPY| LL0G EMITE-
NG YPAUUNG YOP® omtd GEoVa TEPIOTPOPNG ia evbeia TOV
Bpioketar oto enimedo g ypapuung (oy.30). Ta onueio g
YPOUUNG QLTS KATE TNV TTEPLETPOPT YPAPOVY KUKAOLS TTOV
Bpiokovtot o emineda KAOeTa 6TOV AEOVA TEPIGTPOPNG KO
£€YOVV T KEVTPO TOLG GTOV AEOVa. XTIC EMOUEVES TTOPAYPdL-
@ovG Ho. pereTGOLLE TOV KOAVOPO, TOV KOVO KoL T Gpaipa
MG 0TEPED EK TEPIGTPOPNG.

KoAivépos
(13.11 Opiopods kail oroixeia kulivbpou

Opicpoi

Op06¢ KVAvopog | KOAIVOPOS e TEPIGTPOPNHS M| KUAIV-
0pog AEYETOL TO GYNNa TOV TOPayETOL 070 £va. opBo-
YOVIO TaPUAAAGYPALO, TO OTTOI0 EKTELEL pio TA PN
TEPLOTPOPT] GTO YAPO YOP® amd TN pio TAELPA TOV.

To gvBOypappo Tpuqpa A'B’ yopw and 1o onoio mepiotpéee-
T to mapaAAnAdypoppo ABB'A’ (6y.31), uével apetakivinto
KOTA TNV TEPIOTPOPT|, AEyeTOU déovag 1| Do TOV KUAIVOPO.
Katd v nepiotpopn, n mievpd AB mapapével mopaiinin
Kot o€ otafepn amodatacn ond Tov dEova A'B’ kot 1 tuyaia
0éon g mhevpdg AB Aéyetan pevérerpa tov KuAivopov. H
EMPAVELN TTOL dMpLoVPYEiTAL Ao TNV Kivion TG TAELPAG
AB Aéyeton wapdmicvpn | KOPTH EMPAVEIA TOV KOAIVOPOL.
Ovmievpéc A'A kou B'B tov maparlinioypappov, og kébe-
teg otV A'B’ kat ioeg peta&d Toug, KoTd TV TEPLOTPOPT,
YPAPOLV 160G Kot TAPAAANAOVG KUKAMKOVE d1GKOVE TOL
aviKovV o€ emineda kdbeTa oTov AEova ota onueion A’ Kot
B’. Or koot (A’, A'A) ko (B', B'B) eivon mapdiiniot, Aé-
yovtol fdeels Tov kvdivopoo ko 1 oktivo A’A = B'B Aéye-
T AKTIVO TOV KOUAIVOpOV.

O kKOvAwvopog Ba ocvpuPoiriletar pe (A'B’, A’A), 6mov A'B’
glvar 0 d&ovag Tov KLVAIVOpoL kot A'A gival 1 aktiva Tov.
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KE®DOAAAIO 13. ETEPEA IXHMATA

EERF1 Mérpnon kudivpou

‘Eotm koAwvdpog (AA', p). Av ot pia Bdon Tov KuAivdpov

(0%.32) eyyphyovpe Eva TOAY®OVO Kot 0o TIC KOPVPEG TOL
TOADYMVOL PEPOLLE EVOVYPOLLLLOL T UOTO TOPAAANAL Kot {50,
HE TOV AEOVA TOL KLAIVOPOUL, TOL TULOTO VT £ivat YeVETEL-
pES TOV KVAIVOpOL, Ot omoieg Eekvave amd onpeio g piog
Baong, Bpiokovtar TNV KLPT ETPAVELX TOV KLAIVOPOL KoL
KataAnyovv otnv GAAN BAom ®G KOPLEOES EVOG TOAVYDVOV,
{cov Kot ToPAAANAOL GTO aPYIKO TOMYYWVO. Xymuotileton £t
éva 0pB6 Tpioa TOL AEYETOL EYYEYPAUUEVO GTOV KDAIVOPO.
Av o1t pia Bdomn tov kvAivopov (BB, p), meprypdyovpe
éva ToAOY®Vo (0%.33) Kot amd TIC KOPLYES TOL TOAVYDVOL
@épovpe VOVYpPOUILO TULOTO TAPAAANAQ KO (GO LLE TOV
a&ova tov KuAivopov BB', oynuariCeton éva opBo mpicua, ot
£€0peg Tov omoiov givorn emined EQPUNTOUEVO GTOV KOAVOPO
KOTO UIMKOG YEVETELPMOV Kot 01 BAoelg Tov gival ioa TOAD-
YoVa TEPLYEYPAUUEVE 0TIG dV0 Bdoels. 'Eva tétoto mpiopa
AEYETOU TEPLYEYPAUUEVO GTOV KULIVIPO.

» Avantuypa tou kuidivbpou
Eyypdoovpe otov kOAvdpo (AA’, p), £va kavoviko mpicpa,
TO 0TO10 AVOTTOGGOVLE 6TO minedo (oy.32). To avimTuyua
ToL mpicpatog eivar éva opBoydvio pe To éva (evyog amévavTt
TAEVPOV 1GEG E TIG YEVETELPES Kol TO GAAO 150 pe TNV Tepijte-
Tpo G Pdiong tov mpicpatoc. Av SmAac1AlovLE GUVEXDS TOV
aplOud TV TAELPAOV TOL TPIGHATOS, ) TEPIUETPOG TG Pdiong
TOL TEtVEL 6TO PNKOG TOV KOKAOL. Apa, 6T0 Op1o, TO AVATTUY-
Lo TNG KVPTNG EMPAVELOG TOV KLAIVOpOL givar opBoydvio pe
TAEVPEC T YEVETEPA KOl TO UNKOS TOV KOKAOL NG Pdomg,
dNAad L KoL 2pT AVTIGTO(O, OOV V TO VYOG, P 1) OKTIVOL TOV
KLAIVOpoV (0%.34). To avamTuypo TG OAMKNG EMPAEVELNS 0TO-
teAeitatl amd to opboymvio maporinidypappo KAMN mov
TePLYpAYaLLE Kot ard 600 KUKAKOVG 016KOLG aKTivag p, TOV
AVTIGTOL(OVV GTIG 60 PBAcEL ToV KLAIVOpoL (oy.34).
» EpPadov emipaveias kudivbpou
SHUEOVA [LE TOVG GUAAOYIGHOVE TTOL KAVOLLE Y10 TNV KOTO-
GKEVT] TOL OVOTTOYUATOG, TPOKVTTEL APUECMG TO 0KOAOVLOO
Beopnuo:
OEQPHMA |
To guPaddv ™G KVUPTNG Kot TNG OAKNG EMPAVELNS EVOG
KVAVOpoL aktivag p Kot Vyouvg v givat E, = 2mpu kat
E, = 2np(v + p) avtictoyo.
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» Oykos kuflivbpou

Av gyypbdyovpe 6tov KOAVOPO £va 0pHO Kavoviko mpicua
HE BAoT KAVOVIKO V-Y®VO, 0 OYKOG TOV TPIGUATOG IGOVTOL LIE
T0 gUPaddv g Paong enl o Vyog Tov. Oewpove TP OTL
T0 V OUTA0GLALETOL GLVEYDS, MOTE TO TANDOG TOV TAELPDOV
™¢ Pdong tov mpicpatog va Teivel 6TO AMEPO, OMOTE TO
epPadov g Paong teivel oto guPfaddv tov kdxhov. Torte,
670 OP10, 0 OYKOG TOV KLAIVOPOL 160VTAL LE TO EUPAOGYV TOV

NMAPATHPHZH

Av ovti TV eyyeypoEvay mpi-
OUATWY OTOV KOAIVOPO ypnoiuo-
TOLOVOOYE TO, TEPLYEYPOLUEVOL
Qo Ppickaue tovg id100¢ akpl-
Pds TOTOVS Yia TV ETLPAVELDL
KOl TOV OYKO TOD KOAIVOpOU. V= Ttpzl).

KOKAOL NG Paong et To Vyog, dNAdN:

©EQPHMA I

O 6yxo¢ KVALVEpOL VYOLG L KOt OKTIVAG p LGOVTOL LLE

Aoknoels Epnédwons

5. To eufadov g oMKNG EMPAVELOS EVOS
KLAIVOpOL e Dyog 2 eivol (00 ue o supo-
00V KbrAov axtivog 4. No. ppebel 1 axtivo,
P TOV KOAIVIpOU.

Anodeiktikés AOKNOEIS

L
W
E 1. Na vmoloyioete to eufodov tys kvptis | 1. Kolivdpog Exet oyko V kar dyog v. No.
< Kol OMKNG EXLPAVELAS KOL TOV OYKO TOD DTOAOYITETE TV OAIKI] TOV ETIPAVELCL.
= KvAivdpov mov Exel dwog 1 kot axtivo 1. 2. Oswpobue tetpaymwvo ABIA thevpdc a
E 2. To 010 yi0 kOAIvOpo ue axtivo 15 kot xor M to uéoo tov AB. Na vmoloyioe-
E dwog 8. 7€ TOV OYKO TOD OTEPEOD TOV TYNUOTI E-
2| 3. Na vmoloyicete tov OyKko, THV KUPTH K01 Tal 0"750’ 70 0/)903’5[)"1? MNT' B (MN/,/AA)
g T GUVOAIKH EMIPAVELL KOAIVOPOD TOV EXEL Kata v meproTpoPi] 0L YuPpw ano Ty
byoc imhaoio e axtivag Tov. mlevpa AA. Xe moio Oéon mpémer vo. givau
4. Kolwvopikn osouevy éxer oxtiva lu. Na oM, wote o 71«'/10{p ;Lyo,u Evos Oyroe Vo eival
DROAOYICETE T YO PRTIKGTITG. 08 Arpa. TG 70 {190 0V Kl)‘ VIPOv TOV TOPAYETAL OTTO
oeouevig yio kGbe eKoTOTTO TOV UETPOD 10 WIPaywvo,
byoc. 3. Ocwpodue opboywvio ABIA wov mepi-

OTPEPETAL YOPW OTTO G.LOVO TOV ETLTEOD
TOV OV 0V TO TEUVEL KAl €IVl ToPalin-
Aog oty whevpd AB. Na vroloyicete tov
OYKO KO TNV OMKH ETIPAVELD, TOD TOPA-
yetar oo 10 0poydvio kol vo, amodeile-
€ OT1 1000TAL L€ TO UNKOS TOD KOKAOD oD
ypaget to kévipo O tov oploywviov exi
70 gUPadOV Kar v TEPIUETPO TOL 0pLo-
ywviov avtiotorya.

1. Eppoadov empdvelag Koiivopov:
KLPTNG: Ex = 2npv,
OMKNG: E, = 2znp(vtp)

2. Oykog KvAivdpov: V=mnpv.
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Kwvos

K EERE] Opioués kai oroixeia k®dvou
Opiopoi
OpBOog Kavog | KOVOS ek TEPIGTPOPNS M| OTADG KO-
R VoS AEYETAL TO OTEPED GYNNO TOV TOPAYETAL OTTO TNV
\ TEPLETPOP] EVOG 0pBOYOVIOV TPLYOVOL YOP® 00 pia
KaOeTN TAELPA TOVL.
A

Bewpoipe Eva opBoymdvio tpiywvo KOA, pe v opbn| yovia
010 O (0).35), 10 0moi0 TEPITTPEPETAL YOP® amd TNV KAOETN
migevpd KO. H vroteivovoa KA tov opBoydviov Tptydvov,
KOTO TNV TEPLOTPOOT], S1épyeTaL amd T0 oTabepd onueio K
Kot ypaoeet pio Kupti emeaveln, evo 1 kabetn mtigvpd OA
vpaet Evav kKukAko dioko kévrpov O kot aktivag OA, Tov
Bpiokovtal oto eninedo mov eivan kdbeto otnv KO oto O.
To oteped oynua Tov wopdyeTol pe VTV TOV TPOTO AT
10 Tpiyovo KOA Aéyetar kovog. H xupt empdveila mov
nmopdyeton omd TV vroteivovoa KA Aéyeton mapamicvpny 1
KVpTIj EMPAVELD TOL KOVOL, 1) Tuyaia 0Eom g KA Aéyetan
yevérelpa | mevpd 10V kOVov. H kabetn mhevpd KO, mov
TOPOUEVEL GTOOEPT] KATA TNV TEPLOTPOPY), AéyeTON dEOVaS
N dwog, to onueio K Aéyetar kopoen, o KHkAog mov ypdopet
N KaBetn mhevpd OA Aéyeton faon kou n axtiva g Pdong
Aéyetar axtiva Tov k@vov. Eival tpopavég 0Tt OAEG Ot ye-
vételpeg evog Kavou givat ioeg. O kdvog cvpuPoriletor pe
(KO, OA), 6mov KO o a&ovag kat OA n axtiva g fdong
TOV KMOVOU.

m Métpnon tou K@VouU

‘ B Bewpovpue évav kovo (KO, p) (ox.36), kot éva ToAbymvo

gyyeypappévo otn BAcm Tov KOVOL, Y. EVa TETPATAELPO

A ] ABIA. Av evioovpe v kopver K tov k@vov pe 115 kopv-

(Q£C TOVL TOAVYDVOV, Ol OKUES TNG TVPOUIONG Elval YEVETELPES

oV k®OVoL. H mupapida Lotmdv mov £xel e TOV KOVO KON

Kopven Kot 1 faon g eivar eyyeypaupévn ot Pdon Tov
KAOVOL AEYETAL EYYEYPAUUEVH GTOV KMVO.

Av topa Bewpnoovpe Eva TOAYY®VO, TEPLYEYPOUUEVO OTN
Bdion evog kdvov, m.y. Eva tetpdmievpo ABIA (6y.37) kot
cuvdécovpe TV Kopven K tov kdvov pe Tig Kopueég Tov
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yxnua 38

Yxnua 39

Yxnua 40

TOAYDOVOL, TPOKVTTEL piat TUpaUida TOL AEyETOL TEPLYE-
ypauuévny otov kovo. H mopapida avtn £xet £dpeg mov
EQATTOVTAL GTNV KLPTY| EMLPAVELD TOV KOVOL KOTE UNKOG
YEVETELPDV.

> Avantuypd Tou KwVou

H xvpt| emoedvela evog kdvov pmopet va avarntuydet oto
eninedo. ['a 10 oxond avtd gyypdpovue otov kdvo (KO, p)
(0%.38), pia kovovikn v-ymvikn mopapido, TV omoia ot
GULVEYELD AVOTTTOGGOVUE 0TO eminedo. To avamTuypa g mo-
PATAELPNG EMPAVELNS TNG KOVOVIKNG TUPOLIONG omoTeErEiTan
amo v ioa 1600KeAN Tpiymva (6).39), To omoia KATaoKEVE-
Covpe 10 éva dimAal 6TO GAAO G EYYEYPOLLLEVA TPTY®OVO GTOV
kokro (K, 1), 6mov K’ tuxdv onpeio tov emmédov kot A to
UNKOG TNG YEVETELPOG TOL KMOVOU.

Aumhoc1alovtog GuvEX®S TOV aplBUd V TMV KOPLP®V NG £Y-
YEYPOAUUEVNG TUPOUIONS, To UMK TOV I6mV Yopddv AB, BI,
KTA. YIVOVTOL GUVEYMDG UIKPOTEPOL KO 1) TOAVYWOVIKT] YPOLLUN
A'B'...A" 610 avdmrtuypa teivel vo copmécet pe to T6E0 Tov
KokAoL (K', A). 1o dpro Lomdv, To avATTUYUO TOV KOVOL
glvar évog topéag tov kukAov (K', A), to 160 Tov omoiov
€xel UNKoG AA' = 2mp. Av ovopdoovpe @ ) yovia A'K/A’
TOV TOUEN, HETPNUEVT] O LOTpES, Exovue T oyéon (oy.40):

360 o p

< @=-—"-360°
2nh  2mp A

Apa, TO QVATTUYRO TNG KVPTIS EMPAVELAG KOVOV IE
TAEVPa A Kot oKTive p givol TOpENS KOKAOV OKTIVOG A
nov PArémer T6E0 pikovg 27p 1) o€ poipeg:
p
=—+360°
A
» EpPadov enipaveias kal 6ykos 10U KOVou

ZOUQOVO e TOVG GLAAOYIGLOVG TTOL KAVOLLE Y10 TV KOTO-
GKELT] TOL AVOTTOYUATOG, TPOKVTTEL AUEGMG TO 0KOAOLOO
Oeopnuao.

©EQPHMA |

To gupadov g kvptng E, kot g oAikng E, empdvetag
EVOC KAOVOL LE OKTIVOL p KoL YEVETELPOL A, 1GOVTOL LLE:
E.=nph xoau Ej=mp(p +A).

To avamtuypo TG KupTNG ETLPAVELNG TOV KOVOV givat TO-



NMAPATHPHZH

Avti Ty eyyeypoppEvav Topa-
HIOWV UTOPODUE VO. YpHoIHoTTOL-
noovue g mepryeypouueves. O
OYKOG TOV KWVOV glval HiKpo-
TEPOG OTTO TOV OYKO TWV TEPLYE-
YPOLUEVOV TOPOUIOWV KoL UE-
YOLUTEPOS TV EYYEYPOLUEVIV.

KE®DOAAAIO 13. ETEPEA ITXHMATA

péag kKOKAoL axtivag A mov £xel unkog 106&ov 2mp. o 1o
epPadov E, avtov tov topéa 1oydel n oyéon:
m’  E,
2 2np

< E =mph.

To gpPaddv g OMKNG EMUPAVELNS TPOKVTTEL AV GTO EpPal-
OOV NG mapdmAevpng eMPAvELNG TPOcHEGOLE TO EUPAOSV
g BAong Tov KdVoL, dNAdN:

E0=7tp2 +apl=mp (p +A).

©EQPHMA I

O 6yK0G KOVOL aKTiVag p KO VYOVS U 160VTOL LUE:

1))
V=np’—.
P

Be®POVUE KAVOVIKN TUPOUION EYYEYPAUUEVT] GTOV KOVO, 1|

v , 6mov B 10 guPaodv g Pfaong

omoia £yel dyko V =

™mG. Av 0 aplBudg TV TAELPOV TNG VPSS GVVEXDS Ot-
mhacidletal, T0Te 6TO Op1o, TO EPPAdOV TG Pdong g -
papidag etvat To gpPaddv g Pdong Tov KdVoL Kot 0 GyYKog

2
, , P
TOV KOVOL sovTon pe V = 3

EERE KéAoupos kdvos

‘Eocto kovog (KO, p), o onoiog tépvet éva eminedo kabeto
otov aEova tov oto onueio O petald K ko O (oy.41). An-
povpyeitar £T61 EvVog LIKPATEPOG KMVOGS, LE TNV 10100 KOPLET|
Kot faom évav KOKAO TopAAANAO TPOG TOV OPYLKO, LE Wi-
KpOTEPN OKTIVA, O OTTOI0C apatpeiTal amd TOV aPYIKO KOVO.

To oynuo Tov amopével AEyeTan KOAOVPOS KWVOS KOl ATOTE-
Agitan amd To PHEPOG TOL KOVOL OV TEPIAAUPAVETAL LETAED
™G Baong Kot vOg EmMmEOOV TAPAAANAOL GE ALTO, LETOED
KopLeNG kat Bdong. Ot dvo mapdAiniot kKOKAOL AéyovTal
PGS TOV KOLOVPOL KOVOV (LUKPT) Kot HEYOAN) Kot TO €V-
Bvypappo tunpa OO’ mov cvvdéet Ta KEVIpA TV PAcE®V
Aéyetan aovag M vwog. To tunuo AA' Aéyetan pevérepa 1
TAEVPA.

[ Tov dyko Kot TV EMPAVELD EVOS KOAOVPOL KOVOL 1GY V-
ovV ta emopeva Osmprpata.
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OEQPHMATA

»  To guPadov g kvptg E, kot g oAk E, emodvetog
KOAOVPOL KOVOL HE oK A Kot akTives BAcemv p kot

170

p’, 1oovta pe:
E =ml(p+p) xar Eg=mh(p+p)+m(p’+p?).
* O dyK0g KOAOVPOL KMOVOV, e VYOG L Kol OKTIVES p KoL
p’, 1oovta pe:

TED ! r
V=" 07+ +pp).

E Aoknoeis Eunédwons Anobeikukés AOKNOEIS
E 1. Kaovog éyer axtivo. 3 ka1 vyog 4. No. vro- 1. Na ywpiotei n kopt empaveLo KOVOL o€
< Aoyioete ToV OyKO, THV KOPTH KA1 THY OA1- 000 16000vauo, uépn e exinedo Kabeto
= K1 ETLPAVELQ TOD KOVOD. otov déova tov kwvov. To 1010 yio. Tovg
E 2. Kavog éyet dyog 4 kaui emipaveio 6. No. OYKOVS TV KOVV.
W Ppeite v oKxTivo. ToD KOVoU. 2. loomhevpoo tpiyadvov ABI” mpoekteivoo-
E 3. Karaoxevaletar amobnkn otkodouikmv e ™y whevpd AB katd (60 uikog Ko
g VAIKWOV O€ YR OVTEGTPOUUEVOD KOVOD oto onueio avto pépovye vbeia ¢ kGbe-
(6116), ywpic Kélouua, e axtivo Baonc ™ oty AB. No. vrwoloyioete Tov 0yKo oo
p kot yevételpo. 2p. No vroloyioete to - TOpPAyETaL 0T TO IOGTAEVPO TPIYWVO, OV
Padov e lapopivag mov yperaletor yio. oo TEPLOTPAPEL YOP aml TV EvBEia .
TV KATO.OKEDY] TS KOl TOV OYKO THG OT0- 3. Kowvog éyer axtiva p kot yevéteipa 2p.
Onkne. Na. ywpioete T0v kKVo ue 000 Topiiin-
4. Kavog mopayetal omo v mepiampopn op- Ao emimeda oTn Pfaon o€ Tpio pEPN, wote
Boyaviov kai 1600KeLODS TPLYHVOL YOPW 01 KUPTES ETUPAVELES TTOV TPOKVTTOVY VoL
amo 10 Dyog tov. Av p ivar n oktiva g EIvaL 10000VaES.
paong tov kwvov, va vmoloyicete tov | 4. Na amodeilete 0T 0 OyKOS EVOS KDVOD
OYKO KoL TV KUPTH ETPAVELL TOV KDVOD. 1000T01 UE TO EUSadOV Tov 0pBoywviov
5. 1o eufladov g oMKng emipavelag Kwvov TPIYWOVOL TOV TOV TOPAYEL ETL TO — TOD
eivour 160 pe 1o gUPadov kKOKAOD aKTIVOG HITKOVS TOV KDKAOV THG fAong.
. Nox :Bpg”f“f e m)pr’n' 6”150‘5‘)’6’0‘ KaLTov | 5, Na amodeilete 01 10, U000 TV KOPTOY
OYKO TOU KWVOU, OV EXEL OKTIVO. P. ETLPAVELDV ODO KOVDV TOV TOPAYOVIAL
6. Na ppeite o Adyo tov gufadod e faons amo 000 opota opboyavio. piywve. givar
EVOG KWVOD TPOS TO EUPAIOV THS KUPTHS OVAL0Ya TPOC TO. TETPEYDVA. TWV OKTIVDV
ETLPAVELDS TOV, AV EYEL VYOS (00 ue TOVG.
diduetpo e fdong ov. 6. 70 eufladov tne kKvpThHGS eMPAvEINS EVOS
7. Kovog rkar kbAivopog Eyovv ioeg faoels K@OVOD 1000701 UE TO EUPOOOV KDKAOD
Kot ioo. vym. No fpeite 1o Aoyo v kop- aktivag a. No vwoloyicete: i) Tov Oyko
TV ETIPOAVELDY TOVG. TOV KOVOV, AV Eyel aKTIVO, p Kal i) TOV
8. Na fpeite tp ywvio tov kvklikod touéa éyKo Tov KdVov, av o = I ka1 p = é
TOV TOPLOTAVEL TO OVATTOYUA TOD KWOVOD 3
axtivag p ko1 Dypovg v =N15p.
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ANAKEDOAAAIQZIH

1. EyPodov emeavelog Kmvov aKTivag p Kot YEVETELPOG A
*koptig:  E=m7pA,
cohkng:  E,=mp(p +A).
2. To avédmTuypo KO®VOL aKTivag p Kot YEVETELPAS A €lval KUKAMKOG Topéas Yoviag:

p
=—-360°.
¢ N 2
] , , , PV
3. Oyxog kdvov Dyoug v Kot aktivag p: V = 3

4. KbéAovpog KOVOG pe aKTiveS p, P, VYOG L Kol YEVETELPO A:
* guPaddv KUPTNG EMPAVELNG E . =7n\p+p")
* guPaddv OMKNG EMPAVELNG E,=nMp+p)+a(p’+p7)

7 TCD ! r
‘OYKOGv=T(P2+P2+PP)-

Ipaipa

m Opi1opdés kal oroixeia oPaipas

H oopaipa, éva oteped oynua mov eival yvootd amd Ty eno-
nteio, propel va oplotel yeowpeTpikd pe dvo tpomovs. Katd
Tov éva Tpomo, Bempeitan 6TL TPOKHTTEL WG EMPAVELD EK
TEPIGTPOPNG, EVD KATA TOV OEVTEPO TPOTO OTL vl YE®LE-
TPIKOG TOMOG oNUEi®V TOL YMPOoV. AKoAovBOLV Kot ot 30

oplopot:
Opiopoi
1) Zpaipa €ival 1o cYNNo. TOV TAPAYETAL ATTO TNV

neEPLoTPOPN £vOS KvkAov (O, p) pe dova mept-
oTPOPNG pia SLGpueTPo TOL.

1) Zgaipa €ival To 6OVOLO TOV GNRELOV TOV JAPOL
ov améyovv and éva 6talepo onpueio O otabdepr)
amdoTOaon p.

To onpeio O Aéyeton kévrpo (6y.42) kot to Tpuqpe OB = p
Myetar axtiva ¢ opaipag. H cpaipa cvopPoriletar pe
(O, p), 6mov O &gival 1o KEVTIPO TNG CPOIPOG KOl p 1 OKTIVAL
me. Kabe evbeia mov mepvaet amod to kévipo O g ceaipog
TEUVEL TN opaipa og dVo onueio A kot A', To omoio Aéyovton
avtiolaueTpixd onpeio (oy.43) kot To evOLYPALIO TUN O
AA' Méyetan drdueTpog g opaipag. To evBhypappo Tpuqpo
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AB mov evavet dvo toyaio onpeio g ceaipag Aéyetal yop-
on. Ta onpeia ToL YOPOL TOV ATEYOLV OO TO KEVIPO TNG
GQAIPOG ATOGTACT) LIKPOTEPT] OO TNV OKTIVA TNG GPAipaG
Aéyovtal eomTEPIrd onpeia ¢ cpaipac, eved exeiva TV
omoimv 1 andoTaon and T0 KEVIPO elval peyolvtepn omd
v aktivo Aéyovtan eCmTepird.

Q¢ dpeon GLVETELD TOL OPIGHOV TPOKVTTOLV Ol EENG TTPO-
Thoels:

MPOTAZEIZ

* KdO¢ opaipa £xer pévo éva kévrpo O.

* Okec o1 owapeTpor TG opaipog givon ioes.

o Ka0g yopon ocpaipag eivar pikpotepn amd T S1apeTpo.

* Av AB givan yopon c@aipag kor M 1o péco g yopons,
16te 1} OM givan kGOET 6T1 LOPON).

NMPOTAZH

Téooepa onpeia Tov YOPOV, TOV GEV AVI|KOVY G6TO 1010
eMinedo, opilovv povadikl ceaipa.

Bewpobpe ta onpeia A, B, T’ kot A, mov dev avijkovv 6To
oo eminedo. Ta onueio g evbeiog & mov eivar kdOBetn 10
eninedo Tov tprydvov ABI oto mepikevipo K icanéyovv amd
ta A, B ka1 I' (oy.44). Kataokevdlovpe tdpa 10 ninedo
T TOVL €ival pecokabeTo oto evBVLYpappo Tuua AA, Tov
tépver v evbeia & og éva onpeto O. To onueio O woamnéyet
kot and ta téocepa onueia A, B, T kot A. TéLog, emeidn to
KévTpo kaOe opaipag mov mepvaet and ta onpeia A, B ko I’
elvar onpeio ™ & kot To KEVTPO kaBe ceaipag Tov mepvaeL
amo ta A kot A givan onpeto tov T, EmETon OTL 1 6RO AVTN
glvat povaodikn.

KEEREA o©¢oeis subcias kai eninéSou
wS Npos oPaipa

» Ixeukn Oéon eminédou kal opaipas

‘Ecto opaipa (O, p), eninedo m mov anéyel andotoom

OK =8 ano6 1o kévtpo O g cpaipag (oy.45).
1) Av 0 > p (oy.45a), 10t OAO TOL ONEiR TOL EMUTESOV
elval eEmtepikd onpeia TG cQAipOS, ETOUEVMG TO EMi-
1ed0 Kot 1 opaipa Ogv EYovV KOvd onueio.
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i1) Av 6= p (ox.45pB), 101€ T0 onpeio K givar koo onpeio
NG COOIPOAS KOl TOL EMMEOOV, VM KAOE AALO onueio
TOL eMIESOV eivan eEmTePIKO onpeio g oeaipac. Tote
10 eMINESO AEYETOUL EPATTOUEVO EMIMEDO TNG COAIPAG
kot to onueio K Aéyeton enucio emapijs.

1) Av 0 < p (oy.457), to1e 10 onueio K givon ecwtepikd
onpueto g opaipag. Tote to eminedo Téuvel T ceaipa
KoL 1) TOpN €lvoil KOKAOG TOL EMUTESOV T LE KEVTPO TO

onueio K kot oxtiva p’'=+/p° —8°.

Ortav 10 eninedo mepvdetl amd 10 KEVTPO TS COAIPAG,
TOTE M TOUN| NG CPAipag e TO eMimedo ivarl KOKAOG
oL &£xel KEvipo O kot axtiva p Kot AEYETOL HEYIGTOS
KkoKlog. H topn g opaipog e eninedo mov dev mepva-
€1 a0 TO KEVTPO AEYETOUL HIKPOS KDKAOGS TNG COOIPOC.

» Ixeukn Oéon euBcias kal o@aipas

Bewpoipe opaipa (O, p) ko vbeia € TOL de diEpyeTon amd TO

kévipo O. 10 eninedo (O, €) ypapovpe tov koKho (O, p), Tov

glvan péy1otog KuKAOG TG opaipag Kot £otm OK = & 1 amno-
otaon tov onueiov O and v gvbeia €. H gbpeomn twv kovdv
onueiov g vbeiag Kot g oPaipag avayetol GTNV EVPECT

TV KooV onueimv g gubeiog € Kot tov kKokiov (O, p).

1) 'Ectm 611 0 < p (0y.460). Tote n vbeia & Téuvel Tov
KVkAo (O, p) oe 600 onueia M kot N. Apa 1 gvbeia €
TEUVEL TN ogaipa oe dVo onueia, Tao M kot N.

1) 'Eotm 611 6 = p (0%.46P). Tote 0 xOKAOC (O, p) OV
Bpioketan oto eminedo (O, €), epdmnteTan oV gvbeia
€ Ko to onpeio K eivan to povadikd kowvd onpeio g
evbelag € kot g oeaipag (O, p). Znv wepintwon oty
N evbeia € Aéyetan epamrouévy TG oPaipag Kot onueio
K Aéyetan onueio emapic.

iii) "Eotw 6116 > p (o).46Y7). O kdkAoc (O, p) dev téuvel v
evbela g, emopévmg N gvbeia ko 1 ceaipa dev Egovv
Kowd onueio. Av n gvbeia € diépyetor and 1o O, T0TE M
€ TEUVEL TN 6QOipa GE dVO AVTIOLOUETPIKA CTLELQL.

EERT] Mérpnon opaipas

» Epadov kai 6ykos napayOpevos anod tnv NePICTPoPn
eninedns noAuywvikns ypappns

['a tov vroAoyioud tov epPadod TG EMPAVELNS TS G-
PO Kot ToL GYKoVL TG Ba ypelooTovLE TO ETOpEVE BE®PN oL
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Yxnua 49

T TOV avapEpovtal g Bempnuata tov [ammov. O Idnmog
é¢noe tov 30 1. X. awwva Kot £6idace oto [lavemotnpio g
Are&hvoperog.

OEQPHMA |

To epPaddv g empaveLng TOV TOPAYETOL KATA TNV TAN-
pN TEPLOTPOPT £VOG gVBVYpappov Tunpatog AB (oy.47),
pe d&ova meptoTpoPng evbeia & cuveninedn pe To TUNLOL,
OV OEV TO TEUVEL GE E6MTEPIKO onpeio Kot dev etvat Ka-
Betn o€ aVTO, 16GOVTAL [LE TO YIVOUEVO TOL KVKAOL TOV
&xet axtiva to Tuqpua MN mov eivar k60eto 610 PHEGO TOV
evOOHYPOLLLOL TUMHATOG LEXPL TOV AEOVA, ETTL TO UNKOG TNG
poPfoing A'B’ Tov tpufpatog otov dEova, OnAaon
eup(AB) =2n -MN - A'B".

©EQPHMA I

O 6yKog 10V 6TEPEOD TOL TOPAYETOL KATA TNV TEPIGTPOPT
tprydvov ABI yOpwm amd d&ova &, Tov aviKel 6To enimedo
TOV TPLYDOVOL Kot SIEPYETAL aTd TNV KOpuen A, yopic va
TO TEUVEL G ECOTEPIKE onpeia, 16o0TOL PE TO YIVOUEVO
oV guPadov TG EMPAvELNG TOL Topdyel 1| TAgvpd BT
eni 10 éva TPiTO TOL VYOV TTOL OVTIGTOLYEL TNV KOPLON
A tov Tpryddvov (oy.48), onhadn:

oyk(ABI') = % v -eup(BI).

» Eppadoév emeaveias o@aipas

OEQPHMA 11|

To guPaddv g empdvelag coaipog (O, p) wwovTaL e TO
eUPadOV TECCAP®V LEYIOT®V KUKA®V, ONALON:
E= 47tp2.

Bewpovpe 6t oeaipa (O, p) Tapdystol and v nePL-
GTPOPN EVOC HEYIOTOL KUKAOL TG, pe a&ova pia didpetpo.
210 péy1oto KOKAO £YYPAPOVLE VO KOVOVIKO TOADYMVO LIE
Gptio TAn00c Kopve®v, T.y. éva edymvo (oy.49). Katd v
TEPIOTPOON YOP® OO T SIAUETPO AA, 1) TOAVYMOVIKT] YPOULL-
un ABI'A, copeova pe 1o Bedpnua I tov Ianmov, mapdyst
emedveln epuPfodov:

E¢=2nay,(AB'+ BT’ +1'A) = 2no, - AA = 4npa,



Yxhua 49a

ZXOAIO

O 6yxog kai 1o eufadov g
EMIPAVELQS OPAIPOS KO O OYKOG
KOl 10 EUPOOOV THG KUPTHS EMI-
PAVEIOG KOVOV, KOLOVPOD K-
Vo ka1 KvAIVOpov vroloyiotn-
Kav 1o Tpaty Popd omwo Tov
Apyaion ue drapopeti péQo-
0 amd OVTHY TOV YXPNOIULOTOL-
obue 0, OV THY OTOKALOVOE
«EPOOOY.

KE®OAANAAIO 13.

ITEPEA ZXHMATA

OTOVL 0 EIVOL TO ATOGTN O TOV KOVOVIKOD EE0YMVOU.

AmAoc14LovTog GVVEYMG TIG TAEVPES TOV EYYEYPOAUUEVOL
TOAVY®VOV, GTO OP1O, 1| TAEVPE TOL EYYEYPAUUEVOD TOAD-
YOVOL GUVEYDG LEUDVETOL, TO TOAMIYMVO TEIWVEL GTO HEYIOTO
KOKAO Kot TO amOGTNLA TEIVEL 6TV OKTIVA TOV KOKAOV. XTO
0p1o Aoumdv, EYOVLE:

E=4np-p= 411:p2.
» ‘Oykos o@aipas

OEQPHMA IV

. : . . 4 5
O dyKog caipag aktivag p etvar: V = 5 mp”~.

Eyypaopovpe otov KhkAo mov mapdyel T ceaipo £k TePL-
GTPOPNG £VOL KOVOVIKO TOADY®VO LE APTIO TANB0G KOPLO®OV,
.. €va e&aymvo (oy.49a). Katd v meptotpoer| yopw amd
tov d&ova AA, ta tpiyova OAB, OBI kot OT'A napdyovv
0YK0, ToL cOHPVA e To Oewdpnua I tov [Tanmov diveTon
amd TN GYEoN:

Vo= (B(AB) + 5u(B) + o) - o, =

1
= 3 euP(ABIA) - a4

OOV 0 iVl TO ATOGTNLA TOV KAVOVIKOD €E0yOVOL Kot
euP(AB) givor 0 epPadov TG EMPAVELNG TOL TOPAYETOL
and 1o Tpufua AB katd v mepioTpon Tov yOpw and tov
dEova AA. Atmhactalovtag cuveEXMG TIC TAEVPES TOL £YYeE-
YPOULLEVOL TOAVYDVOL, GTO OPLO, 1| TAELPE TOV EYYEYPOLL-
HEVOL TOAVYMVOL TEIVEL 6TO PUNdEV, TO EUPAOOHV TG TOAL-
yYoViKig ypappng AB...A teivet 6to eufaddv Tov nukvkAiov
axtivag p, T0 eUPaddV TOLv TAPAYEL 1| TOAVYWOVIKT YPOUUN
AB...A tetvel 610 gufaddv ™S cEAiPAS KoL TO ATOGT LA
TEIVEL TNV OKTIVO p TOV KUKAOV. XTO Op10, AoV, EYOVLE:

=i'4n2' =in3
3 p P 3 p -
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Aoknoels Epnédwons

1.

10.

2paipo. axtivos 50 téuvetal omo eximedo
7oV anéyel amod o kéVvipo omootaon 20.
No. vroloyioete Ty oKTIVO. THS TOUTG.

Zoaipo. axtivog 40 téuvetal omo eximedo
Koza KoKlo pe eufiadov 900r. Na fpeite
TNV OTOOTOCN TOD ETITEIOD OTTO TO Ké-
VIPO THG OPAIPOG.

Mouapovue pio oxtiva opaipog (O, p) o€
000 o0 TUHATO KAl A0 TO GHUELO THG
O1aipeonS Ppépove MITEd0 KGbeTo aTny
oxtivo. No, vwoloyioete 10 Eupodov tov
KOKAOD THS TOWI]G.

2paipo okTivog p poTICETOL A0 POTEL-
i} TNYN O PPIoKETOL 0€ ATOTTATH >
oo T0 KEVTIPO TS opaipog. Na fpeite
MV OKTIVO TOV KOKAOD Tov ywpilel to
PTILOUEVO UEPOS THS TPAIPOS OO TO
OKOTEIVO.

No vmoloyicete 0 euffadov opaipog
axtivag p=10.

No. ppeite t0 100 TV ETMPAVEIDY 0DO
OPOLPOV AV 0 LOYOS TWV OKTIVWY TOVS
ehvou A.

No voloyioete T0V OyKo TQAIPOC UE
oxktiva. 3.

No. vrroloyicete 10 Adyo TV 6yK@V Do
aPAIPOV AV 0 LOY0S TWV OKTIV®Y TOVS
ehvour A.

Avovror 000 OUOKEVIPES GYOIPES UE OKTI-
veg p koL p'. DEPOVUE ETITEDO EPOTTOUEVO
ot Wkpotepn opaipa. Na vroloyioete o
UPadov Tov KDKAOVL KOTA TOV 0T0LO Té-
LVETOL 1] UEYOAN GQOIPa. OO ETITEIO TOD
EQATTTETOL OTH UIKPT.

Kolwdpixog Léfnrog éxet dyog oo ue
TNV OKTIVO. TOD P KOl KOTAANYEL 08 ODO
nuiopaipia. Na vwoloyioete to p, wote
0 OVVOAIKOG OyKOG Va gival 63T.

Anodeiktikés ACKNOEIS

1.

Aivovtai ta oteped: i) KOAVOpog oKTi-
vog p kot Oyoug 2p, ii) KOvog aKTivog
p ka1 Dyoug p kou iii) opaipa axtivag p.
Na arodeiéete ot1 (@) 0 OyKOG THG TQO-
POG 1600TOL UE TEGOEPLS OYKODS KMVOU,

(B) 6vo SyKrot kvAivopov eivor Tpelg apai-
PEC KO () 000 0AIKES ETLPAVELES TOV KO-
AIVOPOD 160OVVOLODY UE TPELS POPES TNV
EMPAVELQ, THS TPALPOG.

2. Na armodeilete 0t1 0V 0D0 TQaipeS TEUVO-
vTaL, i Tour Toug ival KOKAOG.

3. Na amodeilete 0t1 0 OyKOC OPAIPAS OKTI-
VOGS p, 0 OYKOG 160TAELPOV KOAIVIPOL Te-
PLYEYPOLUEVOD TTH OPAIPQ (0NA001] KO-
Aivépoo ue axtivo p koi Dwog 2p) kot o
OYKOG LOOTKELODS KWOVOD TEPLYEYPOUE-
vov ath opaipa (0niadn Kwvov mepiye-
YPOUUEVOD GTI GPAIPO. TTOV EXEL OIGUETPO
paong ion pe axun) eivor avaloyor twv
ap1Buav 4, 6 ko1 9 avtiotoiyo.

LUvOeta Bépata

1. No fpeite 10 Aoyo tov Dyovg KvAivopov
TPOG TNV OKTIVO. GQAIPOS OV EYODV [0EC
OKTIVES KO 1000DVOUES KUPTES ETLLPAVELES.

2. Xe opaipo oKTIVOS p EYYPAPETOL KMDVOG.
No. ppeite pv amwootoon ¢ faons tov
K@OVOL a0 T0 KEVIPO MDOTE O KWVOS VO,
gyetl uéyiaro oyko. 1o id10 kot yio KOALY-
PO EYYEYPOUUEVO OE TYAIPOL.

3. Na ppeite 10 10yo TV guffadmv koi twv
OYK@WV GQOIPOS KO TOV EYYEYPOLUEVOD TE
otV i) KOfou, ii) Kavovikod oKTasdpou.

4. Xopaipo, kKOAVIPOS Kal KWDVOS EYovV 106
OKTIVES KOl TO. DYH TOD KWOVOL KOl TOV KO-
Avdpov elvar ioa ue T OIGUETPO THS TPai-
pog. No vrroloyicete Tovg 10y0vg TV Kup-
TV ETPOVELDY TOV KOAIVOPOL KaiL TOV K-
VOU TPOg THY emPaveLa TS opoipog. To
1010 Ka1 Y10. TOVG OYKOVS TOVG.

5. AvV,, Vs kou V, eivau o1 ykor mov mapd-
yovrar amo opboywvio tpiywvo av avto
TEPIOTPAPEL YOPW OO TIC TAEVPES @, [
Ko y avtioToLya, T0Te 10YVEL:
TR

Ve Vi V]

Na. ppebei emions o 10yog TI;@
7
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APAXTHPIOTHTA
Aiverou tetpaywviky wopouioa K.ABIA, ue poon tetpdywvo ABIA whevpds a, n éopo KAA sivar
100TAEVPO TPTYWVO Kot o1 yovies KAB ka1 KAI eivou oplég.
i) Na omoderybet om n dicopn yovio AA(K,T) eivor opoh.
ii) Amo to onueio A pépovue v AB' kaOetn oty oxuny KB kai omd 1o B' eminedo wopdiinio oto
ABIA mov téuver tig axués KA, KI™kou KA ota onueio A', I ka1 A'. Na vmolioyioOgi o oyrog
¢ Kolovpng mopouioos ABIA-A'B'T'A".

iii) No amooeryOei ot1 n wopopioo K. ABIA eivou eyypdynun o€ opaipa koi va 0roloyialdel o 0ykog
KOl 1] EMIPAVELS, THG.

ANAKEDOAAAIQZH

1. H oyetwn 0éon coaipag (O, p) kot emmédov T e&optdtal amd Ty andsTacT & ToV
emumédov and to kévrpo O g eENg:
* 0 > p, T0 €MiMEd0 KoL M cEaipa dev £xovv Ko onpeia,
* 0 = p, 10 eminedo KAl 1 ceaipa Exovv Eva kowvod onpeio. To emimedo epantetol 6T
coaipa,

* 8 < p, 10 eninedo Téuvel ™ cQoipo 6g KOKAO pE aKTiva /p° —8° Kot KEVTpo TV
TPoPoAN TOV KEVIPOL TNG CEAipaG 6TO eminedo.
2. H oyetn 0éom coaipag (O, p) kot gubeiag € eEaptdton omd v amdoTacn O Tov Ké-
vtpov O amd v evbeio w¢ eENG:
* 0> p, n gvbeia dev £yetl kowvd onueia pe T oeaipa.
* 0 = p, 1 evbeia £xet éva Kowvd onpeio pe ™ oeaipa, SnAaon 1 vbeia epdanteTol ot
opaipa.

* 0 < p, n evbeia Téuverl T ceaipa o 600 onueia.
3. Eppadov emoavewg opaipag (O, p):  E=4mp’

4
4. Oykoc ooaipag (O, p): V= 3 p’
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No. ppeite onueio tov omoiov 10 dOpor-
OO TV TETPAYOVOV TV OTOTTATEDY
TOV AT TIG KOPVPES EVOS TETPUEIPOD VO
sivau Ady1o7o0.

OUVOEODY TO, UEGO, TV ATEVAVTL AKUDV
oyotouovvral. To tunuozo avtd Aéyo-
VoL OLOIGHEGOL KAl TO ONUELO OUTO AEYe-
101 KEVTPO Bapovs Tov TETpasdpou.

O1 T€00epIC OIAUEGOL TETPAEIPOD, ONAO-
01 TOL TUIUOTO. TTOV GVVOEOVY TIG KOPVPES
LLE TO. KEVIPO, PAPOS TWV OTEVOVTL EIPWV,
01EpOVTaL OO TO 1010 ONUELO KOL TIG Y-
piler oe Aoyo 1:3.

2. H toun tetpoédpov e exinedo mopoiinlo 6.
0€ ODO ATEVOVTL AKUES EIVOL TOPAIINAO-
ypao.

3. divovrou tpeig evbeieg €, { ka1 & ava oo
aabupores, mov dev eival Toporinies oto
1010 emimedo. No, KaTooKEVATETE TOPAA-
Anlemimedo wov Exel TPEIS OKUES TOD OTIC
svbeiec avtég.

FENIKEX ALKHZEIX

7. No amodcifete 611 01 e008ieg TOL CVLVOE-
0DV T PEGO. TV OTEVOVTL QKDY TETPOL-
£0pov (01010ET0L) 1EPYOVTAL OO TO Ké-
VIPo PApovs Tov TETPAESPO.

Na. fpeite eawtepind onieio TEToEdpov
TETOLO DOTE TO TETPAEIPO. TOV TYHUATICO-
VIOl [e KOPLP1 TO OHUELO QDTO KOl PACELS
TG EOPES TOV APYIKOD TETPAEIPOD VO. EIVaL
16000V

4. To entinedo wov dryotoust uio. diedpn yw- 8.
vio eVOG TETPAEIPOD yWPILEL TNV ATEVAVTI
K] OE UEPN OVOAOYO. TWV TPOCKEIUEVDV
EOPAOV.

5. 2e kabe tetpaedpo o1 tpeis evbeicg mov

EERT)] Kavovika noduedpa

"Eva moAvedpo Aéyetan kavoviko 6tav OAeG Ol £5pEG TOL glvar
{o0 KavoviKd ToAY®VO Kot OAES 01 TOAVEIPIKES YMVIES TOV
glvon {oeg.

Ao ToV 0p1opd 0vTO TPOKVTTEL OTL OAEG OL OKULES EVOG KO-
VOVIKOU TOALESPOV elvar ica uBvypappa TURpaTo, Kodmg
emiong kot OAES 01 eMinedes YoOVieS TV 0p®V TOV givar ioeg.
AT 0 TOADESPA TOV EEETACAUE £OC TOPOA, KOVOVIKA TAV
TO KOWVOVIKO TETPAEdPO Kol 0 KOPOC. XtV mapdypopo ot
Ba e&eTdooLE OAO TOL KOAVOVIKA TOAVESPO TTOV UTOPOVV VOl
KataokevacHovv.

Onwg avaeépape oty §13.1, yio 10 TANO0C TOV KOPLYDOV
K, tov akpov A kot tov edpov E evog moAvédpov, oyiet
t0 Bedpnpa tov Euler:

E+K=A+2 (1)

"Eva kovovikd moldedpo €xetl £0peg mov eival Kavovikd mo-

Mryova kot £0Tm v 0 aplBpdg Tov mAsvpov kabe £dpac. Ot
E €dpeg €yovv cuvolikd VE mievpés, ot omoieg avd 600 tav-
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KE®DOAAAIO 13. ETEPEA ITXHMATA

tilovtat yio va 0dGovV pio okun Tov ToAvESpov, dpa ot
aKpES elvat:
vE

Emiong, ka0e £6pa Tov KavovikoDd TOAVESIPOV €)EL V KOPV-
(&G Kol TO GUVOAO TV EMTEODV YOVIOV OAOV TOV EOPDV
Tov givan VE. Oewpodpe Tt aTEC EVOVOVTOL OVA [L Y10 VL
dMOOLVV o 6TEPEAR YOVIO TOV KOVOVIKOD TOAVESPOL, TOV
avtiotoyel o€ kabe kopven Tov. ETopévmg ot kopueég givar

vE
=— (3).
1}
Avtikafiotovrtog ta A kot K oty (1) and 116 (2) ko (3),
&xovpe

E-_ M (4).
2p+2v—pv)

Avalntovpe Lowmdv puoikovg apBuois i, v kat E mov va

Kavomolovy ) oyéon (4), Aappavovtog vrdyn 61t 0 ma-

POVOLOGTNG TPETEL VAL elval BeTIKOG aplOpog Kot ot £5peg

pEneL va etvor teptocdtepeS omd Tpelc. Ot AVGES OV 1Ko~

VOTolovV OAEG aVTEG TIC cLVONKES glval ot eEng:

e Tov=3r10pmnaipverictipég p=3,4, Sxorto E =4,
8, 20 avtiotorya, Onradn pe tpiyova oynpotifetot 1o
KOVOVIKO TETPAEOPO, OKTAEIPO KO ELKOGAEIPO.

e Twv=416te pn=4r«atE =06, onladn pe tetpdyonva
oynpatiCetar povo o Kvfog.

e Tv=>5r10te p=23 kot E =12, onAaon pe Kovovikd me-
VIOy®vo oyNUoTileTon LOVo TO KOVOVIKO OMWIEKAEPO.

AvTég elvar ol goveg Mcelg mov emdéyetal n oxéon (4),
EMOUEVOIG DTTAPYOVY HOVO TTEVTE KAVOVIKA TOLDEOPA, IOV
Aéyovran ko HAatwvikd oteped. Meletnkav oty Axa-
onuia tov IMAdtwva, otn XyoAn tov ITvbaydpa kot o Ev-
KAeldNg acyoreiton pe avtd oto 130 Piiio tv Xtoryeimv
OOV OmOdEIKVOEL OTL WV TA etvan axplBadc Tévte (PA. oyeTIKo
10T0pKd onpeimpa). Xto 6y.50 ewoviCovral ta TEVTE Kovo-
VIKQ TOAVESPO. Ko SimA TO avAmTuyUd Tovug. To Kavovikd
ToAVEdPA Eva EYYpAyILa KO TEPLYpAyILa o8 cpaipa. An-
Aadn vapyel ecwteptkd onueio O, mov gival kEvTpo Vo
COOIP®V, VTG TOV TEPVAEL ATTO OAES TIG KOPLPES TOV KAVO-
VIKOD TTOAVEOPOL KO VTG TTOL EPATTETOL OAMV TOV EPDV,
6T KEVIPO TOVC.
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EYKANEIAEIA

ZXOAIO

O Kk0fog e 10 OKTAEIPO KO TO
OWOIEKAEIPO UE TO EIKOTAEOPO
Agyovror 6o KavoviKa ToAD-
£0pO, YIOTI, OTWS TOPOTPOVIUE
omo tov mivaka, ot opiBuoi twv
E0PWOV KOL TWV KOPVYPDV TOD
£VOG 1000VTOI e TOVS Op1Ouovg
TOV KOPLPDOV KAl TWV EOPDV
700 dAdov, eva 10 TANBOC TWV
oKxuv péver ioro. o mAnpotn-
10, Aépe 0TI TO TETPAEIPO Elval
ov{vyég ue tov eavto tov. Mio
ePapuoyl avtis e Topatnpi-
ONG EIVOL OTI AV UE KOPOPES TO.
KEVIPO TWV E0PAV EVOS KOVOVI-
KOD TOADEIPOV KOTOATKEVATOVIUE
A0 KaVOVIKO TOAVEIPO, OWTO
eival to ovlvyég tov. la wo-
POOELYUQ, TA KEVTIPA TWV EOPDV
KOPoV glvol KOPLPES KAVOVIKOD
OKTaEIPOD.

Kavoviké morivedpo

rTrEQMETPIA

Kvpog

i
o

2 Ly,
e [P

Y10V mopoakato mivako topadétovpe to facikd ototyeia
TOV KAVOVIK®OV TOAESPWV. ATO TOV TIVOKO 0VTO KoL TO Un-
KOG TNG OKUNG O KOTOGKELALOVTOL TO AVATTUYLLOTO TMV KOl
VOVIK®V TOAVEIP®V, 0poV YVOPILOVLE TO GYNLL TV E0PAV,
T0 TANBOC TV E3PDV GLVOAIKA KoL TOV aplOUd TOV E5p®OV
OV GLVOPEVOLY GE KABE KOPLEY| TOL TOAVEIPOV. ATtO TaL
OVOTTTUYHOTO LTOPOVV VO KATOGKELOGHOVV ToL TOAVESPOL.

Eidog gopav AT

Tetpaeopo 4 10
Kvpog 6 8
Oxtaedpo 8 6
A®oegKGedpO 12 20
Ewocdeopo 20 12

avad Kopo@1) | TEpryeypappévi cQaipog

_o6

6 Tplyova 3 R 1

12 Terpdyova 3 R= OLT\E

12 Tpiyova 4 R = #

30 Ilevidywva 3 R= %\/5 5+1)

R=2410+25

30
4

Tplyova 5
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KE®OAANAAIO 13.

IXTOPIKO *tHMEIQMA

Ta kavovika noAvedpa

H 1déa va dakpivovpe to ToADESPA GE OUADES
oV TTOPOVS1aLovy Kamoto 131aovVGa KOVOVIKO-
mro avayetor oty apyoio EALGSa. [1og axpi-
Bmg kou yrati £yve ovti 1 opadomoinon dev givor
16TOpIK Yvoto. OAa ta ovopalopeva (Kuptd)
KOVOVIKG TOADESPA NTOV YVMOGTE GTOVS apycLi-
ov¢ EAMnveg yeopétpeg, Kot opiopéva amd avtd
(kOBog, TeTPAedPO, OKTAESPO) TPEMEL VO TOV
YVOOTA Kot 6TOVG AlyumTiovg.

To wévte Hlatwvikd oteped.: e1K00AEIPO, OKTAE-
po, TETPaEIPo, KOPOG, dWIEKAEIPO

To ToAvedpa ovtd cuyva ovopdlovton kon I1Aa-
TOVIKG Y| KOOUIKG OTEPEG. XT1 PLAOGOPI0. TOV
[MAdtova ta técoepa amnd ovtd cvpPorilovv
TEGGEPN SOUIKA OTOLYEID TOV GUUTOVTOG: TO TE-
TPGedpo T POTIE, 0 KOOGS TN Y1, TO EIKOGAESPO
7O vePO Kol TO 0KTAEdPO TOV 0épa. To mépmto, T0
dmdeKAedPO, GLUPOMEE TOV KOGUO (GTOL AQTIVIKA
ovopaldtav quinta essentia - «TEUTTI) OVGION).
H Bempia g KOATACKELNG TOV TEVTE KOVOVIKMV
TOAVESP®V ekTIBETAL 6TO TEAOG TV «XTOYXEIOVY,
Bipiio XIII, tov Evkheidn, 6mov ot akpég Toug
ekQpaovtal g GVVAPTNGN NG OKTIVOG TNG TE-
pryeypappévng opaipag pe tn Pondeia g Oe-
wpiog Tov appntov Tov Bifiiov X kot amodet-
KVOETOL OTL VILAPYOVY OKPIPDOG TEVTE KOVOVIKE
ToADESPA. ATO o TA 0 KOPOG, TO TETPAEIPO Ko
70 dWAEKAEOPO TTPEMEL VAL LEAETHONKOV ATTO TOVG
[MvBayopeiovg, evd 1 LEAETN TOV OKTAEIPOL KOl
TOV €1K060Edpov amodidetot 6to Bsaitnto. O
Beait 1o NTav LEALOV O TPATOG TOL £ypaye
Y10 TOL KOVOVIKG 6TEPED, EVD GOUP®VO LE Hid
paptopio Tov Yyikdn, pio 6e0tepT mpaypoteio
Thve 6710 OEua 0VTo e TITAO «ZOYKpLoT TOV Té-
VTE KOVOVIKQV GTEPEDMVY» YPpAPNKE YOp® 610 320
n.X. ond tov Apiotaio. [IiBavov oty Tpaypa-

ITEPEA

Telo AVTH v AvAYoVTal 01 KOTAOKEVEG TOV €Y-
YEYPOUUEVOV GE GPOAIPO KOVOVIKMOV TOAVEIPMOV
OV AMAVIAUE GTY «XZvvaymyr» Tov I[ldnmov. O
Y kg pog petagépet exiong m poptopio 0Tt
0 ATOMMOVIOG EYPONE LILOL GUYKPLTIKT HEAETT] Y10
70 dWAEKAEOPO KOl TO EIKOGAESPO, ) OTOT0L OU®G
dev dlaomOnke.

To. awoxododueva anuepo. Apyyoeia orepead.:
Kvfoktaedpo, (poufo)kolovpo E1kooLOMIEKAEIPO,
(poufo)rolovpo kvfortaedpo, kdiovpog kvfog, Ko-
A0VPO dWIEKAEIPO, KOLOVPO EIKOTAEIPO, KOAOVPO
OKTGEIPO, EIKOTLOMOIEKAEIPO, POUPOEIKOTLOMOE-
KGEIPO, pouforvforTaedpo, TEMAATVOUEVOS KUPOG,
TETAATOOLUEVO OWIEKAEIPO, KOAOVPO TETPLEIPO.

2oppava pe poptopio tov [dnmov, o Apyong
OT1 YOUEVT TTPOYLLOTEID TOV Y10l TOL AEYOLLEVE. LU
KOvoviKa ToAvedpa dtakpivel dekatpio véa €10m
TOAESPWV, Ol £0PEG TV OTOIMV VO KOVOVIKA
TOAY®VA, OALL d1APOP®V 0DV, Kot OAEG 01
KOPLPEG TV 0moilmV glval 16000OVaES, dNAadT|
&yovv TV 1010 d14taén dp@V YOp® amd Kibe Ko-
pLPN. ATO QVTA AAA EYOLV VO £16M TOAVYDV®V
Kot GAdo Tpio. O apBpdc TV €dpdV KupaiveTol
peta&o 8 ko 92. Enpepa to ToAHESPO OVTE OVO-
palovtor NuKovovikd 1 ApyLndsia. 6TepEQ.

To evdrapépov ota Kavovikd moAvedpa avalmo-
yoviOnke tov 150 at. pe g epyacieg Tov [Tiépo
viela Opavroéoka (1457) kot t «Ogikn ava-
Aoyioy Tov Aovkd ITatoor (1509), émov e&etd-
Covtar Apypndeta 6teped Kot TPOTOL KOTUGKED-
NG TOVG. XTO. KOVOVIKG TOADEPO. OVALPEPOVTOLL ETTE-
ong oto £pyo toug 0 Dvéog (Orontius Finaeus,
1550) ko1 o Papog (1569).
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NMAPAPTHMA B’

1. EIZATQrH

1o [Tapdptmpo avtd Bo tapovcilaotel pio cHVTOUN
glooyoyn ot ['eopetpia e opaipag, Oo pererhcov-
pe dNAadn, Kot ovaAoyio LE TN YEMUETPIO TOV EMITE-
S0V, 110N TES CYNUATOV GTNV EMPAVELD TG COAIPAG.

2. BAZIKOI OPIZMOI KAI MPOTAZEIZ

e wa ogaipa kévtpov O (oy.1), vadpyovv arneipot
HEYLGTOL KOKAOL, TTOV TEPVAVE amtd Vo, onpeio ¢ A.
O1 péytotot owtoi kHkAot opilovtarl g Toun g oeai-
pog pe Ta eminedo wov mepvave amd v axtiva OA.
Topatnpovpe dpmg 6Tt 0wTol 01 KUKAOL HLEPYOVTOL KOt
amo €va dgvTepo onpeio A’, To avTdlapeTpikd onpeio
oV A.

Avo onpeia A kot B pn avtidwopetpikd oty empdveia
™G opaipag (oy.2), opilovv évav Kat Lovo éva LEYIGTO
KOKAO OV TTEPLEYEL TA OoNMLEiD AL TA. ATOSEUKVIETL
OTL TO LKpOTEPO ATd TO VO TOEN TOV HEYIGTOV K-
KoV givat 1 cuvtopOTEPT 0mOCTOOT HETAED TMV dVO
oVTOV oNpelwv, HeETpNUEVT TAVEO GTNV EMPAVELN TG
opaipog. Kabe aAAn ypapum mov cuvdéet o 600 antd
onpeia, TAVO GTNV EMPAVELN TNG GPOIPOAG EXEL LKOG
peyoATEPo amd avtd Tov T0Eov AB. ‘Eyovue Aoumdv
TIC TPOTAGELG:

* Am6 ka0e onpueio puog cpaipag S1EpyovTaL GmeL-
pot péYIeToL KOKAOL

*  AV0 TUYOVTES PEYIOTOL KUKAOL TEPVOVTUL GE HVO
OVTIOLONETPIKG onpueio.

° AVO pn ovVTIOONETPIKO onueia o€ pia cpaipa
opiovv éva péyroto kKHKAo.

Ovopdalovue yoviakij anoctacn 1| axoctacy LeTalDd
dvo onueiov A kot B pag opaipag to pikpodtepo and
Ta 000 T6E0 AB oL péyioTov KHKAov oV avTA opi-
Covv. Eivat 1o 1810 av opicovie TV amOGTACT OG TNV
emikevpn kvpty yovio AOB (6y.2), Tov opilovv Ta
dvo onpeia A kot B, pe to kévtpo O g coaipag. To

16&0 N M yovia pmopel va petpnBel oe opBEG, poipeg
axtivia. Eqv ta onpeio eivor avtidtopetpikd, tote o
dv0 16&0 ToL PEYIETOL KOKAOVL glvat ioa HETOED TOVG
Kot EMAEYOVULE €va amd To, GVO Y10, VO, LETPT)GOVLLE TNV
OmOGTUGT TOVG.

Ovopdlovpe ywvia 060 uépietwy KvKkimy 1 6iedpn
yovia Tov oynuotilovv ta enineda TV 600 KOKA®V.
Aéovag evig péyiotov KOKAOL Aéyetat 1 evbeio mov
etvat kGBetn 610 enimedo Tov KOKAOV, GTO KEVTPO TNG
ooaipag. ITédot evog KOKAOL A&yovTal Ta onpeio To-
NG Tov d&ova Tov KOKAoL pe ™ ceaipa. Ot Télot
elvot TPoPavAS OVTIOOUETPIKA onpeio TG SQAipas.
Otay avoeepOLOoTE GTOV TOAO EVOG LEYIGTOV KOKAOD
Oa evvooiie £vay amd Tovg 60 TOAOVG.

[ tov Tpocdioptopd g B€omg evog oneiov endvo
o1 6Qaipa, ypnoylonoteital o e&Ng GVGTN O oVaPO-
pac. Oswpodpe Eva PEYIoTo KOKAO, TOL TOV AELE 1oH-
HEPIVO, TOVG TAPAIANL00S LUKPOVG KOKAOLG KOl TOVG
m640vg Tov B ko N (0y.3). O évag morog Aéyetau fopet-
06 Kol 0 AAAOG voTiog. Ot P€Y1oTol KHKAOL IOV TEPVAVE
amd Tovg moAovs B ko N Aéyovton ueonuppivoi.

To onpueio Topng A tov oNUEPVOL LE Evay GUYKE-
Kplévo peonuPpvo Bempeitat apyn ToOV LETPHCEDV.

"Eva onpeio g opaipag M Bpicketat oty Topn evog

mTapoAiniov Kot evog peonpuppvon (oy.3). To t6&o I'M
amd TOV IGNUEPVO HEYPL TOV TOPAAANLO TOV onLEeiov
M Aéyeton wAdTog, eV T0 TOED EML TOL GNUEPVOD O
™V apyn A tov peonuPpvav péypt Tov peonuppvon
I'M tov onueiov M Aéyeton pajrog. To TAdtog maipvet
Tpég and —90° (votiog moéA0g) uéxpt +90° (Bdpetog
OAOG) eV T0o prKog +180° mpog tn pio Kortevbuvon
TOL tonuepvov Kot —180° pog v dAAn. To chotnpa
atd ypnoonoteiton ot F'ewypapio, v AcTpovoptio
Kot To. Mabnpatikd pe didpopa ovopata.

Mpotdaosis

* H yovia 600 péyiotov kKOKA®V 1600TOL pIE T1) YO-
Vio TOV EQUTTOREVOV TOV PEYIGTOV KOKAOV 6°
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éva onpeio Topng Kot £xel péTpo ico pe To T6Eo
TOV PEYLETOV KUKAOV OV £)E1 O TOLOVS TO. KO-
va onpueio TOV 890 KOKA®V (o).4).

* H yovia 000 péyietov KOKA®V 1600TOL PE TNV
amO6 TN TOV TOAW®V TOVG (0).4).

*  Avo péyretor KOKAot givan KGOETOL AV KoL LOVOV av
K00évag amd avTovg TEPLEYEL TOV TOLO TOV GAloV.

* Am6 Tov TOAo €EVOG PEYLOTOV KUKAOL GyovTol
arepa 160, KGOeTO 6TO PEYIOTO KVKAO.

3. ATPAKTOI KAl ONYXEZXZ
To pépog g emea-

VELOG TNG OQOipag TOV
mepLéyxetot peta&y dvo
NUTEPLPEPELDOV UEYL-

OT®V KUKA®OV AEYETOL
azrpaktos (oy.5). H yo-

vio TV NpureplpepeL-

oV Aéyetal ywvia Ttov
aTPOKTOV. LYaAIPIKOS

ovoyag MEyetal To PHEPOC I v T
TOL YKoV TNG GQAIPOG OV TEPIEYETAL LETAED TV dVO
NUKVKAIOV péylotewv KOKAwV. Baen tov opaipikot
Ovoya AEYETOL O ATPOKTOG TOL TEPLEXETOL LETAED TOV
NUIKVKM®V.

TI'wvia cpaipikod Gvoyo Aéyetot | yovia e faong
oV Hvuya.

Amodeicvoovtat ot NG TPOTAGELS:

* AVO0 GTpuKTOL, TNV 010 GQUipa, pe ioeg yovieg
givon icot.

* O Loy0g TOV ENPAd®OV V0 ATPAKTOV GTNV 1010,
GQUipO 160VTUL IE TO AOYO TOV YOVIAV TOVG.

4. YOAIPIKA TPITQNA

Zpaptko Tpiywvo AEYETAL TO LEPOG TNG GPAIPOG TO
omoio mepikheietat HeTaED TV TOEMV TPLOV HEYIOTOV
KOKA®V, pe TV Tpoimdbeon 0Tt Ta TOEN Elvart PiKpo-
TEPA OO MNUKVKALOL.

Hopaociyua B
To oyqpa ABI (o%.6)
etvar éva capikd tpi-
yovo. Ta onpeia Topng
TOV HEYIOTOV KOKA®V
A, B, T Aéyovtal Kopo-
& kat to t6&a AB, BT,
TA Aéyovton mievpég Tov B

oQapKoy Tprydvov. Ot L XNua6 |
yovieg Tov oynuatilovv ot TPELg HEYIOTOL KOKAOL avd
300 AéyovTtal pmvies TOV GEAPIKOD TPIYDVOL KOl TIG

N
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cupPorifovpe GUVMOMS e TO YPALOTO TOV KOPVPDV
A, B, I. Tic mhevpég tov Tpryd@vou tig ovpfolrilovpe
GLVNOOG e TO PIKPA YPALLOTO TOV OTEVOVTL KOPL-
oV, Nradn cvpporilovpe pe a, B, y Tig mievpéc B,
I'A, AB avrtictotyo.

[Ipénet va tovicovpe 6TL N YeopeTpio ot ogaipo dgv
emnpealetar omd TNV aKTivo TS, 010TL OAN TOL LETPOV-
peva peyéln, unkn TAELPOV Kol YOVIEG KOPLO®V, LE-
TPOVTOL e TOEN HUEYIOTOV KOKAMV Kot Oyl [e UK.
Eibn opaipikwv 1piy@vwv

"Eva opaipiko tpiyovo yapaktnpiletat avoldymg tov
TAELPDV 1 TOV YOVIOV TOV MG EENG:

WS MPOS TS YWVIES: | ws NPOs ts NAEUPES:
(novo)opBoymvio: (novo)opBomievpo:
pio yovia opon pio mhevpd opOn
oteopBoydvio: ote0p0omThevpo:
500 yovieg opbEg 500 TAeVPEG 0pBEC
TproopBoydvio: TproopBomievpo:
TPpElg Yovieg opBég TpELg TAEVPEG 0pOEC

1600KEAEG:

00 TAeVpEG loeg

w6omAevpo:

TPEIC TAELPEG 10€Eg

Oewpode MG POvAda PETPNGIS YOVIAV KO TAEL-
POV TNV 0pO1] YOViK KOl OC POVAdA PETPNONG TOV
ERPad@V avTé TOV TPLGOPHOYDOVIOV GPULPIKOD TPL-
y®OVov, dnrodn to RS o@aipag. Me avtég T1g po-
vadEC LETPTONG TPOKVTTOVV Ol AKOLOVOEG TPOTACELS:
* To gppadov evog aTpaKTOV LGOVTOL UE TO OUTAG-
610 T1|G YOVidg TOV.
Amoderén

Bewpovpe Tov drpaxto BOA, oy.5, pe yovia ¢ kot tov
opBoymvio dtpaxto BOT. O Adyog tv epPaddv Toug
glvat 61mg 0 AOYOG TV YOVIOV TOVG, dnAadn:

atp.BOA _ BOA _
atp.BOr  BOI ¢

(M

AMLG 0 drpaxtog BOI 1covton pe dvo tpicophoydvia
oQuIpIKd Tpiyva, enopévac, n oxéon (1) ypaoetat:
atp(BOA) = 2¢.

Zpaipikij vepoyj evog tprydvov ABT Aéyetan n duo-
eopé (A+B+T —2).

* To gupaddv evég c@a1plkoD TPLYAOVOL 160VTOL NE
T GQULPLKI] VITEPOYI] TOV TPLYDVOL.

Amoderén

O Grpaktoc mov oynuatiCet n yovio A tov Tprydvov



ABI, (0%.6), yopiletal and ™ BI' og dvo tpiyova,
EMOUEVMC, YO TO. EPPadE TOVG 1oy EL:

atp. A = gn.(ABI) + gp.(A'BT) )
Opowa:
otp. B =en.(ABT) + g (ABT) )

atp. I'=g1L(ABI) + g (ABI™) = gL(ABI) + gu(ABT) (3)
IIpocBétovrtag katd péAn €xovye:
otp. A + atp B+ atp I= nuoe AB + 2 ep.(ABID),

Kot EMEON N povdda etvar 1 opdn yovia, Eyovpe:

2A +2B+2I' =4+ 2eup.(ABT') = en.(ABIN) =
A+B+T-2.

Yg KGOg c@a1pkd TPiymvo 1oyvovv ot €€fg npoTa-

os1G:

* KGOg mAhevpa givor pkpoTEPT TOL 0.0pOicnaTOg
TOV 600 GALOV.

° 70 GOPOIGNE TOV TPLOV TAEVPAV givar LIKPOTEPO
TOV TEGGAPOV 0pOOV.

° 70 GOPOGHA TOV YOVIAV TOV EIvOL HEYUAVTEPO
TV 600 0pOAV.

* amévovTL AvVicoV TAEVPOV Bpiockovtal opoimg
avioES YOviec.

° av €ivol 1600KEAES £YEL TIS YOIViES TOV PpiokovTan
OTEVAVTL TOV i60V TAEVPOV iogc. Emiong, 1) o1d-
REGOG €IVl VYOS KOl d10TON0G.

° av givol I6OTAEVPO EIVOL KOL 16OV ADVIO.

* 10 KGOTO TOEH PEYIGTOV KOKAOV 6TA PEGA TOV
TAEVPOV TOV (LEGOKAOETOL), TEPVAVE 0O TO 1010
onpueio. To onpeio avTod WonmELEL 0O TIC KOPLPES
TOV TPLYOVOV.

* T0, TOEO PEYIGTOV KUKA®V TTOV SL(0TOPOVY TIG YO-
vigg €vOg 6P ALPLKOV TPLYMDVOV (O10TOpOL), TEPVA-
ve a6 1o 1010 onpeio. To onpueio avTé vWoamEYEL
oo TIG TAEVPEG TOL TPLYDVOV.

* 10 T6E0 pPéYI6TOV KUKAOV TOV TTEPVAVE 06 TIg
KOPLOES KO gival KAOETA 6TIS ATTEVOVTL TAEVPES
(0yn) mepvave oo To id10 onpeio.

° 10%V0VV To OeOPNNOTE TOV GUVIIULTOVOV KOL
nurévov:

ouvva = ouvf cuvy + uf nuy cuvA

npo _ MuB _ npy
nwA  nuB - nul

5. EDAPMOrEZ

H Zpopwcn I'eopetpio £xet epappoyés oty Actpovo-
pia, Navourhoio, Xaptoypapio Kot oALoD.

Ytv Actpovopia, epappoletal 6t HeAET TPOPANUA-
TOV TTOV eV LLOG EVOLAPEPEL 1] ATOGTACT] TOV OVPAVIDY
copdtov ond ™ I'n oA n B€om Tovg 6TOV OVPAVIO
0610 mov Bewpeital CEAPIKOS e KEVTPO TO KEVIPO
m¢ I'ne.

H I'n Bewpeitol katd Tpocéyylon cQoiptkn, ETOUE-
VOGS M COUPIKN YEOUETPIO EXEL EPAPHOYES KOl OTIG
EMOTNES OV oyeTilovTon pe To oyfua g I'me. Mia
amd avtéc etvon n Novomholo Kot ypnotpedet yio va,
yivovtat vroAoyiopol Topeiag.

Eivat yvootd amd v apyadmra 6Tt 1 ENQAVELD TG
opaipag dev givar duvatdv vo avartuydel oto eminedo.
Anhadn, dev pmopolLLEe VoL ovamTHEOLLLE T GPAIPO GTO
eMinedo OMWG KAVALLE [l TOV KOAVIPO KOl TOV KMOVO.
Edv mpocnabficoviie va KEVOLLLE 0DTO TO OVATTUYLLA,
0o toarakdcovple 1 o cKicovLE TNV EMLPAVELD TNG
opaipoc. Avtd copPaivel d10TL 1 GEaipa £xEl KOUTL-
AOTNTO TOV SLOPEPEL TOLOTIKG, ATTO VTNV TOV KVALV-
dpov 1 TOL KOVOL. AdY® 0TS TG 1O1OTNTOG O YAPTES
dev pmopet va etvan axpiPeic.

6. MAPATHPHZH

[Hapatnpodue 6TL 61N YeoueTpio TG GPAIPAS, TO
GBpolcHa TOV YOVIOV EVOG COALPIKOD TPLY®VOV E&i-
vat peyardtepo amd 6vo opbég, oe aviifeon pe v
Evkdeideio I'empetpia 6mov 10 AOpoispa TV YyOVIDY
€VOG TPLY®VOUL toovTat e dvo opBéc. H 1dotta avth
glvat 16odvvaun pe ™ un vVropén TapIAANA®V «Ev-
Oe1dvy, dNAadn kdOe 500 PEYIGTOL KOKAOL TEUVOVTOL.
H yeopetpio avt Aéyeton cpopikn | EAAewticn Te-
ouetpia.

Yrdpyovv eniong yeopetpieg otig onoieg to ABpoicua
TOV YOVIOV TOV TPIYOVOV TOVG Elval (UKPOTEPO Ao
Vo opBéc, mov givat 16odVVALLO e TV VTOPEN TOAADY
TapIAANA©V VOEIDV TOV GyovTol amd onpeio eKTOG
evbeiog. Ot yeopetpieg avtéc Aéyovtot Yepfolikég
T'eopetpiec.
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KE®AAAIO 7

§7.1-7.6

Aoknoeis Epnédwons

1. A=80°,B=60°1"=40°.

2. w=45°.

3. a=30cm,=20cm,y=15cm.

Anodeikukés AOKNOEIS

1. A=100°, B = 60°, I'=20°.

2. No Adafete voyn cag Tig 110-
TNTEG TOV AVOLOYLDV.

MA _ 3 MA _
MB 4 MA+MB
EIN
3+4

§7.7

Aoknoeis Epnédwons

1. Osdpnpo Oain.

2. 1) Oeopnuo Oain (ZINNAA),
il) ®sopnuo Oain (AA\\BZ
kot ABW\AH).

3. Oswpnua Gain (AB\\A kot
BEWATL).

4. Ozdpnua Oarn ko BM = M.

5. Apxel ?]i ﬁlz
6. AsziE=%.
7. Apxel 1\1\21?3 ﬁIF:
8. Apxel 7E gg
9. h=8m.

Anodsikukés AOKNOEIS

1. No e&etdoete 2 meputtdoets. To
I peta&d O xar B O kot A.

. X y o,
2. A R
prel ST TIPTE onov
[ avBaipeto TUNLOL.
AZ AH
3. Apxel 7B - HL"

4. Ozopnua Oarn (AZ\BI') kot
1O1OTNTEG OVOAOYLDV.
5. @zhpnua @oin (AEWBI).
6. 1) Apkei AK = 2MK.
ME MK

i) Apkel — EC - AK:
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AE  7ZI'

7. Apxel — AT - AT

ZuvOeta Ofpata
1. ®épovue AZ\\BI.
2. ®épovpe AE\\BT.

3. Osopnuo Oain (BEWOA kot
BZ\OA).

4. ®épovpe AHW\BZ. And Bempn-
po OaAr| TpokvmTEL OTL

AZ  k-A
Zr  a+1 KT Mr
5. No omodei&ete 611 — KB MA "

§7.8-7.9

Aoknoels Eunédwons

1. ®edpnua dryotdpov oto TPiy.
ABM o1 AMI

2. AE=AB+EB=....

3. Topammpnote 61t ME e£mtept-
K1 duyotdpog tov tpry. AMI.

AA AE

AB  El'"

5. @edpnpo d1xoTOUOL YiO TIG
AA, BE xan I'Z.

6. Amodei&te 611 BE d1yotopog
™m¢ BAT

7. Tlopotnpnote 611 O, OA diy0-
TouOL.

8. Eivair AB < AT ka1 BI' = 42m
(AA d1potoH0G TOV TPLYDVOL
ABI).

4. Apxel ——

Anobdeikukés AoKnhoEls

1. Hopatnpnote 611 OA eEmTept-
K1 diyyotdpog tov tpty. OBA.

2. Ozodpnuo Ooin (AANEM) kot
AA dyotdpog.

3. i) H BI é1ygotépog oto tpiy.

ABA ka1 BA = —
Bty
Al AK
i) Apkel —— A KM

iii) ITpokOmtet amod to ii).

4. Osdpnpa dSyoTOUOL KoL TPIY®-
VIKT ovicOTNTO.

5. 1) O@sdpnpua dryotdpov 61O TPi-
yovo OATL ko ®a ii) Opota.

ZUuvOeta Ofpata

1. Amodei&re 61t AK, AA d1y016-
pot oto tply. EAZ.

2. Oedpnpo dryotdépov. Ia to
avTiGTPOPO AV 1 SLYOTOHOG TNG
A tépver mv BA o10 E opkei
T'E dtyotopog mg I

3. ®époupe ) dryotopo MA tov
Tpty. AMB, mov tépvet tov K0-
K\o ot0 E.

4. Av n AZ tépver BTN oto K

HK _KI'

U,pKSl H A AL

5. H dyvootn kopoer avikel o€
gvbeia kot KOKAO.

Fevikés Aokhoels

1. No AdPete vadyn coag OtTl
KAWABWAE.

2. ®épovpe AX\\BI. Na Aapete
VTOY™N GG TNV WOLOTNTO TOL
Bapoukévipov.

3. 1) ®épovpe I'HWAB ii) Egop-
puélovpe to 1) yio to Tpiy. ABA
Kot v evbeio ZT.

4. Oehpnuo Oarr (AAWNBZ) ko
Syotépov (AZ dyotdpog).

5. Amodei&te 611 01 EM kot ZM
glvat dryotodpot.

6. 1) No ekQpAcEeTE TOL TULLOTO (G
ouvdptnon tov OA, OT, OA.
ii) Opota pe 10 1).

7. Avn BA tépver v AT oto Z,
10 Z mpocdiopiletat.

8. Avn mopdAinin and to A Tpog
mv Ox tépver v Oy 670 A,
10 A pocdiopiletat (Kot oTIg
TPEIS TEPIMTMOGELS).

9. ®épovlle TO OTOGTHLATO TOV
XOPOGDV.

10. No AdPete veoyn cag, 6TL TO
GOpotopa dVo avVTiIGTPOP®V Oe-
TIK®OV opOpdV givor peyolde-
po 1} ico Tov dvo.

KE®AAAIO 8

Aoknoels Eunédwons
1. Tapampnote 61t ABI" = AEIL
2. Tlopatmpriote 0Tt ABI' = AAE.



YMNMOAEIZTZTEIZX

TON AXIKHIEQN

3. To tpiyovo mov mpokintel &i-
Vot OLolo e To apylkd (TAgv-
PE£G AVALOYEQ).

4. Tlopoampnote 6Tt oynpotiCovron
dvo opoa ophoydvia tplymva.

5. Hopamnpnote 61t ABA =AAT
kot ABA =ABI.

6. Ilopoatmpnote 61t ABA = AET.

Anobdeikuikés AoKnoels

1. Moapatnphote 611 oynpotito-
vtat 3Ho opota opboymdvia Tpi-
YOV

2. Amodeitte 6T £xovV {oeC YoOVi-
€G KO 0VOAOYEG TAELPEG,.

3. Topoammpnote 6TtABA, =~ ABA,.

4. Tlapommpnote 601t HAE =~ HBA
kor HBZ = HET.

5. Hopatmpnote 6t MAZ =MA'Z'.

6. TMopoatmpnote 61t ABA = AAT.

ZuvOeta Ofpata

1. Dépte mapdAinieg doTE VoL On-
povpynBobdv 500 TopoAILO-
YPOLLLOL Kot dVO Tplymva.

2. Tapoatnpnote 1L oynuotieton
gyypayLo TeTpdmAgvpo.

3. Epappdote Bedpnpa diyo-
TOLOV KOl TAPATNPNOTE OTL
ABA~ AAT.

4. Amodei&te 011 AAB =~ AAT.

5. Tlapatnpnote 61t ABA = AET
kot ABE = BAE.

Fevikés Aokhoels

1. Hoponpnote 61t ABT = AT'T.

2. TMapommpnote 6Tt ABA =~ ABE,
AAT =~ AET.

3. Hoapatnpnote 611t BAE=IAZ,
ABE = AI'Z.

4. Xpnoyomomote 10 Bedpnua
®oAn oT1g Tapariniiec Tov
TPOKVTLTOVV and Ta KAOETQ
TUNRHOTAL.

5. 1) Xpnowonowmote v Epop-
poyn 4.
i1) ®e®PNOTE TO OVTIOIOUETPL-
K6 onpelo Tov M.

iii) Xpnoylonomote ta 1), ii).

6. ®awpﬁqts anAaio E g AT,
wote: EAI' = AAB.

KE®AAAIO 9

§9.1-9.2

Aoknoels Eunédwons

1. E¢oppoote to [TuBaydpeto Oe-
OPNHO. A

2. Topatmpnote 6t I'=30°.

3. No ovykpivetre To AA ko TA.

Anobeikukés AoKhoels

1. Egappoote to [Mubayodpeto Os-
OPNHO.

2. Hapatnpﬁcfs ()nA ATB =
AAB=1L.AIB=AAB=1L.

3. Eynpoatiote ™ BA ko gpya-

obeite ota tpiyova EBA kot
ETA.

4. 1) Xpnowomowjote 1o [Tubayo-
peo otot ABA kat A'B'A’.

5. Eoeoppodote 1o [Mubaydpeto Oc-
GOPNULO KOl TOPATNPNOTE OTL

Pp=v.
ZuvOeta Ofpata

1. Epyooteite ota piyova AAB
kot AAT.

2. 1) @sowpnote AALKB
i) XpnoylonomoTe 10 i).

3. Amodei&te 611 To ABKA givat
opBoymvio. ii) Epappoocte to
IMvBayopeto.

4. Xpnowomomote 0Tt |, = % .

5. @zwpnote 11¢ TpoPoréc tv I
kat A oty AB.

6. TTopatmpnote 6Tt AAB ~ ABT
kat AAT" = ABI.

§94
Aoknoels Eunédwons

1. E&etdote mowa glvon n peyadd-
TEpT YOVia.

2. Xpnowomomote v E@appo-
L

3. Eooappoocte 1o Bedpnpa o&etog
yoviog 1§ T0 VOLLO T®V GLVNLLL-
TOVOV.

4. Topamprote 6Tt A = 60°.
Anobeikukés AGKNOEIS
1. Egpapuodote yevikevpévo Ivba-

YOPELD G TPOG TN B.
(ITapatnprote OtL B > 90°).

2. Epyoaocbeite GtaArpjyu)va ATA
kot BAI' yie ig I, A.

3. Eoeoppoote to (?sdzpnpa o&elog
yoviag vy tig B, T'.

4. E@oppoyn Tov yEVIKELUEVOL
[MvBayopeiov.

5. ®épte kabeteg and ta A kot E
ot BT

6. XPNoOTOMOTE TNV TPLYOVIKI
aVIGOTNTO KOl VYMOOTE GTO TE-
TPAY®OVO.

LUvOeta Oépata

1. Xpnowonomote 61t A = 30°.

2. Epyacbeite oto tpiyova AMIT
kot BMA.

3. Xpnowomomote [TuBaydpeto.

§9.5

Aoknoeis Euynédwons

1. Xpnowonomote 1o kot 20 Oe-
apnuo Apécov.

2. Xpnowomomote to 1o Bempn-
po Alopécmv.

3. Xpnowomomote to 1o Bempn-
po Alopécmv.

4. Xpnoomomote Toug THTOVG
TV AlopEcOV.

Anobeikukés AoOKNoEls

1. Xpnopomomote YeEVIKELUEVO
[MvBayopelo Oesdpnio Kot T0
1o Bedpnua Alopéomv.

2. Xpnowonowmote 1o 2° Bempn-
po AlopEcmV.

3. 1) Xpnowonomote v TOUn
TV dlaymviov AL BA .
i) Xpnoonomote 1o i).

4. Xpnoponomote dadoykd To
lo Bedpnpa Aopécwy.

5. ®épte m didpeco AM.

6. Xpnowomnomote to 1o Bedpn-
po Alopécmv.

LUvOeta Ofpata

1. Dépte KoTdAnieg TopdAnieg
oo T0 LEGO LG TAEVLPAG.

2. Epyacbeite pe 1o péco tov MN.

3. Egappoote 1o lo Bemdpnpa
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Awpéowv ota tpiyova MAB
Kkor MTA.

Epappoote to 1o Osdpnpa Ato-
pécwv ota tpiyove MAT kot
MBA.

Epappoote to 1o Osdpnpa Ato-
péowv ota tpiyove PAT kot
TAA.

§9.7
Aoknoeis Epnédwons

1.
2.

YmoAoyicte 10 yivopevo AB-AT.

ITapatnpnote 611

BA AT’
ME = 5 ,NE = 5

Eopapupodote 10 Oemdpnua Te-
LLVOUCGV.
Epappodote 10 Bewpnua Te-
LLVOUGGV.

Anodeikukés Aoknoesls

1.

1) [TvBayodpero Oempnpo

i) @sdpnuo Tepvovcsmv.
Ocdpnpa d1yoTOHOV Kol Té-
LVOVGOG - EQATTOUEVC.

1) @sdpnua Tepvovomv,

ii) Epappoote 1o 1o Bedpnpua
Awpécwv.

opatnpnote 6Tt o INHM ei-
vat gyypayipo. 6mov H 1o on-
peto topng twv AB kot OM.
[Mopatmpnote 61t BAMH ¢gy-
Ypayo.

ZUuvOeta Ofpata

1.
2.

Iapatpnote 61t AET = AET.
Xpnotomotote to Bedpnpa
Aoécmv Kot VTOAOYIGTE TN L,
Xpnowonomote To Bedpnpa
Awpécwv.

Epappoote 1o Bewdpnua Te-
pvovodv yio tig BEA kot I'ZA.

Fevikés AoKNoOEls

1.

i) Epappoote to [Mubayopeio
ii) Me anaymyn og dromo.
Eopappodote 10 Bewpnua Te-
LVOuo®V Kot Opoto Tpiywval.
YroAoyiote 6AOVG TOLG OpOVG
®G GLVAPTNOTN TOV TAELPOV
TOV TPLYADVOV.
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BOewpnote TO VYOG KOl EPOP-
puoéote 10 Bedpnuo o&elog Kot
apPireiog yoviac.

i) ®@M=0/2, 6mov O Papike-
vtpo, ii) av BK vyog to AHKT
glvar eyypayyo.

Epappoote to yevikevpévo ITo-
Baydpeto Bedpnua kot To Oed-
pNuo AlOpECDV.

Epappodote 10 1o Bedpnpa
Awpéomv.

(AB” + AI”” = 4R’ = 5100gpd).
Amodeitre 61t 1oyvet To [Tuba-
vopeto oto tpiymvo EAH.

KE®AAAIO 10

§10.1-10.3
Aoknoels Eunédwons

1.

(ABIA) =161, (AAZ)= 4+/3 .
Av Z11AB t6te Z1 = 2 omo-
1€ (ABZ) = 41.1. = (AT'Z) o
(BZI) =8-44/3 .

Epappdote tov TOTTO

1
E=?a~ua.2mctétof

o) vy = 33 INTN

B) (ABT) =123 1yt

v) Bpiokovpe mpota to BI.
Av a, B ot dlactdoelg Tov op-
Boymviov, &ovpe: o+ B =7
kot o + 7 =25 kot TpoKvHTTEL
E=12t..

o) (ABI'A) = 50t.p.

B) (AEZB) = (EZTA) = 251..
®épovpe AHLBT xat Bpi-
okovpe 6Tt AI'=13, omdte t0
enpadov g Aopidag sivor
3-13=391.p.

Anobeikukés Aoknoeis

1.

Dépovpe AH, AZ 1 BT kon epop-
pélovpe tov tomo E = o
i) Epappoyn 3 §10.3.

ii) Eivat (ABA) = % (ABT) =
(BET) ko1 (AAT') = (BEI).

i) Epoppoocte v 9. 3 §10.3

8.

ota Tpiymva AI%}»F Ko ZIASF.

ii) Xpnowomomote to i). ['a
TO VITOAOLTO YPTCILOTOMOTE
méAL T0 1) Yo X = 0.

Dépovpe and o M mapdriinio
npog tn AL

Eniong and to M @épovyie ma-
paAAnio mpog Al

1) ®épovpe EHLAO ko epap-
pnoélovpe Bedpnpo o&eiag yovi-
ag oto Tpiyovo AE® «ot Bpi-
okovpe EO = V3

i) Alamotdvoupe 0Tt

EO®’ +AE’ =A@’

3

iii) (ABT) === w1 = (EA®)
ondte (BTZOEA) =5++/3.

Dépovpe BM, AALAT kon i-
vat (ABI'A) = (ABI) + (AT'A).
58m kot 76m.

LUuvOeta Oépata

1.

i) OI, AA Sidpeoor ota TOA,
AQT avtictoya

ii) (I®A) = 2(AAI)

iii) Xpnolpomomote 1o ii).
Al000y 1K1 EQAPLOYT TNG EQOP.
3¢ §10.3.

1) Amodei&te OT1

BAK + ABK = 90°

ii) A6 10 ABZ Bplokovpe
TpOTo AZ = So Kol 0KOAOV-

4(14
foc AK = 5o Eniong Bpi-

GKOLLE OTL AH:%\/ﬁ Kot
13
KH= 20“

iii) (AKHA) = %

i) Amo 10 O @épovpe kdbeteg
otig AB, T'A kot epappolovpe

2
o T.W.

rovn’ntoE:Eovv(1

i) Am6 to 1) givon

(ABI') — (OAB) = (OIA).

Av §,, 3, T0. UNKN TOV dlay®Vi-
wv, elvor o = " (8 +85) xat
GT1 GLVEXELD YPNCUYLOTO|OTE
my X +y > 2xy, x,yeR.
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§10.4

Aoknoels Epnédwons

1. No Bpeite 1o gufadov tov
(ABT') e tov Tomo tov ‘Hpova.

2. ®épovpe AZ||AB kot pe tov
tomo tov ‘Hpwva Bpickovpe
(AZI') = 84 t.u. ko av AHLBT
elvat AH = 12 ondte (ABI'A) =
216 t.p.

3. (ABIN)=7V3

24

4. ) E=24 ii)va=?
iii) E = 1p, omodte p = 2.

Anobeiktikés AGKNOEIS

1. Xpnopomolovpe Toug THTOVG

By=a-v,,E=—0a v, kot
2
g = By
4R -

2. 1) And ) dobBeica pe tHmMO
‘Hpova xataAnyoops otnv
o <P+ i) kon i) 6mg 10 ).

3. To tpiyova ABT ko1t A'B'T’
£€YOLV TOV 1010 TTEPLYEYPAUUEVO
KOKAO.

4. Me A <90° AH = 3 cuvA Kot
AZ =y ouVA omote. . ...
Opoto Yo A > 90°.

5. Xpnoomotovpe Tovg THTOVS

E=t~pKatE=5a~va.
LUvOeta Ofpata

1
1. i) Eivan

1
(OKM) ' (OKN)
__(OMN)
~ (OKM)(OKN)
ii) Ot evbeiegc BKB' kot 'K
€lval TEIVOVGEC TV TAEVPDOV
™me A omdte amd 10 i).....
2. (ABI)=(ABI,)+(AI'l,)—(BIL).
3. Hopatmpnote 611
(ABTA) = (ABA) + (BTA) xon

. . opy
E=—"—+.
epapudote TOV TOTO AR
§10.5
i ) E v,
1. Eeoppoyn tov tomov —,- =

omote (A'BT") =20 I.E.

2. (BMI') = 5t.p.

3. Osopnua III g §10.5. Eivan
(AAZ) = 10t.p.

4. Oeodpnua I g §10.5 ko etvon
(BEZI') = 481

5. E@oappoyn tov Bewpnpatoc 11T
§10.5.

Anodeikukés onr’loas .

1. i) Ta tplyova PBT kot ABT
&yovv kown Paon BI.

it) Epappolovpe 1o 1).
... PA AA-PA ~ PA
AN AA T AA

2. Ogodpnua I e §10.5.

3. Amodei&te mpmta 6TL
AOT +AOB =2 L.

4. Tpayte TNV am0delKTéN OF
LOpOT| avaAoyiag.

5. Eivat MAZ + BAA=2 L dpa
Oedpnua I §10.5.

6. Ozopnuo I §10.5.

ZuvOeta Ofparta

1. AOB +AOA=2 L ondte Oed-
pnua IIT §10.5.
i) Eivon (ABT') = (BAI)
i) AT\o
i) E=2E,+E, +E,,
x+y22\/x7, X,y = 0.
... . E (AEY

2. )ATAO i) fl = (BFJ

3. i) (AEZ) = (ABT') — (AZE) —
(BZA) — (ATE)
i) x+y22\/x7, x,y 0.

4. Av KM ka1 AN ot {ntovpeveg
evbeieg ta Tpiyova AKM kot
ABT &yovv xown yovia A. To

010 y1a ta tplyova AAN Kot
ABT.

§10.6

Aoknoels Eunédwons

1. H mkevpd x t0V TETPAYDVOL
ovorotel Ty X = ap.

2. Av x 1 mhevpd Tov {TodEVOL
TETPUYDVOL TOTE X =o'+ BZ.

3. TIpopinua 1 §10.6.

4. TIpopinpa 1 §10.6.

Fevikés Aokhoels

1. i) Ta tpiyova éxovv ica vy
Kot Vv 1610 Baon
iii) Epappoyn 3 §10.1.

2. 1) Xoykpion gppadov,
. , A 1
ii) Apxel 2ia < e

3. Bpeite pe dHo tpdmovg 10 Adyo
(ABA)

(ATA)

4. 1) Oedpnua III §10.5 i) ta tpi-
vyova BAE kot AET éyovv 1o
1610 vyoc and v kopven E,
iii) Ta tpiyova ABI" ka1t AET
&yovv ko t yovia I.

5. 1) AmAo, ii) Ta tpiyove ABT
kot AET éxovv ) yovia I xot-
v, 1ii) Ta tpiyova AEZ kot
AET glvan 6pota.

6. 1) Z’%n}»(), ii) MK éudpecog oto
AMA kot MA d1dpecog oto
BMT.

7. )Avd= % EKQPAoTE MG GV-
vaptnon tov d ta pfadd tov
TPLYOVOL Kol TV Tpaneliov
mov oymuotifovroal.

ii) To epPadov Tov Tprydvov
katl tov tpaneliov divovv 10
eupaddv tov (ABT).

8. Eivar (ABMZHA) = (ABIA) +
+ (AEZH) — (AEMT') = 54,

9. Eivar AT” — AB® = 17 ondte
AT =9 ko1 AB = 8, AB’ = 64,
AA’=100.

10. Ta tpiyova AAE, AZH ko
ABT egivat 6poto peta&d Toug
Kol Yph@ovpe To MUKOKALO
Swpétpov AT

11. i) Onwg doknon 1 (amodeikti-
kég) §10.5, ii) mpoxbvnTel 0md
70 1).

KE®AAAIO 11

§11.1-11.2

Aoknoeis Epnédwons
1. Eivou
05 =108°, ¢, = 120°,
©,0 = 144° ko @, = 150°,
w5 =72°, 0, = 60°, ®;, = 36°
Kot @, = 30°.
2. Toomno.
3. §1L.1.
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4. Avorte TG e&lodoELS.

5. Avote v avicoon ¢, < 90°
®G TTPOG V.

6. Oecopnuol §11.2.

7. i) AE=AT
ii) ZAE = ZAT + T'AE = 90°
iii) A&lomoote 10 1)

iv) ZEeKIVNOTE PE TNV OUO10-
mto Tev tptydvov ABT kat
BHI.

Anobeikukés AGKNOEIS

1. Eivar g, + ¢, + @, = 360°.

2. Amodeifte 0T £xel TAELPES K
yovieg loec.

3. Eooppoote 0 2° Becdpnpo So-
pécwv oto ABI.

4. AvAB= A, kot M 1o péco tov
AB 1o OAMB £yl k@Betec
Sdryoviovg.

5. To molbywva givar Opoto.

6. To molbywva givat 6pota.

LUvOeta Ofpata

1. Bpeite yio mowo v vapyet Oe-
TIKOGC 0KEPOLOG K TETOLOG MOTE
Ko, =360°.

2. AvAA,...A, 10 KOVOVIKO V-YO-
vo gtvo:.
(EAA) T (EAA) .+ (ZAA)
=(AA,... A).

3. Zvuykpivere ta tpiyova ATM
wkat ATA.

§11.3
Aoknoels Epnédwons
1. ES:ﬂRZ, E,=2R’,
5
B, = 3Re.

6
2. Eiva xvz =R, E, =150:/3cm’
(vV="6).
3. Eivaw a, =42, v=4
E, = 128cm’.
4. AB=1 =R, B[ =), =R\2

kth. (ABTA) = RTZ(z +3).

Anodeiktikés AOKNOEIS

1. To dBpoiocpa TV yovidY eivol
(2v-4) opbég, omdéte v=>6,R =2.
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2. To ABIA &ival icooke g Tpa-
nélo kot AB = &g, AT = A,
Al =BA=),.

3. Eopoppoyn 3 §11.3. Eivau:

A, =R 23 kat
o, = SRY2443 .
2

4. Av AB = A kar I' 10 péco
700 AB givat AT = A1, KO TO
OATIB éyet k60eteg droymvi-
ovg.

ZuvOeta Ofpata

1. Eogoppoote 1o 1o Oedpnpa At-
OUECOV.

2. YmoAoyiote o yvOpEVO
AB - AT.

3. Topatnpnote 6Tt Al =2R.

§11.4

Aoknoels Eunédwons

1. Epoapuoote tov 1Omo t0v p-
KOLG KOKAOV.

L =103cm.

{=ncm.

A

AB =), kau Bl =A,.
Anobeikukés AoKNOEIS

Al o

1. Av K to xévtpo 10V V-
kAov (K) mopatnpiote otu
AKA=2A0T.

2. Xy£ECELS OKTIVOV KOl Ol0KE-
VTPOUL.

3. Xpno1pomotoHie Toug THTOVS

E=1p, E= oby Kot Tov TOTo

tov Hpova.

ZuvOeta Ofpata

1. AvK, A 10 péoca tov OA, OB
avtiotorya kot (M, X) 0 kKOKAOG
OV EQATTETOL GTA TPLOL MLLLKD-
KA givor: OM =R —x,

R R

OK=7, KM:7+XKOHTO
OKM e&ivat opBoydvio ondte

X=—.
3
2. Topdpowa pe v 1. H axtiva
R
tov koK ov (K) glvar —.

4
3. 6,2+61+6m.

§11.6-11.8

Aoknoeis Epnédwons
R2
1. E=n -
2. R=12  E=l44ncm’.
. mo60 _ ma
B 180 37

E:%(n—\/g)ocz.

4. Tlopoépowa pe v epappoyn 1
§11.7.
5. H mepiperpog eivar R ko 10

R2
oSOV 7(2\/5 —n).

Anobsikukés AoKNnoels

) R
1. Bivat OB =30°, (o= =~

3

Iepipetpog = R(1+ 3+ g)
RZ

Eupadov = ?(3\/5 —7).

2. Apxkel va Bpodpe to epfaddv
€VOG amd Ta Un YPOULOGKLO-
Guréva LKTOYpapLa Tpiymval.
To {ntovpuevo guPadov sivar:

(X,2
Ez?(6+n—3\/§).

3. Av A, B elvar ta kowvé onpeio
tov kokAov (K, R) kot (A, R)
e 8=R~2 omodeitte mphra
ot1 o AKBA givat tetpdyovo.
4. E= % (AB>— AT’ —TB?),

AB=AT +IB.

5. Av (K, k) o gyyeyp. oTOV TO-
péa kokhog tote: OK =R —
KI' = k, 6mov KI'LOA «at

AOK =30°. Eivor k = %
TUvOeta Ofpata
1. i) ABI" =180° gpa AT = 2R.
iy (ABD) _ V3
E 2’
iii) To xKvKAKO TUqpO pE
xopdn v AB &xet epfadov

2
]1{—2 2n- 33 ) KOl TO KUKAMKO
Tunpa pe yopdn ™ BT éyet ep-
2
Badov %(411 -3J3).



EYKANEIAEIA

rrEQMETPIA

4.

To {ntoduevo euPadov givar
E=(n— )R

Bpiokovue tpmta 6t1

KAA = 120° (A xowé onpeio
TOV KOKA®V).

Eopappoyn 1 §11.7.

Fevikés AoKNoOEls

1.

i) To ToAOY@va glvar 6pota,
i) L= % nR.

o) Atapopd gppadmv dvo Kv-
KMK®OV topémv. B) Xpnoo-
TOLOVE KOL TNV ®, = ?

Amodei&te 0t T0 dBpotoHa TOV
YOVIOV TOV TOPE®V gival 4 op-
0éc.

. H axtiva tov kdbe kdKAov givor

% Kot To gnroﬁusvo euPodov

o
4-m -
i) p=102-+2).

H oaxtiva kabevog and tovg
T€60EPIG KOKAOVG gival

x =25(3-242).

T'ovia 600 tepvovo®v Tov KO-
KAov. Bpiokovue oy, = 12°.

i) AM? = AT - AA kat

A’ =AT - AB

ii) To tetaptokdKIl0 AM, 10V
KOKAOL e dudpetpo to AA

iii) To pnKog Tov draypaeope-
vou 0o etvar 5 mAB.

i) &, = (OAT) — (OAT),

&, = (OAB) — (OAB) ka1 n OA
givat 61dpecog Tov TpLrydVoL
ABI, ii) [Tapte kat évav G-
A0 EYYEYPOUUEVO KOKAO Kol
GLYKPIVETE TIG OKTIVES TOVG,
iii) o) Ot aKtiveg py, p, TOV HE-
YIOT@V EYYEYPOUULEVOV KOKA®DV
T KOKAMKG TUNHOTO YOPdDV
AT, AB avtictoyya sivot:

e vy _tp B
pl_z(R_z)’pZ_Z(R_z)
&R.

R
Bpy =y Ko py =

10.1) AmA6

i) Xpnowomomote 1o 1), iii) To
OBB'O’ givat mop/po, iv) Ipo-
ofétoupe Kot aparpodLe Stodo-
YIKA oo ToL PEAT TNG 1il) TaL EpL-
Badd Tov pikTOypapov TPLy.
ABT kot tov KokAKoD Tunpo-
10 Yopdng B’ avtictorya.

KE®AAAIO 12

§12.3
Aoknoels Eunédwons

1.

H Onrovpévn evbeia etvon 1 to-
i TV dVo emmEd®V oV opi-
Cel to onpueio O pe kabepia
anod TG acvpParteg evbeiec.
dépovuye TO TUYNO EMIMESO TTOV
meptéyel ) o gvbela ko té-
pvet tig dAieg 600 ota onpeio
A kot B avtictoyya. H gvbeia
AB glvar n {(ntodpevn.

To eminedo (A, €') tépuvel ToV
xokAo (K) og 600, éva 1 xa-
véva onpeio. Emopévog vmap-
yovv dvo, pia M kapio tétota
gvbeia.

Ta enimeda (M,X,X') kat
(M,Y,¥") éxovv V0 Kowvd on-
peta. To M kat to O. Apa 1
Ko evbeia etvar  MO.

Anobsikukés AOKNOEIS

1.

Tépvovpe to eninedo e To emi-
eSO TOL KUKAOV.
Xpnowonotovpue TG TPoTh-
o€lG: 1) Vo eminedo TEUVOVTOL
o€ gvbeia av &yovv éva Koo
onpeio kot ii) pio gvbeio mTov
€xel 000 onpeia g o€ eninedo
TOTE OVNKEL G AVTO.

Me anmoywyn o€ dromo.

H Intovpevn gvbeia opilertan
oo To. GTUElD TOUNG TMV €5 KoL
€, 1€ 1o eminedo (g, €,).

Av o1 gvbeleg Toung Tov evog
pe ta 600 aAAa Téuvovtat, To-
Te 0vTd elvor Koo onpelo Kot
TOV TPLOV emmédmv. Av gival
TopAAIAES, TOTE KOl 1 TpiTN
glvat TopaAANAN o€ QUTEC.

§12.4
Aoknoeis Eunédwons

1.

A7d 1o O @épovpe TIg Tapdr-
MAEG TOV 0CVOUPATOV Kot OVTEG
opilovv to {nrovpevo eninedo.
Tépvoope v gvbeia & pe to
eninedo 10 TaPAAANAO GTO T
7oV wepvdet and 10 A Kot evd-
voupe ot To onpeio pe to A.
Ddépovpe eninedo mapdiinio
0TO T OV TEUVEL TIG acLUPa-
1eG o€ dvo onueia. Avtd opi-
Couv pia amd Tig evbeieg mov
KOVOTIOL0UV TO TPOBANLLOL.
Tote 1 evbeia eivor TapaAinin
KoL ota 600 emimeda, d10TL givor
TapaAAAN Lo evBeia Tov Ko-
Bevoc.

ATOJEIKVVETAL LE OTOYOYY| GE
dtomo OtL 1 Kown gvbeia dev
pmopet va Tépver T1g € ko €.

dépovpe Toyaio emimedo amd
v & mov Téuvel To T Kot ypn-
GLLOTOLOVUE TOV 0PGRS TNG
napaiiniiog evbeiog Kot emt-
€SOV,

Dépovpe and to O gvbeia mo-
paAANAN otV €. KéBe eninedo
OV TEPLEYEL LTIV Kot Oyt TNV
€ etvot Avon tov TpofAanatoc.
dépovpe TV TAPGAANAN otV
Kotvn gvBeia TV 600 EMTTESMV.
To {ntovpevo eminedo opiletan
and 8o gvbeieg mopdrAinieg
OTIG OOGUEVES, OV EPYOVTAL
ar6 1o O. Av ot doopéveg givat
mopaAinieg, Bpickovue dvo
Tepvopeveg evbeieg Tov emmé-
S0V TOVG KOl OVAYOLOGTE GTHV
TPOTN TEPIMTOON.

10. Kotaokevalovpe to emime-

S(l (819 E.>1) Kot (823 &Z)a 6mov 51»
&,//e Tépvovceg TV €, Kal &,
avtioToy.

Anobeikukés AoKNOEIS

1.

Amodewviovpe 6Tt dV0 améva-
VTl TAELPEG TOV oyMpaTiiope-
VOV TETPUTAELPOL Elval TAPAL-
Meg ko {oeg.
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To enineda avTd TEPVAVE ATO
Vo mapdiinkeg evbeieg, dpan
Topn efvon mapdAinin ¢’ avtéc.
Kafiotovue ta tpunqpato avtd
Sary@viovg TapoAinhoypapLpon
KoL TPOKLTTEL TO {TOVLLEVO.
T'vetot ypnon tov opHov tov
Oewpnpatog Tov OoAn.

ZuvOeta Ofpata

1.

3.

Avd 600 ot mapaiinieg Thgv-
pEg TV Tprydvav opifouv tpia
enineda mov gite Ba TEUvVOVTOL
og éva onueio N Ba tépvovton
avd Vo og tpelg evbeieg ma-
paAInAeC.

To onpela A, B, xou I'; givon
onpeia g kowng evbeiog TV
300 eMMES®V TOV TPLYOVOV.
Avd 600 01 TAEVPEC TOV TPLYD-
vov opilovv tpio enineda mOL
mepvave omd to 1dto onpeio N
TEUVOVTAL VA dVO GE TPELG EV-
Oeleg mapaiinieg (TponyovpLe-
vn doknon).

Eivor evbeio mapddinin oty €.

§12.5
Aoknogis Eunédwons

1.

Ynrdpyet evbeia Tov T TOPAA-
AnAn oty .

Epappoyn tov Bempnpoatog
TOV TPLOV KAOETOV.

To Onrovpevo eminedo givat ov-
16 mov opiletar and pio evbeia
KoL TNV Kown KABETO ToLg,.
Eivorn gvbeia n mapdAinin ce
plo kabetn g €.

Anodeikukés AOKNOEIS

1.

Epappoyn tov fempnpotog
TOV TPLOV KAOETOV.
Epappoyn tov Bempnpotog
TOV TPLOV KOOETOV.
Epoappoyn tov i) Bewprpotog
TOV TPLOV KOOETMV.

il) To XI" kot XN etvon o vyn
Tov opfoydviov Tprydvev
YAM ko XAB, emopéveg 1oy0-
0LV 01 GY£CELG OVTEC.

iii) Ao T1g TponyoOUeEVES OYE-
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OE€1G Kat ETEWON €YOVV pio Kot-
V1| Yyovia, etvor Opota.

iv) Amé ta dpota tpiyova, emet-
oM to éva givor opBoymdvio Ba
glvat Kot to GAlro.

v) HZI eivar kBet omv I'N
kot opfoydvia oty AT

vi) Epappoyn tov Bsmprpotog
TOV POV KOOETOV ii).

vii) Eivai koo dopétpov Al
OTO EMIMEDO OV TEPVAEL OO TO
I' xon givon kGOeto oty XI.

§12.6

Aoknoels Eunédwons

1.

Eivain topn tov pecoxdfeton
EMUTESOV GTO TUNHO TOV Opi-
Covv to 600 onueia pe to do-
ouévo enimedo.

Eivor n topn tov pecoxddetov
emmédov oto AB pe v ev-
OeioL.

H {ntovpevn kébetn eivar n
gvbeio Tov T OV glvar kEOeTn
oTNV TPOPOAT TNG € GTO T.

O y.t. givat kKOK oG G emime-
d0 Kkébeto oV €, pe SLapeTpo
AB, 6mov B 1 mpofoin tov A
oTnV €.

O v.1. givot KOKAOG TOV T e
duapetpo OO’, dmov O’ ) wpo-
BoAn Tov O o710 .

O 7y.1. etvau m evBeia n kéOetn
oV € and 1o O', v Tpofoin
tov O oto 7.

O y.1. elvan 1 kaBetn evbeia
070 EMIMESO TOL TPLYDVOL, TOV
mePVAEL O TO TEPTKEVTPO.

O v.1. g¢lvon 10 xowvd onpeio
TOV LECOKADETMV EMTES®V GTA.
TupoTo wov opilovy ta TécoE-
po. doopéva onueio ova d0o.

O v.1. gival To eninedo T wo-
pAAANAQ GTO TT, GE OmOCTOON A,
Ketpeva exkatépwbev Tov .

10. Eivon to enimedo o mapdiinio

ot0 (A, B, I'), mov nepvdet amd
T0 M.

Anobsikukés AoKNoels

1.

O y.1. elvan 10 eminedo to o~
paAALo oTig dvo acvpuPorte,
OV Jlapel TNV 0mdoTOoT TOV
acOuPfotmv og Adyo A.
XPNGUYLOTOIOVLE TV TPOTYOV-
pevn doxnon. H intodpuevn ev-
Bela &5 opiletor mg N Tépvovoa
TOV 0V0 acVUPATOV €, KOL &,
oV TEPVEEL amd TO oNLElO TO-
WNG TG &5 L€ TO emimedo To To-
PAAANAO GTIC €, KO €, TO OTO10
x@pilel TNV andoTUCT TOVS GE
AOYO A.

To {nrodpevo onpueio eivon To
onpeio Topng TV dVo KHKA®MV
(A", p) xon (B, p), 6mov A’ ko
B’ o1 tpoforéc v A ko B 610
T KOl

p=+> —AA” xat

LUvOeta Ofpata

1.

O v.1. etvar KOKAOG TOL T pE Ké-
vtpo Vv mpofoin O’ tov pé-
oov O tov AB xat

[AB?
aKTivo p = 2 -00".

[TpoPaAirovpe 10 A 610 T KO
gvvoope v mpoPfoin A’ e
T0 KEVTPO TOL KOKAOL. Ta dxpa
g StopéTpov eivat ta (ntov-
Heva onpeio.

To eninedo opiletor amd o pé-
oov O tov AB kot v gubeia €.
O v.1. elvar eminedo kabeto
omv AB ot0 onpeio M’ yia
AZ

2AB’
omnov O 10 pécov Tov AB.

70 omoio woyvel OM' =

Ocopodue eminedo kabeto
otV I'A mov mepiéyet v AB
Kot ypnotponotovpe to [Tvba-
yopeto Oempnpa.

Egpappoyn mg doxnong 5.

Toa pecoxdBeta emineda ota
AB, AT, AA tépvovtat o€ éva
onpeio O mov aviKeL Kol GTO
pecokabeta enimeda TV vIO-
Aoimv.
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8.

To ctabepd onpieio givar o on-
peio Toung tov T pe v gubeia
& mov etvon kéBetn oto eminedo
(0, €) ot0 O.

§12.7
Aoknoeis Epnédwons

1.

Kdabg eninedo mov mepiéyet tnv
kG0t OO’ 610 eninedo m Ko~
vomotet To TpOPAN L.

O1 £5pec 6 KaL T TEPLEXOVY TNV
QKL € TOL vt KGOeT 6TO T
T'vetot xprion tov 7.1. 1) TOVL
pecokdbetov emnédov 61O
tunpo BT kot i) kOkhov pe
Kévipo 10 péco M tov BT ko
oxtivo 1o ed tov BT
Dépovpe amd To O gvbeia mo-
PAAANAN otV € Kot evOgia KA~
0etn 670 6. AVTéC 01 dVO EVbei-
&G opilovv 10 eninedo .

Amd tuyoio onpeio g € Pé-
povpe gvbeia kibetn oto . H
€ Kot 1 kéBetn opilovv to On-
TOVEVO ETinedO.

§12.8
Aoknoels Epnédwons

1.

Edv elm t6te kGOe eninedo
OV TEPLEYEL TNV T Elvan KGOe-
to. Edv 1 € elvou mAdylo oto T,
167TE TO EMinedo (&, ') eivor Kd-
010 GTO M, OTTOVL €' 1 TPOPOAN
G € GTO T.

E@oppoyn tov Ocwpnpotog
Tov @aAn oto eninedo mov
opilel n egvbeia pe v mpofo-
A .

E@appoyn g nponyodpevng
AoKNOoNG.

Ot mapdAiinieg evbeieg kot ot
mpofdAlovoeg dvo onpeio Tov
Bpiokovtat éva oty Kabepia,
opilovv eminedo mapaAinAa,
TIOL TEUVOLLEVD. 0O TPiTO divouy
Touéc evbeieg mapaiinies.

To (edyn TV amévavtt TAgv-
POV TPOoPAAlovTol ®G ToPGA-
Ankeg evbeiec.
Kartaokevalovpe oto eninedo

10.

™¢ mpofoing tpiyovo ABI"
ico pe o ABT ko ouykpivov-
pe autd pe v tpofoin ABT,
omov B n opOn yovia kot A, T’
ol TolElg TV TAEVPAOV TNG LLE
10 eminedo.

Am\ epappoyn tov [vbayod-
pelov BemPNLOTOG.

Amo oV 0piopld TOL CLUVNULTO-
VOU YoVviag EYovpe:

2

by

i) AB=

iii) AB = .

l\)‘»—‘l\)

Ddépovpe Vv k6O oTO EMI-
nedo T oto A, 1 omola poli pe
v ¢ opifovv eminedo, Tavw
070 0mO{0 KOTOOKEVALOVLE €V-
Ocia mov oynuatilel yovia 60°
HE TNV E.

Eopoppolovpue to Bedpnpo Tov
OoAn TG YE®UETPIOG TOL EML-
TESOV.

Anobeikukés AoKnoeis

1.

Xvykpivoope T1¢ yovieg mov
oynpatifouv n kabetn Kot M
TAGYLo LE TG TPOPOAEG TOVG.
[Mopatnpodpe 6t to emineda
oVTA £X0VV KOO TO EKKEVTPO
TOV TPLYOVOV.

To péco piag dtaymviov pe Tig
00 GAAEG KOPLPEG GLVIGTOVY
60GKEAEG Tpiy®Vo, Gpo 1) O1d-
pecog eivat kot vyoc. To id1o
KOLL Y100 TO HEGO TNG GAANG Ot0-
yoviov Kot TpokvITEL TO {N-
TOVUEVO.

Av I'" 1 tpoPoin tov I' ot0
mrtovpevo eninedo kat I'A to
Yyog Tov Tpry®vov ABT, 16-
1€ 10 Tpiyvo I'T'A givar opbo-
yovio oto I kot €xet dVo yvo-
otég mhigvpég v A kot v
I'"A épa katackevaletor.

Amd 10 onpeio topng I' Tov
tunpatoc AB pe to diyyotdpo
eninedo @épovyle eninedo Kd-
feto oV axp ™g d1€dpov
Kol Tpofdilovpe og 0VTO T
onpeia A ko B.

6. Av AA givar to Yyog oL TpLym-

vov ABT kot A’A to vyog Tov
A'BI Ba éyovpe 61t T0L gPadd
TV 300 TPIYOVOV givol OTmg o
AOYOG T®V VYOV TOVG. AALG TaL
vy gtvor yvootd.

levikés AOKNOEIS

1.

O y.1. givan ta eminedo mov dt-
XOTOUOVV TIG dVO TaPUTANP®-
patikég diedpeg yovieg mov
&yovv 1t yovia tov € Kot & og
avtictoyn enimedn.
Oempovpe TV opbn yovio tov
& ka1 €' (6mov &'//g), mov mpo-
BéAreTon 6TO AAAO £MiTESO G
opOn. Enedn n &' mpofdiietan
®G TOPIANAN 6TV €, N & Tpo-
Bairetar wg kGBetn oE QLTN.
O1 gvbeieg ot TapdAinies cto
T OV TEUVOLV TIG € Kot § £0VV
npoforéc 6to T gvbeieg mov
mEPVAVE amd TO0 LEGO TOV TUN-
patog mov opifovv ta iyvn TV
evbeldv € kat & Apa ot gvbeieg
OV GLVAVTOLV TIG € Kot & Té-
pvovtatl and v Kabet oto
eninedo 610 onpeio avTod.
[IpoBariovue Ta iyvn g Té-
Hvovcag oTig 000 £0pEC KoL
oV akun g 6iedpng kot
oynuatifovrat dvo Levyn icov
TPLYOVOV.

[pofdaiiovpe ta onpeia otig
£€0peg Kal TNV okun g ole-
dpng Kot TpokHITOLY dVO TPi-
yova iea.

Oewmpovpe 0Tl 0t TPoPoAég de
GUUTITTOVV KOl PN GLULOTOID-
vTag 10 Oedpnuo TOV TPLOV
Kkabétov 0dnyodooTte o€ drto-
0.

To péoa tov dtayaviov Al kot
BA 10V o1pefrol teTpOmAgd-
pov ABI'A mpofdiiovtot 6to
KEVTPO TOV TOPOUAANAOYPALLLLOV
Kot eEmopéEVMS avtd opilouv )
S1evbuvon TV TapIAMA®V.
Eopappodlovpe to Osdpnpa tov
Oain yo tao MM, NN’ kot tv
Kown k@Oeto TV acvpPotmyv.

193



EYKANEIAEIA

rEQMETPIA

KE®AAAIO 13

§13.1-4
Aoknoels Epnédwons

1.

To vyog eivan kGBeTO £V M 0K~
pn etvot mAdylo og TPog Ta. Emi-
neda ¢ Paong.

Ot kaBeteg Topég opbov mpi-
opatog Kot ot faoeig eivar ma-
pAAANAO oY ULOTAL.

Ot aKég evOG TPIoHOTOG Kot Ol
TPoPorég TOVG GTa EMIMED DL TV
Baoewv oynuatiCovv ica opbo-
YOV TPLy®VO.

E:a2(3+£} Vzﬁoﬁ
2 4

E, =33 (B j

3= p 2+U
E, :4p(p+\/§o)
E, :3p(2\)+\/§p)

33

V; =TPZU
V,=2p™, V, —¥p2o
Epappélovpe 1o Oesdpnpa

oV O0A Yo T eMineda TV
€0pmV, 610 0010, BpicKovTon Ta
GKPOL TOV TUNIOTOG KOl TO LE-
comaparinio eminedo G oTA.

7. E=60L2K0ua=6u.

8=429, E=832,V=1536
E =60’ = 3p° = 28°, dmov

o = axun, p = dwydviog fdong
Kat § = dary®viog KOBov.

10. Axpn o =5, dykog V = 150.
Anobeiktikés AoOKNOEIS

1.

SoumAnpdvovpe to Tpicpa 6e
mapoAInieninedo.
Exoppdalovpe to gpfaddv g
KGBeTNC TOUNG WG GLVAPTNON
NG OKTIVOG TOV EYYEYPULUUEVOD
KOKAOV Kol TNG TEPLUETPO.

O dykog mpiopatog ekppaleton
¢ yYvopevo pog kaBetng To-
pig eml TV ok Kot to eppoa-
d0V L v mepipeTpo g KéOe-
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™G TOUNG eml TV oK.
Kobiotodpe to gvbvypayipo tum-
po Stydvio og opboymvio 1o
POANAETITEDO LE TPELS OKUES
St Tov A ko tpetg dwo tov I,
KaBiotovpe to tpunpa AT do-
yovio ce opfoydvio Topar-
AnAeminedo Kot Tpofaiiovpe
OTLG TPELS £OPEG TOV TTOV TEP-
vave amd 1o A.

1) Zvykpivoope to opBoydvia
Tplyova oL £X0VV O TAEVPES
TN JYOVIO KoL TNV OKU TOV
KOPov, i) Yrohoyilovpe to Ao-
YO TNG VTOTEIVOLGAG TPOG TNV
TPOPOAT TNG AKUNG OE QUTHV.
Tépvovpe to Taparinieninedo
e to dlaydvio eminedo BB'A’A
KOl avVAYETOL GE YVOOTO TPO-
BANua TG yempeTpiog Tov emt-
TESOV.

ZuvOeta Ofpata

1.

[Hopatnpodpe 611 o1 TAeLPEG
TOV TPLY®VOVL givat dloydviot
TOV E0PAV.

H topn tov emmédov (A', B, A)
HE TN day®dVIo Elvat To KEVTPO
16OTAEVLPOV TPLYDOVOL KOl TO,
Yym oympoatifovv 11§ avtiotol-
YEG TV SESPWV.

To eninedo mov mepvael omd Ta
onpela K, A kat N tépvet tig
akpég I'A', A'A" xow AA' o¢
onueia Tov amodekvoovpe Ot
glval péca, omodTe oL TAEVPEG
OV oyMuoTCopEvoL eEaydvou
glvan ioeg. Emiong kot ot yovi-
G elvan {oec.

Eoappolovpe yvoot tpota-
oM ™G YEOUETPIOG TOV EMUTE-
d0V GVLUPMOVO, LLE TNV 0Toi0 TO
AOPOIGLA TOV TETPAYDVOV TOV
Sy oViev TapaAAnAoypaLon
1o0VTaL LE TO GOPOIoH TOV TE-
TPOYDOVOV TOV TECCHP®V TAEL-
POV TOV.

§13.5-9
Aoknoels Eunédwons

1.

To Hyog KavoVIKNG TUPAUIdAG,

) % (ii) 76.

TO OTOCTNLO KO TO HIGO NG
nAevpdg g Pdong oynuoti-
Covv opBoydvio tpiymvo. Emi-
o1NG, TO VYOG, TO ATOGTN LA TG
Béomng Kot to amdSTNHA TG TTL-
papidog cuvictovv emiong op-
Boydvio tpiywvo.

. H avtictoym g diedpng pe

£€0peg ) Paon Kot pio amd Tig
£0peg KavoviKng mopapidog
&xel avtiotoyn t yovia Tov
oynpatitovy 1o amdGTA TG
TOPOApidNG KoL TO ATOCTNHA
m¢ Paong.

. Egapuélovpe toug thmovg.
4. Am\ e@oppoy TOV TOT®V.
. E,=87.561 1.,

V =2.664.792 k..
3
E =7, v=Ft
’ J6

N

34/6.
73,
=—0av

V=
16
2
VLN ELEY
4\ 4

Anobeikukés AoKNoels
1. Zmpudpevotl 610 611 0 OYKOG

pog ropapidag dev aAAdlel av
1N KOPLOT| TNG TOPAISOG Kivn-
Oel og eminedo mapdAinio ot
Béon g, LeTakivovLE i KO-
PLOT| TOL TETPOUESPOV TOPAA-
AMAa og pio amévavtt akun
TOV TETPOEIPOV, DOTE VO YiVEL
onpeto g amévavtt £dpag Tov
TOPOAAAETITESOV.

. ITpoParlovpe 300 KOPLOEG

OTIC OMEVOVTL €0PEC KOL GTNV
axpn mov opilovv ot dAieg 600
KOpLOEG kat oynuotiovrot dvo
opota opboymvia Tplymva. ATo
TOVG AOYOVG TOV TAEVPDV TOVG
TPOKVTTEL TO {NTOVLLEVO.

. Osmpovpe g Bdon éva tpiyo-

VO TOV €YEL TN LETOKLVOVLEVN
ok og tAevpd. To epfadov



YNOAEIEXEIZX

TQN AZIKHIEQN

™¢ Baong eivatl otabepd 616-
Tt éyet otabepd pnKog Paong
«at vyoc. Emiong, To dyog g
mopapidog dev oAAalel S10TL N
amEVAVTL KOPLEN TPOPaAleTAL
og 6tabepo emimedo.
. Oewpovpe 10 MOYO TOVL €VOG
TETPAESPOV MG TTPOG €vo. fon-
OntiKd Tov £yovv Kovd VoG,
Kol To A0yo Tov BonOntikov
®G TPOG TOV OYKO TOL deVTE-
pov TOV €YoVV emioNg KOO
Vyog Kot moAhamAactalovtag
TIG 0Y€0€ELG TPOoKLTTEL TO {N-
TOVEVO.
. Epappolovpe v mponyoiye-
v doknon 600 QopEg Kat TPo-
KOTTEL TO {NTOVUEVO.
. Egappolovpe v doxnon 5.
. Yrmoloyiloupe T0 Vyog g Bd-
ong kol and avtd T0 ATdeTN-
po. Eredn n yovia ™g akpng
Kot Tov Vyovg tng Pdong &i-
val Thevpég opboydviov Tpt-
Y®VOV, vrohoyileTot To Vyog
Kot and ovtd 0 OyKog eival
5

V=—au.
12

ZUuvOeta Ofpata
1. Av AB eivown kaBetn oe enine-

d0, oto onueio B, mpofdAilov-
pe 116 kopveéc A xan I' 610 eni-
ed0 AVTO KoL TPOKHTTEL OTL O
aPYIKOG OYKOG TOL TETPAESPOV
1600101 LE TOV GYKO TOV TETPO-
£€3pOV OV £YEL KOPLPEG TaL A,
B ka1t ti¢ mpoPorég oto emine-
30 TV dVo dAl@V.

. H kdBetn topn evog mpiopatog,
and onueio M ecwoteptkd tov
npicUOTOG, TEPLEYEL TIG ATO-
otdoelg Tov M and tig £6peg
Kot oynpotifetal 1odémievpo
Tply®vo 610 omoio to Gbpot-
GO TV OTOCGTAGEMY TOV ON-
peiov M and tigc TAevpEG TOL
TpLy®voL givor otabepd.

. Ta péoa TpLdv axpdV ToL TEP-
vave amd Vv idto KOpuEN TOL
KVOBov, pali pe v Kopven

ovt oynpotiCovv éva teTpd-
€0p0, e aKUEC Paong loeg pe
70 H1od ™G doywviov TeTpa-
Y®OVOL TAeLPAS a. Y toAoyilov-
pe o byog g Baong, To eufa-
d6v ¢ Paomng, To VYog Tov Te-
TPOLESPOL KOl EV TELEL TOV OYKO
TOV, TO OKTOTTAAGLO TOV OTOI0V
apaipeital and tov GyKo Tov
KOPov.

§13.10 - 12
Aoknoels Eunédwons

1.

AT €QUpLOYN TOV TOTOV.

2. Eogappolovpe Toug TOTOLC.
3.
4. Ymohoyilovpe Tov OYKO KOAIV-

Eopoppoyn tov tomov.

dpov €VOG EKATOGTOD VYOLG,
Tov £yeL v idwa Paon.
E&iwodvovpe 1o gpfaddv mg
OAIKNG EMQAVELOG LE TO UPol-
d0V ToL KOKAOL OKTivog 4 Kot
vroloyilovpe ™V aKTiva TOL
KLATVOpOL.

Anodeikukés AoKNOEIS

1.

A6 oG TUTTOVG TOV OYKOV KO
oL eUPadov ™G OAMKNG EMPEL-
VELOG OTTOAEIPOVLE TNV OKTIVAL p.
Ymnoloyifovpe ToV 0YKO TOV
500 KVAIVOp®V Tov GynuoTi-
Covtat. ®¢tovpe X TV andoTo-
on tov M and to A Kot durho-
célovtag Tov OYKO TOL HIKPOL
KUAIVOpoL Bpickove Tov OYKO
TOV LLEYGAOV.

Yroloyilovpe tn dtapopd TV
300 KVAIVOp®V TOL GYNUOTI-
Covtal Kot TV TEPIGTPOON
oV opboymwviov Kot Bpickov-
pe tov (nrovpevo oyko. ABpoi-
Covpe ta gpPadd, Aappdvovtog
VILOYN TOGO TIG KLPTEG EMLPAL-
VELEG TOV dVO KLVAIVOp@V, 6GO
K0l TOVG dVO KVUKALKOVG S0KTL-
Aovg mov amotelovv Tig Phoelg
TOV KUAIVOpOV.

§13.13- 15
Aoknoels Eunédwons

1.

YmnoAioyilovpe N yevételpa

8.

TOL KOVOL amd To VYOS KoL TNV
axtiva Kot epapuodlove Tovg
TOHTOVG,.

ATOAEIQOVIE T YEVETELPOL LLE-
Ta&0 TOv TOTOV TNG KLPTNG
EMPAVELONG KO TNG GYECTG TOV
ovvdéel TV aKTiva, To VYog
KOl TNV oKUn Kot Tpocdlopi-
Covpe v axtiva ToL KOVOV.
Amd 10 opBoydvio Tpiywvo e
VTOTEIVOLGO TN YEVETELPO KO
KGOetn Thevpd TV axtivo Bpi-
GKOVUE TO VYOG TOV KMVOV.
Meté, pe epappoyn tov 10-
v, vroroyilovpe ta {ntov-
HEVaL.

Amd 10 0pboydVIO KoL IGOCKE-
Aég Tplywvo mov mopdyetatl o
KOVOG TPOKLITEL TO VYOS Kol
1 YEVETELPX TOL KOVOL. Mg av-
16 vroloyilovpe TOV OYKO Kol
TNV EMPAVELQL.

YroioyiCovpe TV akpun A kot
o711 GLVEKELX TO VYOGS L. Katd-
T ovTiKofietod e 6TOVG TH-
TOVG TOV GYKOL Kol TOL gpfo-
500.

Yroloyilovpe T0 A Kot PHETE TO
AOYO TV guPfaddv Tov sival

V5.

YnoloyiCovpe T0 AdYy0 TV dVO
EMPAVELDV ALPOV VTOAOYIGOL-
LE TNV OKUN 0td TO VYOG Kot
™V oKTiva.

AT\ €QopLoY TOV TOT®V.

Anobeikukés AoKNOEIS

1.

Xwpilovpe TOV KOVO L€ EMime-
do mapdarinio ot Pdon. Tote,
0 HIKPOG KAOVOG TOV OMOTEULVE-
Tan lvot To o ToLv apyLKoV.
O 6ykog mov TapAYETOL KOTA
TNV TEPLGTPOPN TOV TPLYDVOV
ABI 16obtat pe tov 6yKo Tov
AMK peiov oyk(I'AK) peiov
oyk.(BI'MII).

Av @épovpe 600 emineda mo-
paAAnia otn Pacmn mov va yo-
pifovv v KLPTN EMPAVELL
TOL KOVOV o€ tpia ioa pépm, o
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rrEQMETPIA

UIKPOC KOVOG OV O1LLovPYEi-

tat Ba givat to 3 oL apyLKoD.

Emiong o pikpdg kdvog pali pe
TO LEGOI0 KOAOVPO KMOVO OT0-
TELOVV TO. 3 TOL APYLKOL KO-
vov.

A\ €popoyn Tov THTov.
XPNOOTOOVUE TNV OLOLOTN-
T TV 600 TPLYOVEV.

XpnopomotoVLe Tovg THTOLG
TOL KOVOU.

§13.16 - 18
Aoknogis Eunédwons

1.

9.

H axtiva e opaipag, ) axtiva
TOVL KOKAOV TOUNG KOL 1] OO~
GT00T] TOV EMTESOL amd TO KE-
VIPO GLVIGTOLV 0pboydVIO TPi-
Y®VvO.

And 10 gufadov g Toung
voAoyifovpe TV oKTiva TNg
TOUNG KO GTN GLVEXELD LITO-
Aoyilovpe TV amdoTOoN O TOV
EMMESOL OO TO KEVTIPO.
YroAoyilovpe v aktiva Tov
KOKAOV TNG TOUNG Kot petd Bpi-
GKOVLLE TO EUPAdOV TNG.

H {nrodpevn axtiva givor vyog
opBoymviov Tpryd@vov mov opi-
Cetat and T0 KEVTPO NG G-
POG, TO PMOTEWVS onpeio kot Eva
onpeio ToL KOHKAOL.

AT\ gpoppoyn tov THTOV,
E =400m.

Av p ko p’ gfvan ot axtiveg TV
cOALPDV, 0 AOYOS TOV ETLPA-
VELDV TOVG EIVOL TO TETPAYMVO
TOV AOYOV TOV OKTIVAV TOVE.
Epappolovpe tov 1Omo tov
OyKov G cpaipag, V = 36m.
O AoY0g TV OYK®V dV0 GOUL-
pov gtval {cog e Tov KOBo Tov
AGYOV TOV OKTIVAV TOVG.

E=n(p’ - p”).

10. O cvvolikdg 6YKOG TOV GYNLLaL-

T0G amoTeAEiTAL ATO TOV OYKO
€vOG KUAVIPOL axtivag p Kot
VYOug p Kol TOV OYKO H10G
cpaipag axtivag p.
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Anobesiktukés AoKNoels
1. Ymoloyilovpe t0VG OYKOVLG

TOV TPLOV GTEPEDV ATO TOVG
TOTOVG KoL AOSEIKVOOVLE TIG
OYEGELG TOV TPOPANLOTOG.

. Av M tuy6v onpeio g to-

g ko K kot A tar kévpa, g
ooaipoag, To eninedo (K, A, M)
TEUVEL TIG COOIPEG KATA UEYL-
GTOVG KUKAOVG KOl TO TPiymVo
KAM éyet yvootd pnkn migov-
pov. Emopévog n mpofoin tov
M omyv KA eivat 6t00gp6 on-
peio Kot emeldn ot ceaipeg ei-
Vol GYLOTO €K TEPIGTPOPTG,
10 M gilvar onpeio KOKAOL.

. YmoAoyilovpe Tovg 6yKoug TV

TPLUOV GTEPEDV KOl TOIPVOVULE
T0Vg AOYOoVLg TOV KVLAIVOpOV
TPOG TN GPAipa KOl TOL KOVOL
TPOG TN GPaipa.

L0vOewa Ofpata
1. E&wodvovpe ta epfadd tov

dV0 emMPAvEID®V Kol BPioKOLLLE
071 T0 VYOG givat SuTAAGLo TG
axtivag.

. Av 9 gival n amdotacn g Pa-

oNG TOL KMVOL 1 TOL KVLALV-
dpov amd T0 KEVIPO TNG oPaii-
pag eKQPALOVILE TOVG OYKOVG
G€ GLVAPTNGT TOV & KOL pUn-
devifovtog TV Tapdy®yo ¢
pog O Ppilokovpe TOTE 0 HYKOG
yivetot pHéylotoc.

. O k0Pog éxet draydvio ion pe

) dibpetpo g opaipag. To
0KTAEdPO amoTerEiTAL 0O dVO
TETPAYOVIKEG TVPAUIOES, LE
Baoeig eyyeypappéveg og puéyt-
07O KOUKAO TNG GQAipag.

. Amo6 ta doopéva peyédn vmo-

AoyiCoupe Ta epPadd Kot Tovg
OYKOVG TOV GTEPEDV.

. Epappolovpe 1o Ocopnua I,

§13.18 yia tov vmoroyioud
TV TPV Oykov. H (ntovuevn
oYéoM amodekVHETOL ovTUkKaO1-
GTMOVTOG TOLG LTOAOYLGOEVTE
OYKOLG Kot TIG TPOPOAEG TV
KGOtV TAELPOV GTNV VTO-

telvovoa Katd o yvootd and
N YEOUETPIO TOV EMTESOV.

levikés AOKNOEIS

1.

2.

YynupatiCovpe to dBpoicpa
TOV TETPUYDOVOV TOV OTOCGTA-
GE®V TOL TVYaiov onpeiov M
amd TIC KOPVOEG TOL TETPOE-
dpov kot epapudlovpe to Og-
dpnuo TV SpEcmV 6T did-
Popa Tpiymva mov oynuotifo-
vrat. Katodyovpe og pio oyé-
o1 7oL TEPLEXEL aTadEPH TUN-
ot eKTog amod €val, To 0moio
otav undeviotei Kabiotd v
TOGOTNTO ELAYLOTY.

To eninedo mpénet va. Ppioketon
HeTAED TV 600 OmEVAVTL OK-
AV yloL Vo TEUVEL TIG VTTOLOL-
neg 1€00eptg. Ot TAgLPEG TOV
TETPATAELPOL TTOV Gy paTile-
To ad TNV ToUN Eivot ovd dvo
TOPAAANAEG OTIG OKUEG OTIG
omoieg eivat TopdAANAo TO Emi-
7€d0. Apo. TO TETPATAELPO &i-
VoL TOPUAANAOYPOLLLLO.

Amd v gvbeia € pépovyie emi-
med0 TapAAANA0 ot £ oL Té-
pvet v § ¢ éva onueio. Amo
avtd T0 onpeio PpEpovpe eni-
€GO TTOL Vo TEPLEYEL TNV & Kot
va givatl TapdAinio oty &,
OV TNV TEUVEL GE KATO10 GN-
peto kar and ovtd o onpeio
(PEPOVLLE EMIMEDO TTOV VL TEPL-
€xer ) { Ko vo gtvatl TopaiAn-
Ao oV &. Téhog, copumAnpd-
VOLUE TO TOPOAAAETTESO LLE
Ao Tpia emineda mopaAANA
G’ OVTE OV KATOUGKEVAGULLE.
YmnoAioyilovpe 10 AOYy0 TOV
OYK®OV T®V 0V0 TETPAESPOV
ota onoio ywpileTon T0 apyIKo
TETPAEOPO OO TO SLYOTOLO ETL-
7ed0 e dVO TPOTOVG Kol EIGM-
voupe to. amoteréopara. Katd
TOV TPAOTO TPOTO Hempovpe OTL
£yovv o¢ Bacelg Ta dvo Tplymva
ota omola ywpiletal pia £€dpa,
omdTE £Y0VV KOO VYOG X1
devtepn mepintoon exepdlov-
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TQN AIXZIKHIEQN

He Tov OyKo e Paoelg g £dpeg
7oL givarl ekatépmOEY TOL dyo-
TOHOL EMITESOV, OAAG Ko TAAL
£YOLV KOO VYOG,

Avd 600 ta Tpqpote 0Tl Ot-
yotopovvtal S1OTL £lvar dtorymd-
viot TapaAinioypappov. Emo-
LEVOG Ta TPl TUAHOTE SX0TO-
povvtal 6° éva onpeio.
Bewpovpe 600 amd Tig Stopé-
covg. Avtég givarl ocvvemine-
dgg d10TL aviiKoLV 6TO eminedo
OV TEPVAEL OO pio oK Ko
ond 10 LECO TNG AMEVOVTL OK-
ung. Emedn to kévipa Bapovg
TV £dpaV Y@pilovv TIc dtopé-

oovg o€ Adyo 1:2, 1 evbeio mov
ovvdéel T KEVTpa Papovg &i-
Vot TOPUAANAT GTNV ATEVAVTL
akun. Emopévemg, oto didpe-
oo enimedo oynuatifovral dvo
opota Tpiyva Ko oo TIG ovol-
Aoyieg Toug mpokvmTel 0 {Tov-
pevog Adyog.

Ocopodpe ™ dtdpeco NII
OV KelTOL 6TO dLAUECO emime-
50 ABN. H d1dpecog tépuvet )
ddpeco AA éote oe onueio
M'. Ano 1o I pépoupe gvbeia
TOpAAANAN ot didpeco AA
Ko oynpotifovron opota Tpi-
YOVO, TOV oo TIG AVAAOYiEg

TOV TAELPOV TOVG TPOKVTTEL
011 10 onueio M’ yopiler ) dt-
apeco oe Aoyo 3:1, dpa eivor
T0 GNUELO TOUNG TOV SPECHV.

Oewpovpe dVO aTd T TETPA-
€0pa. oL Ywpiletal To apyIKo.
Avtd €yovv kovn Bdon Kot
emedn Oa sivor wwodvvapa Bo
éyovv ioa Vym. Apa to onueio
M eivar og tétota Béon dote
va mepLEYEL P oK Kot vo
TEUVEL TNV OMEVAVTL GTO HEGO
™mG. AALG avtd cvpfaivet yo
k60 Levyog teTpaédpmv. Apa,
0 M givat to kévtpo Papovg
TOV TETPAESPOVL.
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EYPETHPIO OPQN

Ak SIEOPNG oo 135
AKUEC TOAVESPOL ... 147
AKPEC TPIEOPNG v 146
AKTIVIO .o 101
Axtiva QOoIpOG ..o 171
ApPreio d1EdpN oovvviii 137
Avdroya evBoypapio

TUAMOTOL oo 10
Avdamtoypo KoAMvOpou ... 165
AVOTTOY O KDVOV ... 168
AvémToypo Topopidog ... 158
Avantoypo Tpicpotog ... 151

Avrtictoyn eninedn diedpng .. 136
A6 ToAvEdpO (mohvedpo) .. 147

ATOAMOVIOE KOKAOG ... 23
AmOGTN O KOVOVIKOD

TOMOYDVOV ..o, 91
ATOGTNLO KOVOVIKNG

TOPOLIOOG oo 158
Andotoon acvpupatov

€VOEIDOV ... 132
Andotoon mapdArniov
EMTEODV ..o 132
Amndotaomn onpeiov amd

EMIMEDO ..o 132
ApUOVIKN TETPAODL ... 17
Apykd eminedo .................... 120
Aocvppateg evbeieg ............... 121
Aocvppetpa evdoypapo
TUAMOTOL e 29
B
Bdon koAMvopov ... 164
Bdon kdvov ... 167
Bdaoeig mpiopatog ................. 148
Béon mopopidog ... 156
r_______________
Ievételpa KOAMVIPOL ............ 164
[evételpa KOVOL .................. 167
Teopetpcdc HEGOG ..o 10
T'ovia dvo acvpfatov ......... 127
T'ovia 600 emmédwv ............. 136

T'ovia evbeiog kot emmédov .. 141

Awyovio eninedo

TOAVEDIPOV ..o 147
Aly®dV1ot TOAVESPOL ... 147
Awotdoelg opfoydviov
TOPOUAMAETITESOV ... 150
ATedpn YOVIOL ..o 135
Aiedpn yovio 600

TEUVOLEVAOV ETTEODV ........... 136

Atyotopo eninedo diedpng ... 141
Aryotopo neninedo

SLEOPNG oo 141
Avvoun onpeiov

G TPOG KOKAO ..o 61
E_
Edpeg 61edpng ..o 135
Edpec mOAESPOL ..o 147
Edpec tpledpng ...ccovvoovvee 146
Eppadov ..o, 70
EEAVTOC ..o 37

E&wtepikd onueio diedpng ... 136
E&mtepkd onpeio opaipag .. 172
Eninedo mpoPorng ................ 140
Ecmtepikd 6iedpng .....oovoe... 135
Ecwtepikd onpeio 6iedpng ... 135
Ecwtepkd onpeio opaipag .. 172
Evbsio kdOetn o€ eninedo ... 127
Evbeia mapdAinin

0€ EMIMEDO ..o 120
Evbeia mhayo og eninedo ..... 127

Epe&ng 01edpeg .ooovvvviein, 137
Hugy®dpog....eeeeeeeeeeeeeee, 120
Toodvvapa ... 71, 152
Ioookelng k6 ovpn

TOPOLEOOL ..o 161
"Ixvog evBelag o€ enimedo ...... 120

Koavovikd ToAdyovo ............... 90
Kavovikn mopopido .............. 158
Koavovikd tetpdedpo ............. 158
KdBeta emimeda ... 137

Ké0et evbela o eninedo ... 127
Ké0et Topn mpiopatog ....... 148

Kataxopoenv diedpeg .......... 136
Kevtpwn yovior .................... 124
KEvTpo oo 91
Kévtpo cpaipag ... 171
Kowoé pétpo evdoypappov
TUNHOTOV o 9
Koiovpn mopapida .............. 161
Kohovpog KOVOG ... 169
Kopoe1 ToAvédpov .............. 147
Kopven mopopidag ............... 157
Kopoen tpiedpng ....ocooovv... 146
Kvpog (kavovikd e&dedpo) ... 149
KokMKo TUqpo ... 104
Kokhkog 8ioKog ... 103
KokMKOG TOHEAG ... 103
KOMVOPOG ..o 164
Kvptn diedpn yovia ............. 135
Kvpto moAvEdpo ... 147
Kuptd mpiopor ..o 148
K®VOG oo 167
AOY0g evBvypapp@V

TUNUATOV i 9
AOYOC OUOOTNTOG ... 32
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